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≈ı˜·ÒÈÛÙflÂÚ

« ‰È·ÙÒÈ‚fi ·ıÙfi ÔÎÔÍÎÁÒ˛ËÁÍÂ Í‹Ù˘ ·¸ ÙÁÌ Í·ËÔ‰fi„ÁÛÁ Í·È ÂÔÙÂfl· ÙÔı

Û˝Ï‚ÔıÎÔı Í·ËÁ„ÁÙfi ÏÔı, Í. ”Ù›ÎÈÔı œÒˆ·ÌÔı‰‹ÍÁ, ÏÂ ÙÔÌ ÔÔflÔ Âfl˜· Ïfl· ÂÓ·ÈÒÂÙÈÍfi

ÛıÌÂÒ„·Ûfl· ÛÂ ¸ÎÁ ÙÁÌ ‰È‹ÒÍÂÈ· Ù˘Ì ÛÔı‰˛Ì ÏÔı. »· fiËÂÎ· Ì· ÙÔÌ Âı˜·ÒÈÛÙfiÛ˘ ËÂÒÏ‹

„È· ÙÁÌ ‚ÔfiËÂÈ‹ ÙÔı ÛÙÔ ÂÈÛÙÁÏÔÌÈÍ¸ ÂflÂ‰Ô, ÙÁÌ ıÔÛÙfiÒÈÓÁ Í·È ÙÁÌ ÂÏÈÛÙÔÛ˝ÌÁ ÙÔı

ÒÔÚ ÙÔ Ò¸Û˘¸ ÏÔı, Í·Ë˛Ú Í·È „È· ÙÁÌ ‹ÌÙ· ‹¯Ô„Á ÛıÏÂÒÈˆÔÒ‹ ÙÔı ÛÙÔ ÂflÂ‰Ô Ù˘Ì

ÒÔÛ˘ÈÍ˛Ì, ·ÌËÒ˛ÈÌ˘Ì Û˜›ÛÂ˘Ì.

¡ÈÛË‹ÌÔÏ·È ÂflÛÁÚ ÙÁÌ ·Ì‹„ÍÁ Ì· Âı˜·ÒÈÛÙfiÛ˘ ËÂÒÏ‹ ÙÔÌ Í·ËÁ„ÁÙfi ÙÔı

–·ÌÂÈÛÙÁÏflÔı ÙÔı Maryland Í. √È‹ÌÌÁ ¡ÎÔflÏÔÌÔ Í·È ÙÁÌ ÂÒÂıÌfiÙÒÈ· ÙÔı fl‰ÈÔı

·ÌÂÈÛÙÁÏflÔı Í. Cornelia Ferm�uller ÏÂ ÙÔıÚ ÔÔflÔıÚ Âfl˜· ÂÓ·ÈÒÂÙÈÍ‹ ÂÌ‰È·ˆ›ÒÔıÛÂÚ

ÛıÊÁÙfiÛÂÈÚ „È· ÙÁÌ ≈ÌÂÒ„¸ Í·È ‘ÂÎÂÔÎÔ„ÈÍfi ºÒ·ÛÁ (active and purposive vision) Í·Ë˛Ú

ÂflÛÁÚ Í·È È¸ Ûı„ÍÂÍÒÈÏ›Ì·, „È· ÙÔ Ò¸‚ÎÁÏ· ÙÁÚ ·Ìfl˜ÌÂıÛÁÚ ·ÌÂÓ‹ÒÙÁÙÁÚ ÙÒÈÛ‰È‹ÛÙ·ÙÁÚ

ÍflÌÁÛÁÚ. ”fl„ÔıÒ·, Á Â·ˆfi Ï·Êfl ÙÔıÚ ÏÔı ›‰˘ÛÂ ÔÎÎ‹ Í·È È‰È·flÙÂÒ· ˜ÒfiÛÈÏ· Ï·ËfiÏ·Ù·.

»· fiËÂÎ· ÂflÛÁÚ Ì· Âı˜·ÒÈÛÙfiÛ˘ Ù· Ï›ÎÁ ÙÁÚ ÂÓÂÙ·ÛÙÈÍfiÚ ÂÈÙÒÔfiÚ ÙÁÚ ‰È·ÙÒÈ‚fiÚ ÏÔı,

ÙÔıÚ ÍıÒflÔıÚ √È‹ÌÌÁ –··‰‹ÍÁ (Í·ËÁ„ÁÙfi ÙÔı Ã·ËÁÏ·ÙÈÍÔ˝ ‘ÏfiÏ·ÙÔÚ Í·È  ÔÛÏfiÙÔÒ·

ÙÁÚ ”˜ÔÎfiÚ »ÂÙÈÍ˛Ì ≈ÈÛÙÁÏ˛Ì ÙÔı –·ÌÂÈÛÙÁÏflÔı  ÒfiÙÁÚ), √È‹ÌÌÁ –flÙ· (Í·ËÁ„ÁÙfi

ÙÔı ‘ÏfiÏ·ÙÔÚ –ÎÁÒÔˆÔÒÈÍfiÚ ÙÔı ¡ÒÈÛÙÔÙ›ÎÂÈÔı –·ÌÂÈÛÙÁÏflÔı »ÂÛÛ·ÎÔÌflÍÁÚ), ”Ù›ˆ·ÌÔ

 ¸ÎÎÈ· (·Ì·ÎÁÒ˘Ùfi Í·ËÁ„ÁÙfi ÙÔı ‘ÏfiÏ·ÙÔÚ «ÎÂÍÙÒÔÎ¸„˘Ì ÃÁ˜·ÌÈÍ˛Ì ÙÔı ÃÂÙÛ¸‚ÂÈÔı

–ÔÎıÙÂ˜ÌÂflÔı), ◊ÒfiÛÙÔ ÕÈÍÔÎ‹Ôı (·Ì·ÎÁÒ˘Ùfi Í·ËÁ„ÁÙfi ÙÔı ‘ÏfiÏ·ÙÔÚ ≈ÈÛÙfiÏÁÚ

’ÔÎÔ„ÈÛÙ˛Ì ÙÔı –·ÌÂÈÛÙÁÏflÔı  ÒfiÙÁÚ), √È˛Ò„Ô ‘ÊÈÒflÙ· (·Ì·ÎÁÒ˘Ùfi Í·ËÁ„ÁÙfi ÙÔı

‘ÏfiÏ·ÙÔÚ ≈ÈÛÙfiÏÁÚ ’ÔÎÔ„ÈÛÙ˛Ì ÙÔı –·ÌÂÈÛÙÁÏflÔı  ÒfiÙÁÚ) Í·È –‹ÌÔ ‘Ò·˜·ÌÈ‹

(ÂflÍÔıÒÔ Í·ËÁ„ÁÙfi ÙÔı ‘ÏfiÏ·ÙÔÚ ≈ÈÛÙfiÏÁÚ ’ÔÎÔ„ÈÛÙ˛Ì ÙÔı –·ÌÂÈÛÙÁÏflÔı  ÒfiÙÁÚ).

»· fiËÂÎ· Ì· ÛÙ·Ë˛ È‰È·flÙÂÒ· ÛÙÔÌ –‹ÌÔ ‘Ò·˜·ÌÈ‹ Ô ÔÔflÔÚ Í·Ù‹ ÙÁÌ ‰È‹ÒÍÂÈ· Ù˘Ì

ÙÂÎÂıÙ·fl˘Ì Í·È ÍÒÈÛÈÏ¸ÙÂÒ˘Ì ˜Ò¸Ì˘Ì ıfiÒÓÂ ‹ÌÙ· ÂÓ·ÈÒÂÙÈÍ‹ Ò¸ËıÏÔÚ Ì· ·ÍÔ˝ÛÂÈ, Ì·



ÛıÊÁÙfiÛÂÈ Í·È Ì· ÏÂ ‚ÔÁËfiÛÂÈ ÛÂ ¸ÎÂÚ ÙÈÚ ÒÔÛ‹ËÂÈ›Ú ÏÔı. »· fiËÂÎ· ÂflÛÁÚ ËÂÒÏ‹

Ì· Âı˜·ÒÈÛÙfiÛ˘ ÙÔÌ Í. √È˛Ò„Ô ‘ÊÈÒflÙ· ÛÙÔÌ ÔÔflÔ ÔˆÂflÎ˘ ÙÁÌ ·Ò˜ÈÍfi ÏÔı Â·ˆfi ÏÂ

Ù· ÛÙ·ÙÈÛÙÈÍ‹ ÂÒ„·ÎÂfl· Ôı ÂÍÙÂÌ˛Ú ˜ÒÁÛÈÏÔÔflÁÛ· ÛÙÁÌ ÂÒ„·Ûfl· ÏÔı. …‰È·flÙÂÒ· ÙÔÌ

Âı˜·ÒÈÛÙ˛ Í·È „È· Ù· ˜ÒfiÛÈÏ· Û˜¸ÎÈ‹ ÙÔı ÛÙÔ ÙÂÎÈÍ¸ ÍÂflÏÂÌÔ ÙÁÚ ‰È·ÙÒÈ‚fiÚ.

…‰È·flÙÂÒÁ ÏÌÂfl· ·ÓflÊÂÈ ÛÙÔÌ ÛıÌ‹‰ÂÎˆÔ ÏÔı, Ã·Ì¸ÎÁ ÀÔıÒ‹ÍÁ ÏÂ ÙÔÌ

ÔÔflÔ ÏÔÈÒ·ÛÙfiÍ·ÏÂ ·Ù›ÎÂÈ˘ÙÂÚ ˛ÒÂÚ ÛıÊÁÙfiÛÂ˘Ì, ÂÈÒ·Ï‹Ù˘Ì, ÂÌËÔıÛÈ·ÛÏÔ˝ Í·È

·Ô„ÔÁÙÂ˝ÛÂ˘Ì. »Â˘Ò˛ ÙÔÌ Â·ıÙ¸ ÏÔı Ò·„Ï·ÙÈÍ‹ Ùı˜ÂÒ¸ Ôı ÛÂ ›Ì· Ù¸ÛÔ ÂÓ·ÈÒÂÙÈÍ¸

ÛıÌÂÒ„‹ÙÁ ‚ÒfiÍ· ›Ì· Ù¸ÛÔ Û‹ÌÈÔ ˆflÎÔ. ‘Ôı Â˝˜ÔÏ·È ÔÎ¸¯ı˜· ¸,ÙÈ ÂÈËıÏÂfl.

« ÂÒ„·Ûfl· ·ıÙfi ÔÎÔÍÎÁÒ˛ËÁÍÂ ÛÙÔ ‘ÏfiÏ· ≈ÈÛÙfiÏÁÚ ’ÔÎÔ„ÈÛÙ˛Ì ÙÔı

–·ÌÂÈÛÙÁÏflÔı  ÒfiÙÁÚ Í·È ÛÙÔ …ÌÛÙÈÙÔ˝ÙÔ –ÎÁÒÔˆÔÒÈÍfiÚ ÙÔı …‰Ò˝Ï·ÙÔÚ ‘Â˜ÌÔÎÔ„fl·Ú

Í·È ∏ÒÂıÌ·Ú. »· fiËÂÎ· Ì· Âı˜·ÒÈÛÙfiÛ˘ ËÂÒÏ‹ ¸ÎÔıÚ ÙÔıÚ ˆflÎÔıÚ Í·È ÛıÌÂÒ„‹ÙÂÚ ÛÂ

·ıÙ‹ Ù· È‰Ò˝Ï·Ù· Ôı Ô Í·Ë›Ì·Ú ÏÂ ÙÔÌ ÙÒ¸Ô ÙÔı ÛıÌ›‚·ÎÂ ÛÙÁÌ Ò·„Ï·ÙÔÔflÁÛÁ ·ıÙfiÚ

ÙÁÚ ÂÒ„·Ûfl·Ú. ¡ÔˆÂ˝„˘ Ì· ÙÔıÚ ·Ì·ˆ›Ò˘ ÔÌÔÏ·ÛÙÈÍ‹ „È·Ùfl ÏÈ· Ù›ÙÔÈ· ÒÔÛ‹ËÂÈ·

Ë· fiÙ·Ì ÂÍ Ù˘Ì Ò·„Ï‹Ù˘Ì ÂÎÎÂÈfiÚ Í·È ÂÔÏ›Ì˘Ú Í·È ‹‰ÈÍÁ. »· fiËÂÎ· ¸Ï˘Ú Ì·

ÛÙ·Ë˛ ÛÙÔıÚ ·ÌËÒ˛ÔıÚ Ù˘Ì „Ò·ÏÏ·ÙÂÈ˛Ì Ù˘Ì ‰˝Ô È‰ÒıÏ‹Ù˘Ì, ÙÁÌ —›Ì·  ·Î·˙ÙÊ‹ÍÁ Í·È

Ã·Òfl· ”Ù·ıÒ·Í‹ÍÁ (‘ÏfiÏ· ≈ÈÛÙfiÏÁÚ ’ÔÎÔ„ÈÛÙ˛Ì, –·ÌÂÈÛÙfiÏÈÔ  ÒfiÙÁÚ) Í·È √È‹ÌÌÁ

 ·Î·˙ÙÊ‹ÍÁ, Ã·Òfl· –ÒÂ‚ÂÎÈ·Ì‹ÍÁ Í·È ÀÈ‹Ì·  Âˆ·Î‹ÍÁ (…ÌÛÙÈÙÔ˝ÙÔ –ÎÁÒÔˆÔÒÈÍfiÚ), ¸˜È

Ï¸ÌÔ „È·Ùfl ÏÔı Ò¸ÛˆÂÒ·Ì ÙÁÌ ‚ÔfiËÂÈ‹ ÙÔıÚ ¸ÔÙÂ ÙÁÌ ˜ÒÂÈ‹ÛÙÁÍ· ·ÎÎ‹ Í·È „È·Ùfl ÙÔ ›Í·Ì·Ì

‹ÌÙ· ÏÂ È‰È·flÙÂÒÁ ÒÔËıÏfl·. »›Î˘ ÂflÛÁÚ Ì· Âı˜·ÒÈÛÙfiÛ˘ Ù· fl‰È· Ù· È‰Ò˝Ï·Ù· „È· ÙÁÌ

·Ò˘„fi ÙÔıÚ ÛÂ ¸ÎÁ ÙÁÌ ‰È‹ÒÍÂÈ· Ù˘Ì ÛÔı‰˛Ì ÏÔı. …‰È·flÙÂÒ· Ë· fiËÂÎ· Ì· Âı˜·ÒÈÛÙfiÛ˘ ÙÔ

…ÌÛÙÈÙÔ˝ÙÔ –ÎÁÒÔˆÔÒÈÍfiÚ „È· ÙÁÌ ÔÈÍÔÌÔÏÈÍfi ıÔÛÙfiÒÈÓÁ Í·È ÙÁÌ ıÎÈÍÔÙÂ˜ÌÈÍfi ıÔ‰ÔÏfi

Ôı ÏÔı ÒÔÛ›ˆÂÒÂ. –Ò›ÂÈ Ì· ÙÔÌflÛ˘ ¸ÙÈ Á Ò·„Ï·ÙÔÔflÁÛÁ ·ıÙfiÚ ÙÁÚ ‰ÔıÎÂÈ‹Ú ··flÙÁÛÂ

›Ò· ·¸ ÙÁ ËÂ˘ÒÁÙÈÍfi ÏÂÎ›ÙÁ, ÂÈÒ·Ï·ÙÈÛÏ¸ ÏÂ ÂÓÂÈ‰ÈÍÂıÏ›ÌÂÚ ‰È·Ù‹ÓÂÈÚ (robot, Û˝ÛÙÁÏ·

ÂÌÂÒ„Ô˝Ú ¸Ò·ÛÁÚ) ÙÈÚ ÔÔflÂÚ ‰È›ËÂÛÂ ÙÔ …‰ÒıÏ· ‘Â˜ÌÔÎÔ„fl·Ú Í·È ≈ÒÂıÌ·Ú.

»ÂÒÏ‹ Ë· fiËÂÎ· Ì· Âı˜·ÒÈÛÙfiÛ˘ Í·È ÙÔıÚ ÒÔÛ˘ÈÍÔ˝Ú ÏÔı ˆflÎÔıÚ Í·È „Ì˘ÛÙÔ˝Ú ÔÈ

ÔÔflÔÈ ÛıÌ›‚·Î·Ì ˛ÛÙÂ Á ·Ò·ÏÔÌfi ÏÔı ÛÙÔ «Ò‹ÍÎÂÈÔ  ÒfiÙÁÚ ¸Î· ·ıÙ‹ Ù· ˜Ò¸ÌÈ· Ì·



ÂflÌ·È Ò·„Ï·ÙÈÍ‹ ·Ó›˜·ÛÙÁ. ≈˝˜ÔÏ·È Í·È ÂÎflÊ˘ Ì· ÏÁÌ ˜·ËÔ˝ÏÂ.

‘ÁÌ Âı„Ì˘ÏÔÛ˝ÌÁ ÏÔı Ë· fiËÂÎ· ÂflÛÁÚ Ì· ÂÍˆÒ‹Û˘ ÒÔÚ ÙÔıÚ „ÔÌÂflÚ ÏÔı ¡Ì‹Ò„ıÒÔ

Í·È Ã·Òfl· ·ÎÎ‹ Í·È ÒÔÚ ÙÔÌ ·‰ÂÒˆ¸ ÏÔı √È˛Ò„Ô.  ·È ÔÈ ÙÒÂÈÚ ÙÔıÚ ÛÙfiÒÈÓ·Ì ‹ÌÙÔÙÂ ÙÈÚ

ÂÈÎÔ„›Ú ÏÔı, Ù¸Ì˘Ì·Ì ÙÔÌ ÂÌËÔıÛÈ·ÛÏ¸ ÏÔı ÛÙÈÚ Âı˜‹ÒÈÛÙÂÚ ÛÙÈ„Ï›Ú Í·È ÏÂÙÒfl·Ê·Ì ÙÁÌ

·Ô„ÔfiÙÂıÛfi ÏÔı ÛÙÈÚ ‰ıÛ‹ÒÂÛÙÂÚ. ‘ÔıÚ ˜Ò˘ÛÙ‹˘, Ò·„Ï·ÙÈÍ‹, ‹Ò· ÔÎÎ‹. ‘›ÎÔÚ, Ë·

fiËÂÎ· Ì· Âı˜·ÒÈÛÙfiÛ˘ ·¸ ÙÁÌ Í·Ò‰È‹ ÏÔı ÙÁ Û˝ÌÙÒÔˆ¸ ÏÔı À›Ì·, Ôı ÏÂ Ò·„Ï·ÙÈÍfi

·ˆÔÛfl˘ÛÁ Í·È ÏÂ Í‹ËÂ ‰ıÌ·Ù¸ ÙÒ¸Ô, ÛÙfiÒÈÓÂ ¸ÎÂÚ ÏÔı ÙÈÚ ÒÔÛ‹ËÂÈÂÚ. ”ÙÁ À›Ì·, ÏÂ

ÙÁÌ ÔÔfl· ÏÔÈÒ‹ÊÔÏ·È Í·ËÁÏÂÒÈÌ‹ ÙÔıÚ Í¸ÔıÚ, ÙÈÚ ÂÈÙı˜flÂÚ Í·È ÙÈÚ ·ÔÙı˜flÂÚ ·ıÙ˛Ì Ù˘Ì

ÒÔÛ·ËÂÈ˛Ì, Ë›Î˘ Ì· ·ˆÈÂÒ˛Û˘ ·ıÙfi ÙÁÌ ÂÒ„·Ûfl·.
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Preface

We are so familiar with seeing that it takes a leap of imagination

to realize that there are problems to be solved

Richard L. Gregory

Imagine that you are relaxing in an arm-chair, without moving your body, your head, or

your eyes. In the meantime, something moves in front of your visual field. Of course, you

are able to see the change and react to the event; you do perceive the motion before even you

understand what is really moving. How does your brain process this external event and enable

you to focus your attention on the moving object? The first, quick answer somebody would

give is ``I just see it moving''. But this is not really an answer. It just stresses the fact that

motion perception is something so effortless for humans, that it is taken for granted in every

day living. On a second thought, somebody would say ``Well, maybe there exists a capability of

detecting changes in the visual field: In the areas where motion occurs, the image changes over

time, whereas everywhere else the image remains unchanged''. Is this the right answer? It may

be part of the truth, but it is definitely, not all of it. Imagine for example that you are in your

car, driving on a highway. In this case, you continuously move relative to the surroundings. If

there is another car within your visual field, you can tell whether it is moving or not. But since

you also move, everything in your visual field moves and changes. Clearly, detecting changes

between consecutive views in time does not suffice for the detection of independent motion.

Finally, consider what happens when your eyes track a moving object. The image is cast on the

same part of the retina just as if the eye does not move relative to the object, but still movement

is perceived. After additional thought, it becomes clear that the mechanisms enabling biological

systems to perceive motion are not trivial at all. What appears effortless for humans and other

animals, is ultimately extremely hard to explain and reproduce.

This dissertation studies, from a computational point of view, the ability of a moving



observer to detect independently moving objects. It provides an overview of the research

done along this direction and proposes a new framework for tackling the problem. Biological

vision systems are always a source of inspiration. However, the aim of this work is not to

imitate biological vision, but to provide an appropriate computational framework that will

allow artificial robotic creatures to possess certain similar capabilities. To quote the title of

a paper written by J. Hochberg ``Machines should not see as people do, but must know how

people see'' [79]. It is our belief that the proposed methodology is able to overcome many of

the shortcomings of methods that have previously been proposed and permits the detection of

independent motion in a broad variety of situations and environments.



œÙÈÍfi ¡Ìfl˜ÌÂıÛÁ ¡ÌÂÓ‹ÒÙÁÙÁÚ ‘ÒÈÛ‰È‹ÛÙ·ÙÁÚ

 flÌÁÛÁÚ ·¸  ÈÌÔ˝ÏÂÌÔ –·Ò·ÙÁÒÁÙfi

¡ÌÙ˛ÌÁÚ ¡. ¡Ò„ıÒ¸Ú

ƒÈ‰·ÍÙÔÒÈÍfi ƒÈ·ÙÒÈ‚fi

‘ÏfiÏ· ≈ÈÛÙfiÏÁÚ ’ÔÎÔ„ÈÛÙ˛Ì

–·ÌÂÈÛÙfiÏÈÔ  ÒfiÙÁÚ

–ÂÒflÎÁ¯Á

« ÈÍ·Ì¸ÙÁÙ· ·ÌÙflÎÁ¯ÁÚ ÙÁÚ ÍflÌÁÛÁÚ ÂflÌ·È Ïfl· ·¸ ÙÈÚ Ò˘ÙÔ„ÂÌÂflÚ Í·È ÈÔ ‚·ÛÈÍ›Ú

ÔÙÈÍ›Ú ÈÍ·Ì¸ÙÁÙÂÚ Ù˘Ì ÂÒÈÛÛÔÙ›Ò˘Ì ·¸ ÙÔıÚ ‚ÈÔÎÔ„ÈÍÔ˝Ú ÔÒ„·ÌÈÛÏÔ˝Ú Ôı ÂflÌ·È

ÂˆÔ‰È·ÛÏ›ÌÔÈ ÏÂ ÔÙÈÍÔ˝Ú ·ÈÛËÁÙfiÒÂÚ. « Í˝ÒÈ· ·ÈÙfl· „È' ·ıÙ¸ ÂflÌ·È Á ÛÁÏ·Ûfl· Ôı

›˜ÂÈ Á ·ÌÙflÎÁ¯Á ÙÁÚ ÍflÌÁÛÁÚ ÛÙÁÌ ÂÈ‚fl˘ÛÁ. ÃÂ ‚‹ÛÁ ÙÁÌ ·ÌÙflÎÁ¯Á ÙÁÚ ÍflÌÁÛÁÚ,

›Ì·Ú ÍÈÌÔ˝ÏÂÌÔÚ ·Ò·ÙÁÒÁÙfiÚ ÏÔÒÂfl Ì· ÂÓ‹„ÂÈ ÎÁÒÔˆÔÒfl· Û˜ÂÙÈÍ‹ ÏÂ ÙÔÌ ÙÒ¸Ô ÏÂ

ÙÔÌ ÔÔflÔ ÍÈÌÂflÙ·È Ï›Û· ÛÙÔÌ ÙÒÈÛ‰È‹ÛÙ·ÙÔ ˜˛ÒÔ. ‘›ÙÔÈÔı Âfl‰ÔıÚ ÎÁÒÔˆÔÒfl· ÂflÌ·È

ÂÓ·ÈÒÂÙÈÍ‹ ˜ÒfiÛÈÏÁ ÛÂ Ë›Ï·Ù· ÎÔfi„ÁÛÁÚ. ¡Í¸ÏÁ, Á ÍflÌÁÛÁ Û·Ì ÔÙÈÍ¸ ÂÒ›ËÈÛÏ·, ÏÔÒÂfl

Ì· Í·ËÔ‰Á„fiÛÂÈ ÏÁ˜·ÌÈÛÏÔ˝Ú ÂÛÙfl·ÛÁÚ ÙÁÚ ÒÔÛÔ˜fiÚ. ‘¸ÛÔ „È· ÙÔıÚ ÔÒ„·ÌÈÛÏÔ˝Ú Ôı

‚ÒflÛÍÔÌÙ·È ÛÂ ˜·ÏÁÎ¸ÙÂÒÁ ‚·ËÏfl‰· ÙÁÚ ÂÓ›ÎÈÓÁÚ ¸ÛÔ Í·È „È· ÙÔÌ ‹ÌËÒ˘Ô, ÍÈÌÔ˝ÏÂÌ·

·ÌÙÈÍÂflÏÂÌ· ÂflÌ·È ÔÎ˝ ÈË·Ì¸Ì Ì· ·ÌÙÈÒÔÛ˘Â˝ÔıÌ ÂflÙÂ ÂÈÍflÌ‰ıÌÔıÚ Â˜ËÒÔ˝Ú ÂflÙÂ ÈË·Ìfi

ÙÒÔˆfi. ”Â Í‹ËÂ ÂÒflÙ˘ÛÁ, ··ÈÙÂflÙ·È „Òfi„ÔÒÁ Í·È Í·Ù‹ÎÎÁÎÁ ·ÌÙfl‰Ò·ÛÁ. √È· ÙÔ Î¸„Ô

·ıÙ¸, ÔÈ ÂÒÈÛÛ¸ÙÂÒÔÈ ‚ÈÔÎÔ„ÈÍÔfl ÔÒ„·ÌÈÛÏÔfl ÏÂ ÔÙÈÍÔ˝Ú ·ÈÛËÁÙfiÒÂÚ ›˜ÔıÌ ÂÓ·ÈÒÂÙÈÍ‹

·ÔÙÂÎÂÛÏ·ÙÈÍÔ˝Ú ÏÁ˜·ÌÈÛÏÔ˝Ú ·ÌÙflÎÁ¯ÁÚ ÙÁÚ ÍflÌÁÛÁÚ. ≈flÌ·È ˜·Ò·ÍÙÁÒÈÛÙÈÍ¸ ¸ÙÈ Ï¸ÌÔ

i



Ù· Ï‹ÙÈ· Ù˘Ì ÈÔ ÂÓÂÎÈ„Ï›Ì˘Ì Ê˛˘Ì ÏÔÒÔ˝Ì Ì· ÏÂÙ·‰˛ÛÔıÌ ÔÙÈÍ‹ ÂÒÂËflÛÏ·Ù· ÛÙÔÌ

Â„Í›ˆ·ÎÔ Í·Ù‹ ÙÁÌ ·ÔıÛfl· ÍflÌÁÛÁÚ ÛÙÔ ÂÓ˘ÙÂÒÈÍ¸ ÂÒÈ‚‹ÎÎÔÌ [74].

« Í·Ù·ÛÍÂıfi ÏÁ˜·ÌÈÍ˛Ì ÛıÛÙÁÏ‹Ù˘Ì ÏÂ ÔÙÈÍ›Ú ÈÍ·Ì¸ÙÁÙÂÚ ·ÔÙÂÎÂfl ¸ÌÂÈÒÔ ·È˛Ì˘Ì

Í·È ˆÈÎ¸‰ÔÓÔ ÂÒÂıÌÁÙÈÍ¸ ÛÙ¸˜Ô ‰ÂÍ·ÂÙÈ˛Ì. ≈È‰ÈÍ¸ÙÂÒ·, ÂÓ·ÈÙfl·Ú ÙÁÚ ÎÁË˛Ò·Ú Ù˘Ì

Ò·ÍÙÈÍ˛Ì Âˆ·ÒÏÔ„˛Ì Ôı ÏÔÒÔ˝Ì Ì· ›˜ÔıÌ ÏÁ˜·Ì›Ú ÏÂ ‰ıÌ·Ù¸ÙÁÙÂÚ ·ıÙ¸ÌÔÏÁÚ ÔÙÈÍfiÚ

ÎÔfi„ÁÛÁÚ ÛÙÔ ˜˛ÒÔ, ‹Ò· ÔÎÎ›Ú ÂÒÂıÌÁÙÈÍ›Ú ÒÔÛ‹ËÂÈÂÚ ›˜ÔıÌ ÂÈÍÂÌÙÒ˘ËÂfl ÛÂ

Ë›Ï·Ù· Í·Ù·Ì¸ÁÛÁÚ ÙÁÚ ÔÙÈÍfiÚ ·ÌÙflÎÁ¯ÁÚ ÙÁÚ ÍflÌÁÛÁÚ. œÈ ÂÒÈÛÛ¸ÙÂÒÂÚ ·¸ ·ıÙ›Ú

ÙÈÚ ÒÔÛ‹ËÂÈÂÚ, ›˜ÔıÌ ÂÁÒÒÂ·ÛÙÂfl ·¸ ÙÁÌ ·Ì·Í·Ù·ÛÍÂı·ÛÙÈÍfi ËÂ˘Òfl· „È· ÙÁÌ ¸Ò·ÛÁ,

Û˝Ïˆ˘Ì· ÏÂ ÙÁÌ ÔÔfl· ÛÙ¸˜ÔÚ ÙÁÚ ¸Ò·ÛÁÚ ÂflÌ·È Ì· Í·Ù·ÛÍÂı‹ÛÂÈ ÂÛ˘ÙÂÒÈÍ‹ ÏÈ· ÎfiÒÁ

·Ì··Ò‹ÛÙ·ÛÁ ÙÔı ÙÒÈÛ‰È‹Ù·ÙÔı Í¸ÛÏÔı. ÃÂ ‚‹ÛÁ ·ıÙfi ÙÁÌ ÒÔÛ›„„ÈÛÁ, Í‹ËÂ Ò¸‚ÎÁÏ·

Ôı ·Ì·ˆ›ÒÂÙ·È ÛÙÔ ÂÒÈ‚‹ÎÎÔÌ ÏÔÒÂfl Ì· ÎıËÂfl ÏÂ ·Ì·ˆÔÒ›Ú ÛÂ ·ıÙfi ÙÁÌ ·Ì··Ò‹ÛÙ·ÛÁ.

–·Ò‹ Ù· ÔÎÎ‹ ÍÔÏ¯‹ ËÂ˘ÒÁÙÈÍ‹ ·ÔÙÂÎ›ÛÏ·Ù·, ·ıÙ¸Ú Ô ÙÒ¸ÔÚ ÛÍ›¯ÁÚ ‰ÂÌ Ô‰fi„ÁÛÂ ÛÙÁÌ

Í·Ù·ÛÍÂıfi ÛıÛÙÁÏ‹Ù˘Ì Ôı Ì· ÏÔÒÔ˝Ì Ì· ÎÂÈÙÔıÒ„Ô˝Ì ÏÂ ÂıÛÙ‹ËÂÈ· Í·È ·ÓÈÔÈÛÙfl·

ÛÂ ÒÂ·ÎÈÛÙÈÍ‹ ÂÒÈ‚‹ÎÎÔÌÙ·. ”·Ì ÂÌ·ÎÎ·ÍÙÈÍ›Ú ÒÔÛÂ„„flÛÂÈÚ, ÔÈ Ò¸Ûˆ·ÙÂÚ ËÂ˘ÒflÂÚ ÙÁÚ

ÂÌÂÒ„Ô˝Ú Í·È ÙÂÎÂÔÎÔ„ÈÍfiÚ ¸Ò·ÛÁÚ1 ÛÙÁÒflÊÔÌÙ·È ÛÙÔ „Â„ÔÌ¸Ú ¸ÙÈ Á ÎfiÒÁÚ ·Ì··Ò‹ÛÙ·ÛÁ

ÙÔı ÂÒÈ‚‹ÎÎÔÌÙÔÚ ·ˆÂÌ¸Ú ÂflÌ·È ·‰˝Ì·ÙÁ, ·ˆÂÙ›ÒÔı ‰ÂÌ ÂflÌ·È ··Ò·flÙÁÙÁ. ”Â Ïfl· ‰Â‰ÔÏ›ÌÁ

ÛÙÈ„Ïfi, ›Ì· ÏÁ˜·ÌÈÍ¸ Û˝ÛÙÁÏ· Ò›ÂÈ Ì· ÂÓ‹„ÂÈ ·¸ ÙÔ ÂÒÈ‚‹ÎÎÔÌ Ï¸ÌÔ ÂÍÂflÌ· Ù·

˜·Ò·ÍÙÁÒÈÛÙÈÍ‹ Ôı ÏÔÒÔ˝Ì Ì· ÂÓıÁÒÂÙfiÛÔıÌ ÙÁÌ Ò·„Ï‹Ù˘ÛÁ Ù˘Ì ÛÙ¸˜˘Ì ÙÔı.

¡ıÙfi Á ‰È·ÙÒÈ‚fi ÏÂÎÂÙ‹ ›Ì· ÂÈ‰ÈÍ¸ ·ÎÎ‹ ÂÓ·ÈÒÂÙÈÍ‹ ÛÁÏ·ÌÙÈÍ¸ Ò¸‚ÎÁÏ· ·ÌÙflÎÁ¯ÁÚ

ÙÁÚ ÍflÌÁÛÁÚ: ‘Ô Ò¸‚ÎÁÏ· ÙÁÚ ÔÙÈÍfiÚ ·Ìfl˜ÌÂıÛÁÚ ·ÌÂÓ‹ÒÙÁÙÁÚ ÙÒÈÛ‰È‹ÛÙ·ÙÁÚ ÍflÌÁÛÁÚ.

ƒÂ‰ÔÏ›ÌÔı ÂÌ¸Ú ·Ò·ÙÁÒÁÙfi Ôı ÍÈÌÂflÙ·È ÛÙÈÚ ÙÒÂÈÚ ‰È·ÛÙ‹ÛÂÈÚ, ÙÔ Ò¸‚ÎÁÏ· ÙÁÚ

·Ìfl˜ÌÂıÛÁÚ ÙÁÚ ·ÌÂÓ‹ÒÙÁÙÁÚ ÍflÌÁÛÁÚ ÏÔÒÂfl Ì· ÔÒÈÛÙÂfl Û·Ì ÙÔ Ò¸‚ÎÁÏ· ÙÁÚ ·Ìfl˜ÌÂıÛÁÚ

·ÌÙÈÍÂÈÏ›Ì˘Ì Ôı ÍÈÌÔ˝ÌÙ·È ·ÌÂÓ‹ÒÙÁÙ· ·¸ ÙÔÌ ·Ò·ÙÁÒÁÙfi ÛÙÔÌ ÙÒÈÛ‰È‹ÛÙ·ÙÔ ˜˛ÒÔ.

œÈ ÂÒÈÛÛ¸ÙÂÒÂÚ ·¸ ÙÈÚ ı‹Ò˜ÔıÛÂÚ ÏÂË¸‰ÔıÚ „È· ÙÁÌ ÂflÎıÛÁ ·ıÙÔ˝ ÙÔı ÒÔ‚ÎfiÏ·ÙÔÚ

‚·ÛflÊÔÌÙ·È ÛÂ ‰ÈÛ‰È‹ÛÙ·Ù· ÏÔÌÙ›Î· ÍflÌÁÛÁÚ Í·È ÛÂ È‰È·flÙÂÒ· ÂÒÈÔÒÈÛÙÈÍ›Ú ıÔË›ÛÂÈÚ

„È· ÙÔ ÂÒÈ‚‹ÎÎÔÌ, ÙÔÌ ÙÒ¸Ô ÍflÌÁÛÁÚ ÙÔı ·Ò·ÙÁÒÁÙfi, fi Í·È Ù· ‰˝Ô. AÍÔÎÔıË˛ÌÙ·Ú

1ÃÂ ÙÔÌ ¸ÒÔ ÙÂÎÂÔÎÔ„ÈÍfi ¸Ò·ÛÁ ·Ô‰fl‰ÂÙ·È Ô ·„„ÎÈÍ¸Ú ¸ÒÔÚ purposive vision
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ÙÁÌ ·Ì·Í·Ù·ÛÍÂı·ÛÙÈÍfi ËÂ˘Òfl·, ‚·ÛflÊÔÌÙ·È ÛÙÔÌ ıÔÎÔ„ÈÛÏ¸ ÙÁÚ ÔÙÈÍfiÚ ÒÔfiÚ. œ

ıÔÎÔ„ÈÛÏ¸Ú ÔÙÈÍfiÚ ÒÔfiÚ ÂflÌ·È ›Ì· ·ÛËÂÌ˛Ú ÔÒÈÛÏ›ÌÔ Ò¸‚ÎÁÏ·, ·ˆÔ˝ ÂflÌ·È ÈÛÔ‰˝Ì·ÏÔ

ÏÂ ÙÔ Ò¸‚ÎÁÏ· ÙÁÚ ·ÌÙÈÛÙÔfl˜ÈÛÁÚ (correspondence problem). ≈ÈÒ¸ÛËÂÙ·, Ô ıÔÎÔ„ÈÛÏ¸Ú

ÔÙÈÍfiÚ ÒÔfiÚ ‚·ÛflÊÂÙ·È ÛÙÁÌ ı¸ËÂÛÁ ÂÌ¸Ú ÔÏ·ÎÔ˝ Â‰flÔı Ù·˜ıÙfiÙ˘Ì, Ôı ÂÓ ÔÒÈÛÏÔ˝ ‰ÂÌ

ÏÔÒÂfl Ì· „flÌÂÈ ÛÙÁÌ ÂÒflÙ˘ÛÁ ˝·ÒÓÁÚ ·ÌÂÓ‹ÒÙÁÙ· ÍÈÌÔ˝ÏÂÌ˘Ì ·ÌÙÈÍÂÈÏ›Ì˘Ì.

”Â ·ıÙfi ÙÁÌ ÂÒ„·Ûfl·, Á ÒÔÛ›„„ÈÛÁ ÛÙÁÌ ·Ìfl˜ÌÂıÛÁ ·ÌÂÓ‹ÒÙÁÙÁÚ ÍflÌÁÛÁÚ ‚·ÛflÊÂÙ·È

ÛÙÈÚ ·Ò˜›Ú ÙÁÚ ÙÂÎÂÔÎÔ„ÈÍfiÚ ¸Ò·ÛÁÚ. –ÒÔÙÂflÌÔÌÙ·È Ù›ÛÛÂÒÈÚ Ì›ÂÚ Ï›ËÔ‰ÔÈ ·Ìfl˜ÌÂıÛÁÚ

·ÌÂÓ‹ÒÙÁÙÁÚ ÍflÌÁÛÁÚ Í‹ËÂ Ïfl· ·¸ ÙÈÚ ÔÔflÂÚ ›˜ÂÈ ÙÔ ‰ÈÍ¸ ÙÁÚ, ·ÌÂÓ‹ÒÙÁÙÔ ÂÌ‰È·ˆ›ÒÔÌ ·ˆÔ˝

Í·Ù·ˆ›ÒÌÂÈ Ì· ÂÓ‹„ÂÈ ÎÁÒÔˆÔÒfl· ‰È·ˆÔÒÂÙÈÍfiÚ ÏÔÒˆfiÚ ·¸ ÙÈÚ ı¸ÎÔÈÂÚ, ÏÂ ‰È·ˆÔÒÂÙÈÍ¸

ıÔÎÔ„ÈÛÙÈÍ¸ Í¸ÛÙÔÚ. ∏Ì· Û˝ÛÙÁÏ· Ôı ÏÔÒÂfl Ì· ˜ÒÁÛÈÏÔÔÈfiÛÂÈ ÔÔÈ·‰fiÔÙÂ ·¸

·ıÙ›Ú ·ÔÍÙ‹ ÂıÂÎÈÓfl· ˘Ú ÒÔÚ ÏÈ· ÔÈÍÈÎfl· ·Ò·Ï›ÙÒ˘Ì. ∏ÙÛÈ, ÙÔ ÛıÌÔÎÈÍ¸ Ò¸‚ÎÁÏ·

ÙÁÚ ·Ìfl˜ÌÂıÛÁÚ ·ÌÂÓ‹ÒÙÁÙÁÚ ÍflÌÁÛÁÚ ÏÔÒÂfl Ì· ·ÌÙÈÏÂÙ˘ÈÛËÂfl È¸ ·ÔÙÂÎÂÛÏ·ÙÈÍ‹ Ï›Û˘

ÙÁÚ ÛıÌÂÒ„·Ûfl·Ú Ù˘Ì ÙÂÛÛ‹Ò˘Ì ÒÔÙÂÈÌ¸ÏÂÌ˘Ì ÏÂË¸‰˘Ì, ·' ¸ÙÈ ÏÂ Í‹ËÂ Ïfl· ·¸ ·ıÙ›Ú

ÓÂ˜˘ÒÈÛÙ‹.  ÔÈÌ¸ ˜·Ò·ÍÙÁÒÈÛÙÈÍ¸ Í·È „È· ÙÈÚ Ù›ÛÛÂÒÈÚ ÏÂË¸‰ÔıÚ ·ÔÙÂÎÂfl ÙÔ „Â„ÔÌ¸Ú

¸ÙÈ ‚·ÛflÊÔÌÙ·È ÛÂ ÒÂ·ÎÈÛÙÈÍ‹ ÙÒÈÛ‰È‹ÛÙ·Ù· ÏÔÌÙ›Î· ÍflÌÁÛÁÚ Í·È ¸ÙÈ ÒÔÛ·ËÔ˝Ì Ì·

ÂÓ‹„ÔıÌ ·¸ ÙÔ ÂÒÈ‚‹ÎÎÔÌ Ï¸ÌÔ ÂÍÂflÌ· Ù· ˜·Ò·ÍÙÁÒÈÛÙÈÍ‹ Ù· ÔÔfl· ÂflÌ·È ··Ò·flÙÁÙ·

„È· ÙÁÌ ·ÌÙÈÏÂÙ˛ÈÛÁ ÙÔı ÒÔ‚ÎfiÏ·ÙÔÚ ÙÁÚ ·Ìfl˜ÌÂıÛÁÚ ·ÌÂÓ‹ÒÙÁÙÁÚ ÍflÌÁÛÁÚ.  ÔÈÌ¸

˜·Ò·ÍÙÁÒÈÛÙÈÍ¸ ÙÔıÚ ÂflÌ·È ÂflÛÁÚ ¸ÙÈ ‰ÂÌ ‚·ÛflÊÔÌÙ·È ÛÙÔÌ ıÔÎÔ„ÈÛÏ¸ ÔÙÈÍfiÚ ÒÔfiÚ, ·ÎÎ‹

ÛÙÔÌ ıÔÎÔ„ÈÛÏ¸ ÙÔı Â‰flÔı Í‹ËÂÙÁÚ ÒÔfiÚ, ÙÔ ÔÔflÔ ·Ì Í·È ÂÒÈ›˜ÂÈ ÎÈ„¸ÙÂÒÁ ÎÁÒÔˆÔÒfl· ÛÂ

Û˜›ÛÁ ÏÂ ÙÁÌ ÔÙÈÍfi ÒÔfi, ÏÔÒÂfl ·Ô‰Â‰ÂÈ„Ï›Ì· Ì· ıÔÎÔ„ÈÛÙÂfl ÏÂ ·ÍÒfl‚ÂÈ· ·¸ ·ÍÔÎÔıËflÂÚ

ÂÈÍ¸Ì˘Ì.

« Ò˛ÙÁ ·¸ ÙÈÚ ÒÔÙÂÈÌ¸ÏÂÌÂÚ ÏÂË¸‰ÔıÚ ÒÔÛÂ„„flÊÂÈ ÙÔ Ò¸‚ÎÁÏ· ·Ìfl˜ÌÂıÛÁÚ

·ÌÂÓ‹ÒÙÁÙÁÚ ÍflÌÁÛÁÚ Û·Ì ›Ì· Ò¸‚ÎÁÏ· Â˝Ò˘ÛÙÁÚ ÂÍÙflÏÁÛÁÚ ·Ò·Ï›ÙÒ˘Ì ÏÂ ‚‹ÛÁ ÔÙÈÍ‹

‰Â‰ÔÏ›Ì· ÒÔÂÒ˜¸ÏÂÌ· ·¸ ÛÙÂÒÂÔÛÍÔÈÍ¸ ·Ò·ÙÁÒÁÙfi Ôı ÂÍÙÂÎÂfl ÛÙÂÒÂ‹ ÍflÌÁÛÁ. œÈ

ÏÂÙÒfiÛÂÈÚ Ôı ·flÒÌÔÌÙ·È ·¸ ÙÁÌ ÛÙÂÒÂÔÛÍÔÈÍfi ‰È‹Ù·ÓÁ ÛıÌ‰ı‹ÊÔÌÙ·È ÏÂ ÙÈÚ ÏÂÙÒfiÛÂÈÚ

·¸ ÙÁÌ ÍflÌÁÛÁ ÏÂ ‚‹ÛÁ ›Ì· „Ò·ÏÏÈÍ¸ ÏÔÌÙ›ÎÔ. œÈ ·Ò‹ÏÂÙÒÔÈ ·ıÙÔ˝ ÙÔı ÏÔÌÙ›ÎÔı

Û˜ÂÙflÊÔÌÙ·È ÏÂ ÙÈÚ ·Ò·Ï›ÙÒÔıÚ ÍflÌÁÛÁÚ ÙÔı ·Ò·ÙÁÒÁÙfi Í·È ÙÈÚ ·Ò·Ï›ÙÒÔıÚ ÙÁÚ
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ÛÙÂÒÂÔÛÍÔÈÍfiÚ ÙÔı ‰È‹Ù·ÓÁÚ. « ˜ÒfiÛÁ ÏÂË¸‰˘Ì Â˝Ò˘ÛÙÁÚ ÂÍÙflÏÁÛÁÚ Ô‰Á„Ô˝Ì ÛÙÁÌ

ÙÏÁÏ·ÙÔÔflÁÛÁ ÙÁÚ ÛÍÁÌfiÚ ÏÂ ‚‹ÛÁ ÙÈÚ ÙÒÈÛ‰È‹ÛÙ·ÙÂÚ ·Ò·Ï›ÙÒÔıÚ ÍflÌÁÛÁÚ Ù˘Ì ÛÁÏÂfl˘Ì

ÙÁÚ.

ÃÂ ‚‹ÛÁ ÙÁ ‰Â˝ÙÂÒÁ Ï›ËÔ‰Ô, Á ÂÂÓÂÒ„·Ûfl· ÙÁÚ ÛÙÂÒÂÔÛÍÔÈÍfiÚ ÎÁÒÔˆÔÒfl·Ú Ô‰Á„Âfl

ÛÙÁÌ ‰È·ÛÙÒ˘Ï‹Ù˘ÛÁ ÏÈ·Ú ÛÍÁÌfiÚ ÏÂ ‚‹ÛÁ ÙÔ ‚‹ËÔÚ ÙÁÚ: ¸Î· Ù· ÛÁÏÂfl· ÙÁÚ ÂÈÍ¸Ì·Ú

Ôı ·ÌÙÈÛÙÔÈ˜Ô˝Ì ÛÂ ›Ì· ÛÙÒ˛Ï· ›˜ÔıÌ ÍÔÈÌfi, Í·Ù‹ ÒÔÛ›„„ÈÛÁ, ·¸ÛÙ·ÛÁ ·¸ ÙÔÌ

·Ò·ÙÁÒÁÙfi. œÈ Ò·„Ï·ÙÈÍ›Ú ÙÈÏ›Ú ÙÔı ‚‹ËÔıÚ ‰ÂÌ ıÔÎÔ„flÊÔÌÙ·È ·ˆÔ˝ ·ıÙfi Á ÎÁÒÔˆÔÒfl·

‰ÂÌ ··ÈÙÂflÙ·È „È· ÙÁÌ ÂflÎıÛÁ ÙÔı ÒÔ‚ÎfiÏ·ÙÔÚ. ŸÛÙ¸ÛÔ ·Ô‰ÂÈÍÌ˝ÂÙ·È ˘Ú ÏÔÒÂfl

Ì· ÂÓ·˜ËÂfl ÔÈÔÙÈÍfi ÎÁÒÔˆÔÒfl· „È· ÙÔ ‚‹ËÔÚ ÏÈ·Ú ÛÍÁÌfiÚ Û·Ì ›ÏÏÂÛÔ ·ÔÙ›ÎÂÛÏ·

ÙÁÚ ÏÂË¸‰Ôı. ‘›ÙÔÈ· ÎÁÒÔˆÔÒfl· ÂflÌ·È Ïfl· Û˜›ÛÁ ‰È‹Ù·ÓÁÚ ÏÂÙ·Ó˝ Ù˘Ì ÛÙÒ˘Ï‹Ù˘Ì

ÍÔÈÌÔ˝ ‚‹ËÔıÚ. ”Â Í‹ËÂ ÛÙÒ˛Ï· ÍÔÈÌÔ˝ ‚‹ËÔıÚ ÂÍÙÂÎÂflÙ·È ·Ìfl˜ÌÂıÛÁ ÙÁÚ ·ÌÂÓ‹ÒÙÁÙÁÚ

ÍflÌÁÛÁÚ ÏÂ ˜ÒfiÛÁ ÏÂË¸‰˘Ì Â˝Ò˘ÛÙÁÚ ÂÍÙflÏÁÛÁÚ Ù˘Ì ·Ò·Ï›ÙÒ˘Ì ÙÁÚ ÍflÌÁÛÁÚ. œ

ÍÈÌÔ˝ÏÂÌÔÚ ·Ò·ÙÁÒÁÙfiÚ ÏÔÒÂfl Ì· ÂÈÎ›ÓÂÈ Ì· ˜ÒÁÛÈÏÔÔÈfiÛÂÈ ÙÁÌ ÙÏÁÏ·ÙÔÔflÁÛÁ ÂÌ¸Ú

Ï¸ÌÔ ÛÙÒ˛Ï·ÙÔÚ ‚‹ËÔıÚ ˘Ú ÒÔÚ ÙÈÚ ÙÒÈÛ‰È‹ÛÙ·ÙÂÚ ·Ò·Ï›ÙÒÔıÚ ÍflÌÁÛÁÚ, ÂÛÙÈ‹ÊÔÌÙ·Ú

Ò·ÍÙÈÍ‹ ÙÁÌ ÒÔÛÔ˜fi ÙÔı ÛÂ ›Ì· Ûı„ÍÂÍÒÈÏ›ÌÔ ÙÏfiÏ· ÏÈ·Ú ÛÍÁÌfiÚ Í·È ÎÁÒ˛ÌÔÌÙ·Ú

ÏÈÍÒ¸ÙÂÒÔ ıÔÎÔ„ÈÛÙÈÍ¸ Í¸ÛÙÔÚ ·' ¸ÙÈ Âˆ·ÒÏ¸ÊÔÌÙ·Ú ÙÁÌ Ò˛ÙÁ Ï›ËÔ‰Ô. ŸÛÙ¸ÛÔ, Á

Ï›ËÔ‰ÔÚ ÛıÏÎÁÒ˛ÌÂÙ·È Í·È ·¸ ÙÁÌ ‰ıÌ·Ù¸ÙÁÙ· ÛıÌ‰ı·ÛÏÔ˝ ÙÁÚ ÎÁÒÔˆÔÒfl·Ú ÍflÌÁÛÁÚ

·¸ ¸Î· Ù· ÛÙÒ˛Ï·Ù·, ÏÂ ÛÙ¸˜Ô ÙÁÌ ÂÓ·„˘„fi ÏÈ·Ú ÛıÌÔÎÈÍfiÚ ÂÈÍ¸Ì·Ú „È· ÙÈÚ ÙÒÈÛ‰È‹ÛÙ·ÙÂÚ

·Ò·Ï›ÙÒÔıÚ ÍflÌÁÛÁÚ ÛÂ Ïfl· ÛÍÁÌfi.

œÈ ‰˝Ô Ò˛ÙÂÚ ÒÔÙÂÈÌ¸ÏÂÌÂÚ Ï›ËÔ‰ÔÈ ·Ò›˜ÔıÌ ÏÈ· ÎÂÙÔÏÂÒfi Í·Ù·„Ò·ˆfi ÙÁÚ

·ÌÂÓ‹ÒÙÁÙÁÚ ÍflÌÁÛÁÚ ÛÂ Ïfl· ÛÍÁÌfi. ŸÛÙ¸ÛÔ, ÛÂ ÔÎÎ›Ú ÂÒÈÙ˛ÛÂÈÚ, ÂflÌ·È ÂÈËıÏÁÙfi

Á Ù·˜Âfl· ÂÓ·„˘„fi Í‹ÔÈ˘Ì ÛıÏÂÒ·ÛÏ‹Ù˘Ì Û˜ÂÙÈÍ‹ ÏÂ ÙÁÌ ·ÌÂÓ‹ÒÙÁÙÁ ÍflÌÁÛÁ ÛÂ

Ïfl· ÛÍÁÌfi, ·Í¸Ï· ÍÈ ·Ì ·ıÙfi ÂflÌ·È ÔÎ˝ ÔÈÔÙÈÍfi. ¡ıÙ¸ ÂÈÙı„˜‹ÌÂÙ·È ÏÂ ÙÁÌ

ÙÒflÙÁ Ï›ËÔ‰Ô, Á ÔÔfl· ‚·ÛflÊÂÙ·È ÛÙÁÌ ›ÏÏÂÛÁ Û˝„ÍÒÈÛÁ ÛıÌ·ÒÙfiÛÂ˘Ì ÙÔı ‚‹ËÔıÚ, Ôı

ÂÓ‹„ÔÌÙ·È ·¸ ÙÁ ÛÙÂÒÂÔÛÍÔÈÍfi ‰È‹Ù·ÓÁ Í·È ÙÁÌ ÍflÌÁÛÁ. ¡ÛıÌ›ÂÈÂÚ ÛÙÈÚ Ûı„ÍÒÈÌ¸ÏÂÌÂÚ

ÔÛ¸ÙÁÙÂÚ ·ÔÙÂÎÔ˝Ì ›Ì‰ÂÈÓÁ ÂÒÈÛÛÔÙ›Ò˘Ì ·¸ Ïfl· ÙÒÈÛ‰È‹ÛÙ·Ù˘Ì ÍÈÌfiÛÂ˘Ì ÛÙÁÌ ÂÒÈÔ˜fi

Û˝„ÍÒÈÛÁÚ. « Ï›ËÔ‰ÔÚ Ôı ˜ÒÁÛÈÏÔÔÈÂflÙ·È ÂflÌ·È ÂÒÈÛÛ¸ÙÂÒÔ ÔÈÔÙÈÍfi ·¸ ÙÈÚ ‰˝Ô
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ÒÔÁ„Ô˝ÏÂÌÂÚ ÏÈ·Ú Í·È ·ÔˆÂ˝„ÂÈ ·ÌÙÂÎ˛Ú ÙÁÌ ÂÍÙflÏÁÛÁ Ù˘Ì ·Ò·Ï›ÙÒ˘Ì ÍflÌÁÛÁÚ ÙÔı

·Ò·ÙÁÒÁÙfi. ≈flÛÁÚ, ÛÂ ·ÌÙflËÂÛÁ ÏÂ ÙÈÚ ‰˝Ô ÒÔÁ„Ô˝ÏÂÌÂÚ, „flÌÂÙ·È ˜ÒfiÛÁ Í‹ÔÈ˘Ì

ıÔË›ÛÂ˘Ì ÛÂ Û˜›ÛÁ ÏÂ ÙÁÌ ÍflÌÁÛÁ ÙÔı ·Ò·ÙÁÒÁÙfi, ÔÈ ÔÔflÂÚ ¸Ï˘Ú ›˜ÔıÌ Í·Ë·Ò‹ ÔÈÔÙÈÍ¸

˜·Ò·ÍÙfiÒ·. ‘Ô ÙÂÎÈÍ¸ ·ÔÙ›ÎÂÛÏ· ÙÁÚ ÏÂË¸‰Ôı ÂflÌ·È ›Ì·Ú ˜‹ÒÙÁÚ Ù˘Ì ·ÛıÌÂ˜ÂÈ˛Ì ÙÁÚ

ÙÒÈÛ‰È‹ÛÙ·ÙÁÚ ÍflÌÁÛÁÚ ÛÂ Ïfl· ÛÍÁÌfi.

‘›ÎÔÚ, Á Ù›Ù·ÒÙÁ Ï›ËÔ‰ÔÚ ÂflÌ·È ·Í¸Ï· ÈÔ ÔÈÔÙÈÍfi Í·È „Òfi„ÔÒÁ, ÏÈ·Ú Í·È ‰ÂÌ

·ÔÍÒflÌÂÙ·È ÛÂ ·ıÙfi Í·Ë·ıÙfi ÙÁÌ ˝·ÒÓÁ ·ÌÂÓ‹ÒÙÁÙÁÚ ÍflÌÁÛÁÚ ·ÎÎ‹ ÛÂ ÏÂÙ·‚ÔÎ›Ú

ÙÁÚ ÙÒÈÛ‰È‹ÛÙ·ÙÁÚ ÍflÌÁÛÁÚ ÙÔı ·Ò·ÙÁÒÁÙfi fi Ù˘Ì ·ÌÂÓ‹ÒÙÁÙ· ÍÈÌÔ˝ÏÂÌ˘Ì ·ÌÙÈÍÂÈÏ›Ì˘Ì.

ÃÂ ÙÔÌ fl‰ÈÔ ÙÒ¸Ô Ôı Á ·Ìfl˜ÌÂıÛÁ ÏÂÙ·‚ÔÎ˛Ì, ¸Ù·Ì Âˆ·ÒÏ¸ÊÂÙ·È ÛÙÈÚ ÂÈÍ¸ÌÂÚ, ‰flÌÂÈ

ÎÁÒÔˆÔÒfl· „È· ÙÈÚ ·ÎÎ·„›Ú ÛÙÁ Ë›ÛÁ Ù˘Ì ·ÌÙÈÍÂÈÏ›Ì˘Ì, Á ·Ìfl˜ÌÂıÛÁ ÏÂÙ·‚ÔÎ˛Ì

Âˆ·ÒÏÔÊ¸ÏÂÌÁ ÛÂ ÏÂÙÒfiÛÈÏÂÚ ·Ì··Ò·ÛÙ‹ÛÂÈÚ ÙÁÚ ÍflÌÁÛÁÚ ·Ò›˜ÂÈ ÎÁÒÔˆÔÒfl· „È· ÙÈÚ

ÏÂÙ·‚ÔÎ›Ú ÙÁÚ Ù·˜˝ÙÁÙ·Ú.

« Û˝„ÍÒÈÛÁ Ù˘Ì ÒÔÙÂÈÌ¸ÏÂÌ˘Ì ÏÂË¸‰˘Ì „È· ·Ìfl˜ÌÂıÛÁ ·ÌÂÓ‹ÒÙÁÙÁÚ ÍflÌÁÛÁÚ Í·È

·ıÙ˛Ì Ôı fi‰Á ı‹Ò˜ÔıÌ ÛÙÁ ‚È‚ÎÈÔ„Ò·ˆfl· ‰Âfl˜ÌÂÈ ¸ÙÈ ÔÈ Ò˛ÙÂÚ Í‹ÌÔıÌ ÔÎ˝ ÎÈ„¸ÙÂÒÔ

ÂÒÈÔÒÈÛÙÈÍ›Ú ıÔË›ÛÂÈÚ „È· ÙÔ ÂÒÈ‚‹ÎÎÔÌ, ÙÁÌ ÍflÌÁÛÁ fi ÙÔ Û˛Ï· ÙÔı ·Ò·ÙÁÒÁÙfi.

–›Ò· ·¸ ÙÔ ·ÌÂÓ‹ÒÙÁÙÔ ÂÌ‰È·ˆ›ÒÔÌ Í‹ËÂ Ïfl·Ú ·¸ ÙÈÚ ÒÔÙÂÈÌ¸ÏÂÌÂÚ ÏÂË¸‰ÔıÚ

·Ìfl˜ÌÂıÛÁÚ ·ÌÂÓ‹ÒÙÁÙÁÚ ÍflÌÁÛÁÚ, È‰È·flÙÂÒÔ ÂÌ‰È·ˆ›ÒÔÌ ·ÒÔıÛÈ‹ÊÂÈ Á ÔÎÔÍÎfiÒ˘Ûfi ÙÔıÚ

ÛÂ ›Ì· ÂÌÈ·flÔ Î·flÛÈÔ. ”Ù¸˜ÔÚ ÙÁÚ ÔÎÔÍÎfiÒ˘ÛÁÚ ÂflÌ·È Ô ÛıÌ‰ı·ÛÏ¸Ú Ù˘Ì ËÂÙÈÍ˛Ì

˜·Ò·ÍÙÁÒÈÛÙÈÍ˛Ì ÙÁÚ Í‹ËÂ ÏÂË¸‰Ôı, ˘Ú ÒÔÚ Ïfl· ÔÈÍÈÎfl· ‰È·ˆÔÒÂÙÈÍ˛Ì ÍÒÈÙÁÒfl˘Ì. ”ÙÔ

ÔÎÔÍÎÁÒ˘Ï›ÌÔ ÂÒÈ‚‹ÎÎÔÌ, Á ÂÌÂÒ„ÔÔflÁÛÁ Ù˘Ì È¸ ÎÁÒÔˆÔÒÈ·Í˛Ì (Í·È È¸ ··ÈÙÁÙÈÍ˛Ì

ıÔÎÔ„ÈÛÙÈÍ‹) ÏÂË¸‰˘Ì ÂÓ·ÒÙ‹Ù·È ·¸ ÙÁÌ ÎÁÒÔˆÔÒfl· Ôı ÂÓ‹„ÂÙ·È ·¸ ÙÈÚ ÎÈ„¸ÙÂÒÔ

ÎÁÒÔˆÔÒÈ·Í›Ú (Í·È ÎÈ„¸ÙÂÒÔ ··ÈÙÁÙÈÍ›Ú ıÔÎÔ„ÈÛÙÈÍ‹) ÏÂË¸‰ÔıÚ. « ÔÎÔÍÎfiÒ˘ÛÁ ·ıÙfi

ÏÔÒÂfl Ì· ˜·Ò·ÍÙÁÒÈÛÙÂfl Û·Ì ÔÒÈÊ¸ÌÙÈ·, ı¸ ÙÁÌ ›ÌÌÔÈ· ¸ÙÈ ÂÈÙı„˜‹ÌÂÙ·È Ï›Û˘ ÙÁÚ

ÛıÌÂÒ„·Ûfl·Ú ·ıÙ¸ÌÔÏ˘Ì ‰ÈÂÒ„·ÛÈ˛Ì Ôı ·ÌÙ·ÎÎ‹ÛÛÔıÌ ÙÈÚ ‰È·ˆÔÒÂÙÈÍ›Ú ·¸¯ÂÈÚ Ôı

‰È·Ë›ÙÔıÌ „È· ÙÔ Ò¸‚ÎÁÏ·, ·ÌÙfl Ï›Û˘ ÏÈ·Ú ·ÍÔÎÔıËfl·Ú ‰È·‰ÈÍ·ÛÈ˛Ì Í‹ËÂ Ïfl· ·¸ ÙÈÚ ÔÔflÂÚ

ÂÂÓÂÒ„‹ÊÂÙ·È ÙÔ ·ÔÙ›ÎÂÛÏ· ÙÁÚ ‹ÎÎÁÚ (Í‹ËÂÙÁ ÔÎÔÍÎfiÒ˘ÛÁ). ∏Ì· Ù›ÙÔÈÔ ÔÎÔÍÎÁÒ˘Ï›ÌÔ
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Û˝ÛÙÁÏ· ›˜ÂÈ ÔÎÎ·Î‹ ÎÂÔÌÂÍÙfiÏ·Ù· Ôı Û˜ÂÙflÊÔÌÙ·È ÏÂ ÙÔ ÎÁÒÔˆÔÒÈ·Í¸ ÂÒÈÂ˜¸ÏÂÌÔ

Ù˘Ì ·ÔÙÂÎÂÛÏ‹Ù˘Ì ÙÔı, ÙÁÌ ÂıÛÙ‹ËÂÈ·, ÙÁÌ ÂıÒ˘ÛÙfl·, ÙÁÌ ıÔÎÔ„ÈÛÙÈÍfi ·¸‰ÔÛÁ Í·È ÙÁÌ

ÂÂÍÙ·ÛÈÏ¸ÙÁÙ‹ ÙÔı.

‘· ÂÈÒ·Ï·ÙÈÍ‹ ·ÔÙÂÎ›ÛÏ·Ù· Ôı ·Ò›˜ÔÌÙ·È „È· Í‹ËÂ Ïfl· ·¸ ÙÈÚ ÒÔÙÂÈÌ¸ÏÂÌÂÚ

ÏÂË¸‰ÔıÚ ‰Âfl˜ÌÔıÌ ÙÁÌ ·ÔÙÂÎÂÛÏ·ÙÈÍ¸ÙÁÙ‹ ÙÔıÚ ÛÂ ‰È‹ˆÔÒÂÚ ˜·Ò·ÍÙÁÒÈÛÙÈÍ›Ú ÂÒÈÙ˛ÛÂÈÚ

ÛÍÁÌ˛Ì ÏÂ ·ÌÂÓ‹ÒÙÁÙ· ÍÈÌÔ˝ÏÂÌ· ·ÌÙÈÍÂflÏÂÌ·. –ÈÔ Ûı„ÍÂÍÒÈÏ›Ì·, ÔÈ ÒÔÙÂÈÌ¸ÏÂÌÂÚ

Ï›ËÔ‰ÔÈ ÏÔÒÔ˝Ì Ì· ·ÌÈ˜ÌÂ˝ÔıÌ ·ÌÂÓ‹ÒÙÁÙÁ ÙÒÈÛ‰È‹ÛÙ·ÙÁ ÍflÌÁÛÁ ÛÂ ÛÍÁÌ›Ú ÏÂ ÏÂ„‹ÎÁ

‰È·Í˝Ï·ÌÛÁ ÙÔı ‚‹ËÔıÚ, ˜˘ÒflÚ Ì· ··ÈÙÔ˝Ì „Ì˛ÛÁ Ù˘Ì ·Ò·Ï›ÙÒ˘Ì ÍflÌÁÛÁÚ ÙÔı

·Ò·ÙÁÒÁÙfi, „Ì˛ÛÁ Ù˘Ì ·Ò·Ï›ÙÒ˘Ì ÙÁÚ ÛÙÂÒÂÔÛÍÔÈÍfiÚ ÙÔı ‰È‹Ù·ÓÁÚ fi Í·ÎÈÏÒ‹ÒÈÛÏ·

Ù˘Ì Í·ÏÂÒ˛Ì. œ ÂÈÒ·Ï·ÙÈÛÏ¸Ú ›„ÈÌÂ ÛÂ ÒÔÛÔÏÔÈÔÏ›Ì· ‰Â‰ÔÏ›Ì·, Í·Ë˛Ú ÂflÛÁÚ Í·È ÛÂ

Ò·„Ï·ÙÈÍ›Ú ·ÍÔÎÔıËflÂÚ ÛÙÂÒÂÔÛÍÔÈÍ˛Ì ÂÈÍ¸Ì˘Ì Ôı Ûı„ÍÂÌÙÒ˛ËÁÍ·Ì Í‹ÌÔÌÙ·Ú ˜ÒfiÛÁ

ÏÈ·Ú ÒÔÏÔÙÈÍfiÚ Î·Ùˆ¸ÒÏ·Ú.
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Abstract

Motion perception is one of the primitive and very basic visual capabilities of most of

the biological organisms possessing visual sensors. This is due to the importance of motion

perception in survival. Based on the perception of motion, a moving observer can acquire useful

information about his own motion in the 3D space, which is extremely useful for navigational

purposes. Moreover, motion information is a perceptual cue that can drive visual attention. For

all animals, starting from the organisms in the lowest evolutionary scale and up to man, moving

objects are likely to be dangerous enemies to be avoided or prey to be caught and, therefore,

rapid and appropriate reaction is of utmost importance. Thus, most biological organisms with

optical sensors have extremely effective mechanisms for motion perception. It is interesting

to note that only the eyes of the highest animals can signal to the brain in the absence of

movement [74].

The construction of artificial systems possessing visual capabilities has been a dream for

centuries and a challenging research goal for decades. Motion perception in particular, has
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attracted a lot of research efforts due to its fundamental importance for many visually assisted

tasks. Most of the efforts have been influenced by the reconstructionist vision paradigm,

according to which, the goal of vision is to provide an internal full representation of the external

3D world. According to this approach to vision, any world related problem can be solved

through references in this global representation. Despite the multitude of elegant theoretic

results, this methodological approach did not give rise to systems working robustly in realistic

environments. As an alternative, the new theories of active and purposive vision suggest that

a global representation of the environment, besides being impossible to achieve, is also not

needed. At any given instance in time, the aspects of the environment that should be recovered

are those that can sufficiently serve the current goals of the system.

This dissertation studies the problem of visual detection of independent 3D motion. Given

an observer pursuing unrestricted 3D motion, the problem of independent motion detection can

be defined as the problem of detecting objects that move independently of the observer in 3D

space. Most of the existing techniques for solving this problem rely on two dimensional models

of motion and on restrictive assumptions about the environment, the observers' motion, or both.

Following the reconstructionist approach, they are based on the computation of optical flow,

which amounts to solving the ill-posed correspondence problem. In addition, the computation

of optical flow is based on the assumption of a smooth motion field, which by definition does

not hold in the case of a scene with objects that move independently of the observer.

In the proposed framework, independent motion detection is approached based on the

principles of purposive vision. Four new methods for independent motion detection are

proposed, each of which has its own, independent interest because it deals with different aspects

of the problem with a different associated computational cost. A system that can select from this

set of methods gains flexibility in a number of different parameters. Thus the overall problem

of independent motion detection can be more effectively solved through the cooperation of the

four proposed methods rather than by each of them separately. A common characteristic of the

four methods is that they rely on realistic three dimensional models of motion. Another common
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characteristic is that they do not rely on the computation of optical flow, but on the computation

of normal flow, which although less informative than optical flow, can be accurately computed

from sequences of images.

In the first of these methods, the problem is formulated as robust estimation applied to

the visual input acquired by a binocular, rigidly moving observer. Measurements based on

the stereoscopic configuration of the observer and his motion are combined in a linear model.

The parameters of this model are related to the 3D motion parameters of the observer and the

parameters of his stereo configuration. The use of robust regression methods for this model

leads to a segmentation of the scene points according to their 3D motion parameters.

In the second method, the processing of the stereo information is used to perform depth

layering, i.e. segmentation of the full set of scene points into subsets of points corresponding to

a common depth. The actual depths are not computed, since they are not needed for the solution

of the problem. It is shown, however, that as a side effect, qualitative information about depth

can be extracted, in the form of an ordering of the depth layers. Within each depth layer, motion

segmentation is performed. Motion segmentation is achieved through the robust estimation of

motion parameters in each depth layer. The moving observer may choose to use the 3D motion

segmentation of only one depth layer. Practically, this is equivalent to focusing attention on a

part of the scene in view. As a result, the observer may acquire the desired information at a lower

computational cost compared to the cost of the first method. However, the method is completed

with a mechanism that enables the combination of information across depth layers to provide

an integrated view of 3D motion in the whole of the scene.

The first two methods provide a detailed segmentation of the 3D scene with respect to

its 3D motion characteristics. However, in many cases, it is important to provide information

about independent motion detection very quickly, even if this information is of qualitative

nature. This is achieved by the third method which performs an indirect comparison of depth

functions computed from stereo and motion. Inconsistencies in the compared quantities signal
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the presence of more than one rigid motions. This method is more qualitative compared to the

two previous methods, because solving for the motion parameters of the observer is completely

avoided. The final outcome of the method is a map of 3D motion discontinuities.

Finally, the fourth method is even faster and more qualitative than the previous ones, since

it does not provide information on independent motion itself, but on changes of the 3D motion

parameters of the observer, or of the independently moving objects. Therefore, it can be used as a

method for the detection of maneuvering objects. In the same way that change detection applied

to the image intensity function provides information about constancy in the locations of objects,

change detection applied to computable visual motion representations renders information about

constancy of the 3D motion parameters.

In addition to the independent interest in each of the proposed methods, their integration in

one unified framework is also important. The goal of integration is the combination of the best of

the properties of each method with respect to a number of different criteria. The activation of the

more informative (and computationally more intensive) methods depends on the information

provided by the less informative (and computationally less intensive) ones as well as on the

goals of the system. This type of integration can be characterized as horizontal, in the sense that

the problem is actually solved through the cooperation of autonomous modules that exchange

their different view on the problem at hand, rather than through a long chain of modules each of

which processes the output of the previous module (vertical integration).

Experiments have been carried out using each of the proposed methods. The results of

these experiments demonstrate their effectiveness in detecting independently moving objects

in a variety of scenes. More specifically, the methods are capable of detecting independent

3D motion in scenes with large depth variations, without requiring prior information regarding

the motion parameters of the observer or regarding the parameters of his stereo configuration.

Experimentation was conducted using both simulated data, and real sequences of stereoscopic

images that were acquired using a robotic platform.
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Chapter 1

Introduction

Those who wish to succeed must ask the right preliminary questions.

Aristotle

The understanding of the vision process has been a challenging interdisciplinary area of

research for centuries. The motivation behind efforts to understand the mechanisms of visual

perception is twofold. On the one hand, there is the long sought goal of humans to understand

their body and mind and to answer important questions about their own nature. On the other

hand, there is the also long sought practical goal of knowledge exploitation in everyday life.

Philosophers and scientists have studied diverse aspects of visual perception over the

centuries and proposed theories explaining the underlying mechanisms [76, 99, 43, 72, 112].

Biologists, neuroscientists, psychologists and ethologists [89, 200, 41, 84, 107, 205, 68, 51, 146,

183] have studied biological organisms and their visual capabilities. The eyes of biological

organisms have lenses and a network of very small receptive units that constitute the light-

sensitive retina [74]. The lens focuses an image of the world onto the retina, which then sends
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messages along the optic nerve fibers to the brain. Sets of specialized neurons in the brain

can then represent the imaged scene. Given that more than half of the neurons in our brain

are devoted to solving vision problems [7], it is not surprising that the understanding of our

visual system is not an easy problem. Equivalently, designing machines that can ``see'' is a very

difficult task.

The advent of digital computers allowed the perspective of a computational theory for

visual perception. Grounded in information theory, a computational theory of vision seeks to

describe what information is extracted from the image(s) and how this information is extracted,

processed and used [13]. In its earliest years (mid-1950's), computer vision was concerned

primarily with recognition tasks in two dimensional images of static scenes such as documents,

or high-altitude views of the earth surface. Research in robot vision has started in the mid 1960's.

Information about the third dimension, which is lost due to the projection of light on the 2D

image plane, cannot be ignored in robot vision, because a robot must operate in environments

where depth variations are large compared to the absolute distance of the robot from the scene

points. Research on recovering the three dimensional structure started in the early 1970's, by

considering only single images of a static scene. By the mid-1970's research started to deal with

time sequences of images of a possibly time-varying scene, obtained by a moving visual sensor.

Forty years of research have produced theoretical solutions to many computer vision

problems; however many of these solutions are based, explicitly or implicitly, on unrealistic

assumptions about the class of allowable scenes, and consequently, they often perform unsatis-

factorily when applied to real-world situations. Although the results of machine vision research

during the last decades are by no means negligible, there are fundamental difficulties in devel-

oping computational theories that support robust and real-time vision systems [13]. Most of the

previous research efforts were based on the assumption that the purpose of vision is to provide

an accurate symbolic representation of the external 3-D world. The general interpretation of the

world, could then be further used to solve any world-related problem. This reconstructionist

paradigm [112] considered vision as a goal by itself.
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Introduction

During the last decade, a new vision paradigm has attracted the interest of the computational

vision research community. In the new paradigm, called active vision [9, 23, 7], vision is more

readily understood in the context of the visual behaviors in which the system is engaged [6].

Active vision considers vision as part of a complex system that interacts in specific ways with

the world. Consequently, it tries to explore those aspects of the world that are important to the

system at a given point in time. The interest in active vision is largely motivated by the fact

that all biological vision systems are highly active and purposive. Other motivations come from

interdisciplinary influences from the fields of psychophysics and neurophysiology on one hand

[63, 205], and progress in robotics on the other. In particular, an active vision platform could not

be built without the presence of the compact CCD arrays, motors and control systems of today,

as well as current microprocessor technology [165].

A successful vision system should support two general goals: navigation and recognition

in complex, dynamic environments [7]. A large proportion of research in computer vision

addresses, implicitly or explicitly, these two goals. For both goals, the notion of visual attention

[129] is of central importance. Attention can be understood as the selective sensing in space,

time and resolution, whether it is achieved by modifying physical camera parameters or the

way the data is processed after leaving the camera [165]. Attention may be either task-driven or

data-driven [23]. In the first case, attention is used to focus information gathering and processing

in areas that are more likely to support the achievement of the system's goals. For example,

in the case of visual search for a specific object, focus of attention mechanisms may be used

to direct visual processing in areas of the visual field which are more likely to contain the

desired object. In the second case, attention is used in order to cope with unexpected events. For

example, a sudden motion across the visual field may represent danger, so attention should be

attracted for a more detailed investigation of this event. In either case, the role of attention is

crucial for a vision system, since it drastically reduces the computational effort that should be

spent in order to accomplish its tasks. Consequently, advances in the understanding of visual

attention are considered very important towards the development of effective, real-time vision
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systems.

One of the visual cues that play an extremely important role in driving attention is motion.

Most of the primitive, survival tasks of biological organisms are based on the perception of

motion: It is very likely for a moving object to be either prey to be caught, or enemy to be

avoided [74]. Even in the case where the observer moves in a static environment, the perception

of motion provides important information regarding his own motion in the 3D space [64].

Consequently, the perception of motion is essential for many behaviors that an autonomous

biological or man-made system should exhibit in real world environments.

Recognizing the importance of the visual perception of motion, this dissertation studies one

of its very basic subproblems, that of independent 3D motion detection. Due to the egomotion

(or self-motion) of an observer in the 3D space the whole visual field appears to be moving in

a specific manner, which depends on the observer's 3D motion parameters and the structure of

the scene in view [64]. In case that certain objects move independently, the 3D velocity of the

observer relative to all points in his environment is not the same. The problem of independent

3D motion detection is defined as the problem of locating such objects, if they exist in a scene.

The existence of biological organisms with independent motion detection capabilities motivates

efforts towards constructing artificial systems with similar capabilities [65]. The ability to detect

independent motion is a prerequisite for the autonomous navigation of a robot in dynamic

environments. Furthermore, in other application areas that are not directly related to robotics,

such as animation and virtual reality, independent motion detection mechanisms form powerful

tools for automating tasks which are otherwise too complicated to perform.

In the rest of this chapter, we present the traditional, reconstructionist approach taken in

computer vision during the last decades. We will reason on problems related to the application

of this approach to real systems and we will present the new paradigm of purposive, active

vision. The role of attention mechanisms in active vision systems will be investigated and

special emphasis will be given to motion perception as a cue to attention.
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1.1 Marr's vision paradigm

1.1 Marr's vision paradigm

Marr [112] was the first to articulate a comprehensive computational theory of vision, which has

been an enormous contribution in many different respects. Specifically, Marr proposed that the

general goal of computer vision is to produce an accurate, 3D representation of a scene and a

quantitative description of the characteristics of the objects present in it. Then, all vision related

problems could be solved through symbolic processing applied to the information provided by

such a representation. Marr's theory reflects the theories of the neurologists of his time [89, 189]

according to which the various parts of the brain that are responsible for vision, analyze all

available information, at different levels of abstraction and complexity.

Since the goal of computer vision was to provide a representation of the world, the studies of

the various AI fields became independent and isolated. Vision researchers tackled the problem

of building a 3D representation of the environment as a problem of building a number of

operationally independent subsystems and started studying each subsystem in isolation from the

other subsystems and from the other AI disciplines [64]. A common assumption and hope was

that, after studying each subsystem in sufficient detail, all of them could be optimally integrated

in one practical system. Unfortunately, the correct blending of results has not been successful

to date. One basic problem of the reconstructionist theory of vision is that the extraction of a

complete representation of the external world has immense computational requirements. For

example, the human brain devotes half of its neurons to visual processing [7]. Moreover, even

if a complete representation was available, the extraction of information out of it would require

enormous computational resources.

1.2 Purposive and qualitative active vision

Recognizing the difficulties of the traditional approach to handle the problem of visual percep-

tion, many researchers started in the mid 80's to look for alternative approaches. At that time,
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researchers in the fields of psychophysics and neurophysiology [16] and also of computational

studies of behavior [37], begun to realize that the sensory capabilities of an organism are adapted

to its environment, its goals and the physiology of its body. Living organisms use vision in order

to navigate safely in their environment, to recognize their prey and enemies, and to support

goals of vital importance. There are various visual systems with completely different visual

capabilities. For example, certain frog species are able to see something only if it moves [74].

There are numerous other examples of biological visual systems, whose properties deviate sig-

nificantly from those of the human visual system. A common characteristic of all these systems

is the efficiency with which they support the functions of the organisms possessing them. In

general, the visual capabilities of an organism are more effectively studied in the context of the

behaviors it is expected to exhibit. Vision and intelligence cannot be disembodied: they have no

meaning if they have no goals to achieve and a body to interact with the environment [38].

Based on the above, a new theory of vision was formulated, which was named purposive and

active vision [9, 23, 7]. The terms animate vision [26] and exploratory vision [24] have also been

used. One of the fundamental aspects of the purposive theory of vision is that the decomposition

of a vision system into subsystems is not based on the type of their input (e.g. structure from

motion, structure from shading, structure from texture, planning, learning etc), rather on the

basis of the behaviors that the system should exhibit. Each behavior is implemented by a set of

processes which cooperate for achieving the goals of the system. Each process is dedicated to

understand certain aspects of the world that are immediately related to the goal to be achieved

and, therefore, it uses a partial representation of the world. The set of processes that are active at

a certain moment in time is determined by the goals of the system. Essentially, according to this

theory, the goal of vision is to transform the visual stimuli in sequences of actions (behaviors).

This is contrasted with Marr's theory, where the goal of vision is to transform the visual stimuli

into a global representation of the environment, which may serve the solution of any vision

related problem. A key contribution of the theory of active vision is that it provides researchers

with a new interesting question, which leads to a new way of thinking about vision: Is a general
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representation of the environment needed after all?

The purposiveness of visual processes enables the formulation and the solution of simpler

problems. Consider for example the problem of visual detection and avoidance of obstacles

[71, 87, 142, 125, 28]. According to Marr's theory, a complete and accurate representation of

the world is built, and the problem of obstacle avoidance can be solved through symbolic

processing based on that representation. On the contrary, purposive vision approaches the

problem by defining and handling a set of immediate questions that should be answered for the

obstacle avoidance behavior to be achieved. Is the observer in collision trajectory with some

objects? How much time (in terms of the observer's reaction time) remains until collision? Such

questions have a relative small number of answers and can be treated in a qualitative manner [7].

If it is possible to directly answer such questions, then the combination of the answers may lead

to a robust solution of the overall problem and the complete representation of the environment

is not needed any more (e.g. [125]). The goal of algorithms that answer the above questions is

to solve many, very specific problems under general (loose) assumptions rather than trying to

solve a general problem, which can only be done under very restrictive assumptions.

A fundamental issue in active vision is that the observer is actively involved in the image

acquisition process by controlling some of the related parameters that can be classified in the

following four categories [132]:

� Optical parameters, which include focal length, lens parameters etc. Such parameters

determine the way in which a scene is projected on the photo-sensitive surface.

� Sensor parameters, that determine the way in which the photo-sensitive surface is

sampled. Such parameters include the shape of the photo-sensitive surface, the distribution

and sensitivity of receptors, etc.

� Mechanical parameters, which control the position and velocity of the camera in 3D space.

Through their control, the observer is able to see different aspects of the environment, to

fixate on certain objects, to track them, etc.
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� Algorithmic parameters. Their control determines the detail in which computations

proceed, as well as the coordination of the individual subprocesses running in parallel. The

large volume of computations to be performed suggests their parallel execution and the

support of various models of parallel processing [113]. The coordination among them is

of utmost importance since all processes compete for the limited computational resources

of a system which should have a reaction time capable of keeping up with rapid changes

in the environment.

Through the control of the above parameters, the observer becomes able to [132]:

� Exploit natural search. Instead of using algorithmic search in an image, the selection

of appropriate parameters may enable the acquisition of images that simplify further

processing. Consider for example the case of partial occlusion. A certain object may not

be completely visible in a specific frame. By moving the visual system, the observer may

acquire more frames containing views of the object from different visual angles, which

provide supporting evidence for the object's identity.

� Exploit controlled movement. Since the mechanical parts are under the system's control,

it can perform known movements that constrain the relation of images taken at successive

time instances.

� Exploit object-centered reference coordinate systems. The ability to fixate on certain

points of the world, enables the system to use coordinate systems centered on the fixated

points, rather than on the camera nodal point (which is the case in egocentric reference

systems). Object-centered reference coordinate systems enable the definition of problems

and the achievement of behaviors relative to the fixation point (e.g. grab the object which

is at the fixation point, or look behind the current fixation point). The ability of an active

vision system to focus its attention to objects of interest, facilitates the use of deictic

representations [199], which isolate the objects that are directly related to the system goals.
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Such representations are much less complex than those targeting a complete description

of the environment, thus facilitating the applicability of learning algorithms [200].

� Exploit simple mathematical models. The ability of a system to fixate on certain points

of the world can bring the points of interest near the optical axis, enabling the use of

simple projection models (e.g. orthographic projection), as opposed to the use of the more

complex perspective projection model.

� Exploit sensors with nonuniform resolution. Recently, technological advances have made

it possible to build foveated cameras [170, 196, 195]. It has been demonstrated that, in

certain cases, the use of nonuniform resolution cameras simplifies some of the required

computations [196]. The characteristics of such sensors [56] require a visual system to

be active, so that objects of interest can be brought into the center of the visual field and

images at maximum available detail, with the proper control of the optical and mechanical

parameters.

A general model of vision, which conforms with the general principles of active and

purposive vision, is the one proposed by Ferm�uller and Aloimonos [67] and shown schematically

in Fig. 1.1. The basic entities in this model are the visual competences, the purposive

representations, the actions, learning and memory.

The system has always a set of goals to achieve. The visual competences process the

visual input extracting the information that is directly related to the system goals. This results

in purposive representations of the environment, which actually encode the intelligence of the

system. These representations trigger specific actions of the system, which can be either internal

or external. Internal actions change the state of the system, while external actions enable the

interaction of the system with its environment. Actions are stored in an associative manner

[98], that is they are accessible based on the contents of the representations. A series of actions

constitutes a specific behavior of the system. Representations and actions, as well as other

important information are stored in memory. Learning procedures enable the system to learn

9
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Figure 1.1: An abstract model of a purposive active vision system.

proper values for its parameters, new actions, new visual capabilities, new representations and

proper representation/action combinations that facilitate the achievement of specific goals. In

this way, a system may adapt to new situations and environments, without the need for detailed

pre-programming of all possible situations that the system may encounter. The role of learning

is of great importance in the case of systems with selective perception [114].

1.3 The role of attention in active vision

A visual signal contains information about shape, motion, color, depth, texture etc. According

to the theory of active and purposive vision, this information is much more than the system

needs or can simultaneously cope with. Thus, a fundamental problem for a vision system is

to determine what information from the image should be used and what representation of it

needs to be built so that the interaction of the system with its world can be most effective [8].

In other words, the system needs to recover partial information about the scene. The partial

information to be recovered depends on the tasks that the system must carry out, i.e. on its
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Reconstructive approach Active and purposive approach

Goal: Built representation Goal: Define visual capabilities

Use of all subsystems Use of processes needed

Passive image acquisition Active image acquisition

Complete visual processing Selective visual processing

Processing at maximum detail Processing at sufficient detail

Unlimited resources Resource limitations

Table 1.1: Comparison of reconstructionist and purposive vision paradigms.

purpose. This is precisely the role of attention mechanisms in such a system. In general, focus

of attention in vision can be understood as a selection mechanism for economizing sensory

information gathering, processing and storing, with respect to a given task [24]. Thus, focus of

visual attention, active vision and purposive vision are tightly coupled concepts. A system can

only be purposive if it is active [24] and, in order to be purposive it must be able to focus its

attention [25]. Finally, for a system to be able to focus its attention, it must be active [52].

In the presence of focus of attention mechanisms, a vision system performs a spatially

selective processing of a scene, at the required resolution, taking into account only the

information needed for the effective solution of the problem at hand. On the contrary, in the

absence of any focus of attention mechanisms, a vision system must process the whole visual

field, at maximal resolution, taking into account all possible visual cues and all internal world

models. Table 1.1 (taken from [27]) summarizes the differences between the reconstructionist

and the purposive vision paradigms. In the latter, attention is used to filter the information

acquired and processed by a vision system.
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1.3.1 Types of visual attention

According to the taxonomy proposed in [165], visual attention may be task driven, context

driven or feature driven. Task driven control of visual attention may be independent of visual

processing. For example, during navigation, visual attention may shift between a distant point

and a point just in front of the vision system. If nothing unexpected happens, this strategy does

not depend on visual processing.

Context driven strategies are those based upon the availability of partial evidence supporting

a given task. For example, in a face recognition system, once the mouth of a face is located,

the nose may be searched in specific regions of the image. The TEA-1 system, presented by

Rimey and Brown [141], supports certain context related attentional strategies. TEA-1 operates

on the 2D world of dinner-table images. Another effort towards context-based attention has

been reported by Wixson [201], who tried to incorporate knowledge about world structure to

efficiently search for objects.

Feature-related control of visual attention, on the other hand, is based on the result of low-

level visual processing. Feature based focus of attention mechanisms may be classified into two

classes, according to the purpose they serve [24]: Focus on an expected stimulus and focus on an

unexpected object/event. The former steers the system under normal conditions in the sense of

``watch what you are doing'' type of guidance. The latter is invoked as a protection mechanism

of the ``watch out for what is happening'' type. If an unexpected event is encountered, the system

is interrupted and must decide whether to pay attention to the unexpected event or continue the

previous activity.

1.3.2 Inputs to attention

Independently of the purpose that attention mechanisms serve, one important issue is the

identification of visual primitives and features that drive attention. Potential candidates are
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separable features, which can be attended to selectively, and processed separately and in parallel

[91]. Moreover, such visual features must be informative at low resolution, since, prior to any

shift of attention, the target object or event is typically in the periphery of the visual field.

Visual cues that drive attention can be distinguished into static and dynamic features [176].

For example, static features can be color, texture, corners, line endings, symmetry etc. Dynamic

features may represent motion, illumination change, and other changes in the field of view

[157]. A lot of research effort has been devoted to determining features that can drive attention.

These include color, brightness, texture, motion, depth, line orientation, curvature, line endings,

symmetry etc. [176, 91, 46, 186, 153, 145, 140]. Motion and color deserve special mention, since

they are descriptive at low resolution.

Besides determining what are the visual primitives that may trigger attention, an important

question is how these features can be combined to permit a decision on where attention should

be focused. This is the problem of target selection. Ahuja and Abbott [4] see the problem of

target selection as one of minimizing an objective function in a system for surface estimation.

Treisman [176] proposes a framework for visual search in which feature maps are related to

a master map of locations, through which focused attention serially conjoins the properties of

different objects in the scene. This model, inspired by her findings of relevant psychological

studies, is consistent with the idea of a pooled signal conveying information about the presence,

but not the absence, of a distinctive feature. Swain and Ballard [164] proposed a model of

object indexing based on color cues. In the work of Rimey and Brown [141], Bayes nets are

used to incorporate evidence provided by visual cues into the system. Clark and Ferrier [49]

propose a saliency based attention control. As visual data are acquired, a saliency value is

computed for each possible position and the attention is shifted towards the configuration of

maximum saliency. Visual features are combined to produce a saliency map by forming a

weighted combination of feature values. Swain and Stricker [165] discuss an interesting analogy

between an attentional system and a computer operating system. The operating system serves

to allocate scarce resources. Likewise, the attention mechanism in vision allocates the scarce
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resources of the fovea to multiple visual tasks. These tasks may have conflicting requirements

and, therefore, may direct the fovea to different points in visual space. Shifts in visual attention

can be thought of as arising from a scheduling system which gives control of the position of

the fovea to different visual tasks. Finally, Hinton [78] proposes a connectionist approach based

on the notion of population coding, as the means to combining simpler features to obtain more

abstract objects or constructs.

1.3.3 Attention mechanisms

The photosensitive surfaces of the eyes of many biological systems are characterized by

a nonuniform spatial distribution of photoreceptors which gives rise to nonuniform spatial

resolution. More precisely, they present maximum resolution near the fovea, at the center of

the optical axis, while the resolution decreases towards the periphery [165]. One feature of this

design is the simultaneous support of a large field of view and high acuity in the fovea. This

is an economical solution both in terms of sensory elements and in terms of the number of

neurons required for processing of the visual input. Studies have shown that, if the resolution

of the human eye were everywhere equal to its resolution near the optical axis, humans would

have a brain weighting approximately ten thousands tons [147, 132]. With the small fovea

at a premium in a large visual field, it is not surprising that the human visual system has

special fast mechanisms (saccades) for moving the fovea to different spatial targets. These

fovea-directing mechanisms actually implement elaborate focus of attention mechanisms. The

control mechanisms that are used to change or maintain attention comprise the larger problem

of gaze control [52]. The problem of gaze control may be broken down functionally into the

subproblems of gaze holding on a visual target and gaze shifting between targets. Gaze shifts,

called saccades, transfer fixation rapidly from one visual target to another. Holding gaze (or

tracking [85, 195, 130, 12, 40, 97, 53, 5, 134, 119, 139]) involves maintaining fixation on a

moving visual target. Figure 1.2 (taken from Coombs [52]) presents a top view of binocular

gaze geometry. The selection of the fixation point requires the control of the gaze pan and tilt
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Pan angle

Fixation
Point

Target Object

Baseline

Vergence angle

Figure 1.2: Top view of binocular gaze geometry. The gaze vector consists of the gaze pan and

tilt angles, and the vergence angle (from [52]).

angles (baseline control) and the vergence angle. Biological organisms continuously change

their optical and mechanical parameters by exploiting their gaze control mechanisms.

In recent years, technological advances in the fields of optical sensors (CCD cameras), mi-

croprocessors, microcontrollers and motors has enabled the construction of artificial, binocular

head-eye systems [39, 131], that possess most of the degrees of freedom of biological systems.

Such systems, along with the design of special hardware for real time image processing, can

be employed to experimentally test and verify active vision methodologies. Figure 1.3 shows

the four independent degrees of freedom of a typical head-eye vision system: Vergence control

for each camera, pan and tilt control. The control of active vision heads is a topic of current

research interest. Coombs [52] and Coombs et al. [40] present mechanisms for real time gaze

holding. The basic assumption in this work is that the target object is initially fixated. That is,

attention may not be attracted by a moving object, but may be maintained on a moving object, if

this is initially fixated by the head-eye system. In [39], Brown presents several relevant efforts

at the University of Rochester and, in [131], Pahlavan and Eklundh describe issues related to the
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Left Vergence control

Tilt control

Pan control

Right Vergence control

Figure 1.3: The geometry of a typical active vision head.

design and control of the KTH head eye system. Clark and Ferrier [49] deal with issues regarding

the control of the Harvard head system, and Weiman presents in [196] simple-target centering

algorithms in log-polar image representations.

1.4 Independent motion detection

Detection of motion is essential to survival. From animals at the lower end of the evolutionary

scale to man, moving objects are likely to be either dangerous enemies or potential food

and, therefore, appropriate rapid action is absolutely essential. Indeed, it is only the eyes of

the animals higher in the evolutionary scale which can signal to the brain in the absence of

movement. The peripheral vision system is sensitive only to movement [74]. This can be easily

verified by waving an object at the periphery of the visual field. In this case, movement is seen,

although it is impossible to identify the object. When the movement stops, the object becomes

invisible. The very extreme edge of the retina is even more primitive. When stimulated by

movement we perceive nothing, but a gaze shifting mechanism is initiated, which rotates the

eye to bring the moving object into central vision [74]. In a world in which changes of state

16



1.5 Main theme of the dissertation

are more important than the states themselves, the perception of motion provides a rich input to

attention, informing the system about dynamic changes in the environment.

In terms of our previous discussion about attention, motion is a dynamic cue driving feature

based attention. Furthermore, in terms of Bajcsy's decomposition [24], the motion cue may

drive attention to both the unexpected stimulus and the expected event. The former is the case

in which attention is shifted to a moving object, while the second is the case in which attention

is maintained on a moving object (e.g. through tracking).

1.5 Main theme of the dissertation

The problem of visual detection of moving objects comprises the main theme of this dissertation.

For the purpose of this dissertation, we will assume an observer moving relative to its static 3D

environment. In this environment, there may be some objects that may be moving independently

of the observer. The problem of independent motion detection amounts to segmenting the scene

viewed by the observer into its static and moving components. This problem takes a special form

if the observer does not move relative to the environment. In this case, all points of the static

environment are projected at the same locations of the image plane, while, points belonging

to moving objects are projected at different 2D coordinates as a function of time. Thus, in the

case of a still observer, the problem of detecting moving objects can be treated as a problem

of change detection [86, 157]. The situation is much more complicated when the observer is

moving relative to the environment. In such a case, the points of both the environment and the

moving objects project in different 2D locations on the image plane. If independent knowledge

on the observer's motion parameters does not exist, change detection cannot anymore handle

the problem of detection of moving objects. This dissertation studies this second case. This case

is also the most interesting, because biological and man made visual systems are mobile. Even

if the body of an observer is still, the eyes are continuously moving [118].
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This dissertation provides an overview of the research done on the problem of independent

motion detection and contributes to the field with the proposal of a new framework for tackling

this problem. This framework is formed by the proper integration of four novel methods for

independent motion detection which follow the purposive vision paradigm. The advantage

that the proposed methods offer over existing ones is that they make fewer explicit or implicit

assumptions about the external world and the observer. Biological vision systems are always

a source of inspiration. However, the aim of this work is not to imitate biological vision, but

to provide an appropriate computational framework that will endow artificial robotic creatures

with similar capabilities.

1.6 Organization of the dissertation

The rest of this dissertation is organized as follows. Chapter 2 reviews the reconstructionist

approach to motion perception with emphasis on the specific problem of independent motion

detection. In the same chapter, the new purposive approach is also presented and related attempts

at independent 3D motion detection are described. The chapter concludes with a brief description

of the proposed methods and the contribution of the dissertation.

Based on past and current work on independent 3D motion detection, chapter 3 is devoted to

the selection of an adequate motion representation for this problem. The geometry of a binocular

visual system is described. Additionally, we study how the measurements that can be taken from

a temporal sequence of 2D images relate to the 3D motion and structure of the environment. The

analysis reveals that normal flow encapsulates much of the information regarding 3D motion

and structure and, at the same time, can be accurately computed from a sequence of images.

This is contrasted with the computation of optical flow, which is more informative, but turns out

to be a poor selection for independent motion detection.

Having defined the basic motion representation, the following four chapters (chapters 4, 5,
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6 and 7) propose a repertoire of four methods for independent motion detection, each of which

produces information of added value to the results of the others. The methods are presented in

decreasing order of complexity and computational requirements. As we move from expensive

towards cheaper methods, the obtained results are of increasing qualitative nature. Each of

these chapters also contains information regarding implementation issues and performance

characteristics of the corresponding method.

In chapter 4, the problem of independent 3D motion detection is formulated as robust

estimation applied to the visual input acquired by a binocular, rigidly moving observer.

Measurements due to the stereoscopic configuration of the observer and due to his motion are

combined in a linear model. The parameters of this model are expressions that relate the 3D

motion parameters of the observer and the parameters of his stereo configuration. The use of

robust regression as a means to estimate the parameters of this model leads to a segmentation of

the scene based on the 3D motion parameters of its points.

For the method described in chapter 5, measurements obtained by the stereo configuration

at a certain moment in time provide qualitative information about the structure of the scene in

view. Based on this information, the scene is decomposed into layers of approximately constant

depth. For the points of a certain layer, motion segmentation is performed, based on robust

regression techniques. After having segmented each layer, the results from the various layers

are merged into the independent motion segmentation of the entire 3D scene. However, the

observer may use just the results of motion segmentation in a single depth layer, thus focusing

his attention at a specific depth. By considering the subset of the scene points that belong to a

specific depth layer, important performance gains may be obtained in comparison to the first of

the proposed methods.

Chapter 6 presents a computational approach to independent motion detection that is

even more qualitative and has even lower computational requirements. More specifically,

this method makes an indirect comparison between qualitative structure information that is
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computed from the stereo configuration and qualitative structure information computed from

motion information. This information is computed in image patches. If all the points of a

patch have the same 3D motion parameters, then the compared representations are the same

within a constant scale and shift factor. Inconsistencies in the compared representations signal

independent motion. It is noted that this comparison is able to determine whether in an image

patch there is one or more rigid motions. Therefore, it can effectively be used to delineate 3D

motion discontinuities.

In chapter 7, a different aspect of independent motion is recovered. A comparison of motion

representations acquired by a monocular moving observer is performed to detect changes in 3D

motion, rather than to detect independent motion itself. Besides being able to detect maneuvers

of rigidly moving objects, the method is also capable of detecting non-rigidly moving objects

and of deciding whether the observer has constant 3D motion parameters.

In chapter 8, experimental results from the application of the proposed independent motion

detection methods are presented. In order to facilitate experimentation, a simulation environment

has been built. This environment enables the definition of a virtual 3D space, where a binocular

observer and a number of objects move with 3D velocities defined by the user. Chapter 8 reports

experimental results for all the proposed methods for independent motion detection applied to

the data provided by the simulation environment. The proposed methods have also been tested

on real world stereoscopic image sequences acquired by TALOS, the binocular robotic platform

of ICS FORTH 1.

In chapter 9, the proposed methods are compared and discussed. Furthermore, we present

some thoughts on an integration scheme that enables us to tackle the problem of independent

motion detection based on the goals and the computational resource limitations of a robot

equipped with visual sensors. This integration scheme follows closely the design principles

of purposive vision and it is shown that it has several beneficial characteristics regarding

1Institute of Computer Science, Foundation for Research and Technology - Hellas
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performance, efficiency, robustness and extensibility.

Finally, chapter 10 concludes the dissertation by summarizing its contributions and by

providing directions of further research towards building artificial systems possessing visual

capabilities.
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Chapter 2

Visual Perception of Motion

... several groups of animals that move have evolved a variety of

visual mechanisms which prevent collisions, detect the direction of

a distant movement and pursue prey or mates... Motion detection

is the characteristic of those eyes, and it is this level of complexity

without a large brain behind the eye, where there is now scope for

copying the processing mechanisms of these eyes into artificial

systems with available technology. Human technology is evolving along

the same path, in that our cameras have excellent resolution but as

yet no brains at all

G. A. Horridge (1987)

2.1 Overview

Until recently, the majority of studies on visual perception of motion were highly influenced by

Marr's vision paradigm. In this chapter, a brief overview of such approaches is provided with
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emphasis on studies of the visual perception of independent motion. Independent motion is also

examined from the point of view of the purposive vision paradigm. The chapter concludes with a

brief description of the methods proposed in this dissertation and a summary of its contributions.

2.2 The reconstructionist approach to motion perception

Studies of motion perception in the context of reconstructionist approach to vision consider the

following distinct subproblems:

� The problem of 2D motion computation. The relative motion of an observer with respect

to its 3D environment causes a point of the 3D space to project on different points of

the 2D image plane, in a temporal sequence of images. The problem of 2D motion

computation amounts to the problem of computing the displacements of the projections of

3D points between consecutive image frames. In many cases, the correspondence problem

[81, 47, 104] is solved, i.e. the exact position of individual pixels, lines, corners etc is

computed in successive frames and the differences in their positions constitute the exact

disparity maps. In other cases (especially when the displacements are not too large), the

dense optical flow field [83, 121, 77, 15, 193, 75, 182, 184, 14, 155, 48], is computed.

� The structure from motion problem. The problem of structure from motion amounts to

extracting the 3D motion parameters of the observer and the structure of the environment

based on the 2D motion field already computed from the previous step.

The above two problems are discussed in more detail in the following sections.

2.2.1 2D motion computation

The relative motion between the 3D scene and the observer (eye or camera) gives rise to changes

of the intensity values in a sequence of images. The instantaneous 3D motion of any point
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of an object results in a velocity vector which is assigned to the corresponding pixel on the

image plane1. The problem of 2D motion computation amounts to the computation of these

exact image velocities. To solve this problem, either corresponding features between successive

frames are identified, or a dense vector field is computed, when the motion between successive

frames is small.

The correspondence problem

Correspondence is usually addressed in two steps [104]. First, a type of image primitives is

selected and a similarity criterion between these primitives is defined. Primitives that have been

employed include raw pixels, lines and contours [202]. In an effort to select tokens that differ

from their surroundings, corners have also been employed [121] and points of high interest [117].

Then, for each primitive in one frame, a search is performed which tries to locate this primitive

in the other frame. To do this, a similarity criterion is chosen and the primitive is said to be

found at the position that gives the best match (in terms of the similarity criterion chosen).

For this search (or mapping), various smoothness assumptions have been made about the

spatial and temporal characteristics of motion, which basically restrict either the structure of

the scene in view or the motions of the objects in view [47, 103]. Finally, in order to reduce

the computational requirements of the search, heuristic rules have been employed. Such a

formulation constrains a feature to move in a way similar to neighboring features [29, 62].

There are inherent difficulties related to solving the correspondence problem, which is an

ill-posed problem2 [31]. Unfortunately, the constraints imposed by the image acquisition process

are inadequate for ensuring a unique solution to the problem. A simple example is presented in

Fig. 2.1. Suppose that the two dots in the left image (1) have been moved to the configuration

1Note that we can only speak about or measure relative motion. Thus, a 3D motion vector can be assigned even to

the ``static'' points of the environment due to the motion of the observer.
2A problem is characterized as ill-posed [13] when (a) it has no solution, (b) it has many solutions, or (c) its

solution(s) do not continuously depend on the input.
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1 2

Figure 2.1: The problem of dot correspondence.

of the right image (2). In this case there are two, completely different motions that can give

rise to such a result. The dots may have been moved as the horizontal, solid arrows suggest,

or as the diagonal, dashed arrows suggest. In order to ensure a unique solution, additional

constraints should be imposed, which is achieved through making restrictive assumptions about

the environment. Such assumptions are valid in specific types of environments and, wherever

they are not valid, the performance of computing the correspondence between features is very

poor.

It should also be noted that correspondence techniques usually accept the best among a

number of matches, without being able to determine whether a match exists. For example, in

cases of a large motion, parts of the scene in view become invisible due to occlusion, or they

were previously occluded and become visible. Tokens residing in these areas do not have a

corresponding token in the other image and, therefore, any effort to solve the correspondence

problem will lead to wrong results.

Optical flow computation

The relative motion of the observer with respect to the scene gives rise to motion of brightness

patterns that are formed on the image plane. The instantaneous changes of the brightness patterns

are analyzed to derive the optical flow field, a dense, two dimensional vector field reflecting the

image displacements.
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Similar to the case of the correspondence problem there are inherent difficulties in the

computation of optical flow. First of all, the optical flow is defined in terms of the changes of

intensity patterns in an image. However, changes in intensity, are not always due to physical

movement [82]. For example, consider a camera that acquires images of a stationary sphere

illuminated by a moving light source. The motion of the light source will result in changes in

the intensity patterns recorded by the camera. On the other hand, if a sphere with no texture is

rotating under fixed illumination, then no change in image intensity will be recorded. Thus, in

some cases, the computed optical flow field does not correspond to a physical motion and, in

other cases, no optical flow can be measured although there is motion in the imaged scene. Verri

and Poggio [184] have shown that the motion and optical flow fields are identical in specific

cases only.

Even in the cases that these two fields are identical, there are problems regarding the

computation of optical flow. The optical flow vector at each point is computed locally, based

on a small spatiotemporal neighborhood of that point. However, it can be shown that optical

flow cannot be recovered correctly based on local information only. More specifically, the

component of the optical flow that is parallel to the feature (i.e. parallel to the tangent of the

contour at that point) cannot be recovered (for a detailed, technical explanation see Chapter 3,

pp. 44). This is an inherent problem of optical flow and does not depend on the technique used

to estimate it. In an effort to overcome the problem, techniques for computing optical flow

involve two computational steps that exploit two different constraints that are needed for its

computation. In a first step, assuming the conservation of some type of information within the

image frames, the locally available velocity information is computed. Three different approaches

can be distinguished [155]: gradient based approaches which assume conservation of image

intensity [83, 121], correlation based techniques which assume conservation of the local intensity

distribution [203, 45, 15, 14] and spatiotemporal energy-based approaches [190, 1, 70, 75, 204]

which are analogous to gradient-based approaches in spatiotemporal frequency space.

In a second step, and in order to derive a second constraint, additional assumptions have to
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be made. Either some kind of smoothness is assumed, or the shape of the scene is geometrically

modeled to obtain constraints on the optical flow values. Employing additional smoothness

assumptions to recover an unknown function when the available constraints are not sufficient

is a general mathematical technique known as regularization which has been introduced to

computer vision by Poggio [137]. A regularization technique has been used by Horn [83] which

is based on the hypothesis that optical flow varies smoothly in most parts of the image. However,

regularization cannot, in principle, cope with multiple motions, depth discontinuities or violation

of the assumption regarding intensity conservation. Uras [182] requires that the gradient of the

image brightness does not change over time. In other cases [163, 120, 193, 192] assumptions

about scene geometry have been employed rather than smoothness of the optical flow field.

Such a typical assumption is that the world can be locally approximated by planar surfaces.

For a more detailed presentation of different approaches for optical flow estimation the

reader is referred to [155]. Furthermore, a comparative study of representative optical flow

techniques can be found in [30].

2.2.2 Structure from motion

Assuming that accurate information is available either in the form of correspondences or in the

form of a dense optical flow field, the 3D motion and structure of the scene can be computed

from equations that relate the measurements of 2D motion to the 3D motion parameters.

The problem of structure from motion has been extensively studied at a theoretical level.

A number of results concern the type of information about the motion of the observer and the

structure of the environment that can be extracted through a sequence of images [180, 181]. The

conditions which guarantee uniqueness of the solution [109, 177] and the behavior of structure

from motion methods in the presence of noise [177, 158, 3] have also been investigated. At a

practical level, a plethora of algorithms have been designed for the computation of the structure

of a scene [80, 191, 192, 198, 178, 159, 172, 151, 166, 197, 105, 136].
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2.2 The reconstructionist approach to motion perception

In general, the reconstruction of the 3D motion and the structure of a scene cannot be unique

because in principle, any arbitrary motion is possible. Therefore, a motion model is required.

Since many of the structures of the world are rigid, rigidity [181] or at least piecewise rigidity is

usually assumed as the basis for all studies.

The exact form of the equations relating the 2D motion with the 3D motion parameters and

structure is determined by the type of projection assumed. From the plethora of projective models,

the orthographic and the perspective models [122] are those most commonly encountered. The

orthographic model yields linear equations, but is a realistic approximation in a small area

around the camera optical axis, or in the whole visual field of cameras with large focal length.

Because of the relative simplicity of the orthographic projection model, it was the first that was

considered in attempts at solving the structure from motion problem [181, 80, 10, 80]. On the

contrary, the perspective projection model is more realistic, but it results in a non linear relation

between the 3D motion and structure and the 2D image motion.

2.2.3 Independent motion detection

Independent motion detection3 has been often approached as a problem of segmentation of the

two dimensional motion representation that has been computed from a temporal sequence of

images. The general algorithmic framework that is applied by these methods is the following:

1. Extract some type of motion representation from a temporal sequence of images.

2. Assume that this information is described by some kind of 2D model.

3. Detect the discontinuities of this model and report them as 3D motion discontinuities.

Based on different alternatives regarding each of the above algorithmic steps, a great variety of

different methods has been proposed. Step (1) is implemented by any of the available optical

3In the remainder of this dissertation and, unless it is explicitly stated otherwise, we will refer to the problem of

independent motion detection for the case of a moving observer
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flow estimation methods or by employing the spatiotemporal derivatives of the image intensity

function. In step (2), an affine or a quadratic model [179] is assumed for the optical flow.

According to the affine model, the optical flow �u� v� at a point �x� y� of an image can be

modeled by the following equations:

u � a0 � a1x� a2y

(2.1)

v � b0 � b1x� b2y

where a0, a1, a2, b0, b1 and b2 are the six parameters of the model. The quadratic model (known

also as pseudo-projective), models �u� v� with eight parameters as:

u � a� bx� cy � gx2 � hxy

(2.2)

v � d� ex� fy � gxy � hy2

In [187], the parameters of an affine model are estimated locally in image patches. Patches

are then combined in larger motion segments based on a k-means clustering scheme that

merges two layers if the distance of their motion parameters is sufficiently small. Some

methods do not compute optical flow, but they are based on the spatiotemporal derivatives

of the image intensity function, the so called normal flow. For example Irani et al [93] and

Torr and Murray [174] perform independent motion detection based on normal flow rather on

optical flow. However, again two dimensional models are employed. Nordlund and Uhlin

[127] estimate the parameters of an affine model of 2D motion. By constraining the spatial

extent of the independently moving object, they assume that the estimation of the dominant 2D

motion will not be affected considerably by the presence of the independently moving object.

Therefore, independent motion can be achieved by determining the points where the residual

between the measured flow and the flow predicted by the estimated parameters is large. Major

emphasis is usually put on step (3), for which a variety of techniques have been proposed. For

example Bober and Kittler [34] combine robust statistics with the Hough transform to detect
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independently moving objects. In [88], robust statistics and more specifically M-estimators4 are

used to distinguish the dominant 2D motion from the secondary 2D motions. A similar idea is

exploited by Ayer et al [22], where two other robust estimators, namely Least Median of Squares

and Least Trimmed Squares are used to discriminate the dominant from the secondary 2D

motions. Bouthemy and Francois [35] view 2D motion segmentation as a problem of statistical

regularization using Markov Random Field models. Some other methods, approach independent

motion detection as a problem of change detection. Change detection [86] is usually applied

in the case of a still observer. In that case, there is no relative motion of the observer with

respect to the still background, while there is a relative motion of the observer with respect to

any independently moving objects. Change detection methods are used to detect exactly this

discriminating property. Paragios and Tziritas [135] also apply change detection in the case of

a moving observer. First, the dominant 2D motion is estimated and then compensated. After

compensating for the dominant (i.e. observer's) motion, a change detection algorithm is applied

to isolate regions that move independently. Odobez and Bouthemy [128], also take the approach

of camera motion compensation by employing multiscale MRF models.

Many of these methods produce good results in certain classes of scenes, but have two

basic drawbacks that are related to some inherent problems of steps (1) and (2) of the general

algorithmic framework presented earlier. The methods that are based on the computation of

optical flow tend to eliminate the effect they are trying to detect, because the smoothness

assumptions that are employed in order to compute optical flow, tend to eliminate the existing

motion discontinuities. Another drawback stems from the simplified 2D motion models that

they employ. As it will be shown later in Chapter 3, the projection of 3D motion on the 2D image

plane depends on certain characteristics of the observer (e.g. focal length of the system), on the

parameters of the relative 3D motion between an object and the observer and, on the depth of the

scene. Therefore, discontinuities in the computed 2D motion field are not only due to 3D motion

discontinuities (i.e. independently moving objects), but also due to depth discontinuities. The

4For a brief introduction to robust estimators see Chapter 3.
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simplified 2D models that are employed by all the previous methods do not take into account

the depth of the scene. This is equivalent to assuming that depth is constant which is in principle,

an unrealistic environmental assumption. For this reason, all the above methods perform well

in scenes where the depth variation is small compared to the distance from the observer. In

the case of scenes with large depth variations, these methods cannot provide reliable results.

For such scenes the segmentation of the 2D optical flow field is not equivalent to a 3D motion

segmentation.

In an effort to overcome the inherent problems of employing 2D models of motion, the

more accurate 3D models have been employed. By employing 3D models the problem becomes

much more complicated because extra variables are introduced regarding the depths of the

scene points. Thus, certain assumptions are made in order to provide additional constraints

for the problem. Common assumptions of existing methods are related to motion of the

observer, on the structure of the scene in view, or both. Most of these methods depend, again,

on the accurate computation of the optical flow field. Wang and Duncan [188] present an

iterative method for recovering the 3-D motion and structure of independently moving objects

from a sparse set of velocities obtained from a pair of calibrated, parallel cameras. Based on

stereo correspondences, the method extracts the structure of the viewed scene and identifies

independently moving objects by examining the consistency between the stereo disparities, the

left/right image flows and the estimated 3-D motion components. Jain [94] has considered the

problem of independent 3D motion detection by an observer pursuing translational motion. In

addition to imposing constraints on egomotion (the observer's motion cannot have rotational

components), knowledge of the direction of translation is required. The method of Clarke and

Zisserman [50] is, again, applicable to the case of a purely translational egomotion. Adiv [2]

performs segmentation by assuming planar surfaces undergoing rigid motion, thus introducing

an environmental assumption. In order to determine the motion parameters of the moving plane

and to group the motion vectors, he employs a Hough transform. A very interesting method is

proposed by Lobo and Tsotsos [108] which is based on the Collinear Point Constraint (CPC).
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The CPC defines a way of selecting projections of optical flow vectors so that the combined

motion for these vectors depends only on the translational motion the observer. Given this, the

Focus of Expansion and the parameters of rotational motion can be determined. The estimation

of egomotion will not be affected much by the presence of an independently moving object

that covers a small portion of the field of view. Therefore, such objects can easily be detected

because their flow will not be compatible with the one suggested by the estimated egomotion

parameters. Torr and Murray [173] approach the problem of independent motion detection by

exploiting the epipolar constraint. More specifically, the problem of motion segmentation is

transformed into one of finding a set of fundamental matrices which optimally describe the

observed temporal correspondences. Thompson and Pong [169] derive various principles for

detecting independent motion when certain aspects of the egomotion or of the scene structure are

known. Although it is an inspiring work, the practical exploitation of the underlying principles

is limited because of the assumptions they are based on and other open implementation issues.

Finally, Thompson et all [168] employ the rigidity constraint in order to detect independently

moving objects based on robust regression, applied to point correspondences that have been

established under an orthographic projection model.

2.3 Purposive approaches to motion perception

The principles of active vision presented in the previous chapter may serve as a starting point

for a new approach to visual perception of motion. Based on these principles, Ferm�uller [64]

proposes the synthetic approach. According to this approach, a robotic system should initially

be equipped with very simple capabilities which should then be progressively enriched by new,

more complex ones. The capabilities are related to behaviors that the system should exhibit while

navigating, such as egomotion estimation, independent motion detection, obstacle avoidance,

motion programming in order to reach a desired destination, etc. Some initial efforts for tackling

the first two problems are given in [64]. Obstacle avoidance is treated in [125, 142, 28], while
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initial efforts towards motion programming are presented in [123, 54]. The synthetic approach

of Ferm�uller resembles the hierarchical subsumption architecture proposed by Brooks [37].

The synthetic approach to vision problems conforms with the results of research in the field

of neurobiology [205] where experimental results have shown that biological vision systems

have sets of neurons that are responsible for specialized capabilities. This approach is also in

agreement with the theory of evolution. Species that at a certain stage of their evolution acquired

photo-sensitive sensors, probably did not obtained all their visual capabilities at once, but at

different times, based on their needs. Consequently, there may be different visual processes

implemented by different sets of neurons.

2.3.1 Purposive approaches to independent motion detection

Among the various behaviors that an active, purposive system should exhibit in order to navigate

successfully, that of independent motion detection is of primary interest in this work. According

to the purposive paradigm, qualitative capabilities should be developed, which may answer

simpler questions in a robust manner. From a technical point of view, these capabilities should

not rely on the computation of optical flow, which is provably ill-posed in the general case but

on simpler, more goal directed representations of the environment.

Methods for independent motion detection that fall within this context have already been

proposed. One method has been proposed by Sharma and Aloimonos [149, 150]. However, as in

the case of [94], known translational egomotion is assumed. For such an egomotion, it is known

that all optical flow vectors emanate from a specific point which is called Focus of Expansion

(FOE) if vectors diverge from that point (Fig. 2.2(a)), or Focus of Contraction (FOC), if vectors

have the opposite direction. The coordinates of the FOE are directly related to the translational

egomotion parameters. Thus, if egomotion parameters are known, then the FOE, and therefore

the direction of optical flow at each point is also known. The normal flow vectors due to an

optical flow vector are constrained to lie on a half-plane, as shown in Fig. 2.2(b). Since the
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Figure 2.2: (a) Optical flow vectors are parallel to lines intersecting at the FOE, (b) An optical

flow vector can only produce normal flows that lie on the half plane that includes the circle.

direction of the optical flow vectors is known, the half plane on which a normal flow should lie

is also known. Normal flow vectors that violate this constraint can only be due to independent

motion. Nelson [124] presents two methods for independent motion detection, which are also

based on the normal flow field. The first of these methods requires a priori knowledge of

egomotion parameters and assumes upper bounds on the depth of the scene. Based on the above,

normal flow vectors are again constrained to lie on specific areas of the plane. Normal flow

vectors that do not meet this constraint are reported as due to independent motion. The second

method detects abrupt changes of independent motion rather than independent motion itself.

A distinctive feature of the methods presented in this section, which differentiates them

from other existing methods, is that they do not rely directly on the estimation of the motion

parameters in order to provide answers to the problem of independent motion detection, but

rather they rely on geometrical properties of the normal flow field. Thus, the solution of the

structure from motion problem is by-passed. However, these methods are based on the restrictive

assumption of either known or restricted egomotion.
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2.4 Contribution of this work

In order to overcome the limitations of existing methods that rely on restrictive assumptions

about the environment and�or the observer, this thesis proposes four new methods for inde-

pendent motion detection. Each of these methods has specific characteristics (effectiveness,

computational performance, representation of results) which favors its application under differ-

ent circumstances. The integration of these methods under a unified framework provides a very

good balance of effectiveness and performance.

The present work makes several contributions in the research area of independent 3D

motion detection. First of all, based on the principles of purposive vision, an effort is made

towards the definition of an adequate representation of visual motion, rather than trying to fully

recover motion information. Towards this goal, we develop algorithms for independent motion

detection which rely on the computation of normal flow rather than optical flow. It is considered

preferable to rely on qualitative information that can be computed without environmental

assumptions, instead of relying on general representations that can be robustly constructed in

very restrictive environments and situations.

In the rest of this dissertation, it is shown that normal flow, the component of motion in

the direction of the image gradient, although less informative than optical flow, may comprise

a stable basis for developing independent motion detection capabilities. Based on the specific

questions asked, different manipulations of normal flow give rise to proper representations of

the motion characteristics of a scene. The set of these methods and representations may be used

by a purposive system according to the aspects of the world that are of interest at a particular

moment in time, depending on the system's goals. This repertoire of possible representations and

capabilities is subject to continuous improvement, as new representations and more capabilities

are added.

Based on the choice of normal flow to represent visual motion information, a repertoire of
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four novel methods for independent motion detection is presented. Besides the fact that they all

employ normal flow, the proposed methods are differentiated from other existing ones in that

they achieve simultaneously the following:

� They employ 3D motion models and assume an observer that may move with unrestricted

(i.e. both translational and rotational) 3D motion.

� They exploit a stereoscopic configuration without requiring exact knowledge of the stereo

configuration parameters (i.e. baseline length, vergence angle).

� They do not rely on knowledge of the observer's motion parameters and do not require

independent motion to be rigid.

� They assume perspective projection which is the most realistic projection model.

The proposed methods differ in terms of the information they generate about independent

motion and certain aspects of their performance. The first two methods give an accurate map

of independently moving objects. The third gives a coarse map of spatial discontinuities of 3D

motion, but is computationally less demanding than the first two methods. The fourth method

is computationally the most efficient but detects changes of 3D motion rather than independent

motion itself.

The first three methods for independent motion detection make use of a binocular vision

system. Through a stereoscopic configuration, a vision system is able to record information

about the environment which is not subject to dynamic events such as independent motion (both

left and right images of a stereo configuration are acquired at the same moment in time). The

actual parameters of the stereo configuration (baseline or vergence angle) are not used by any

of the proposed methods. The fourth method can be employed by a monocular observer since it

does not make any use of stereo information.

Regarding egomotion, no strict simplifying assumptions are made, as is the case with other

existing methods (e.g. [94, 149]). Simplifications usually encountered in the literature involve
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strict constraints on the type of motion of the observer, exploitation of independent knowledge

of egomotion or structure, or a combination of the above. Relying on independent knowledge of

the motion parameters is a restricting assumption for many reasons. First, sensors that provide

such information [61] are not sufficiently accurate. Second, they provide motion information

relative to a coordinate system different from the one of the camera. Thus, any effort to

exploit this information should rely on calibration of the system that will define the suitable

transformations between coordinate systems. On the contrary, the first two of the proposed

methods tackle the general problem of independent motion detection of an observer pursuing

unrestricted 3D motion. The third method makes certain assumptions about the egomotion of

the observer, which are of qualitative nature. Specifically, certain ordinal relations should hold

on some of the motion parameters.

In all four methods, the motion of the independently moving objects is not constrained to

be rigid. Thus, all the proposed methods can be used to signal independent non-rigid motion

which is very common in dynamic, real world environments.

Finally, an integration framework is proposed which couples the benefits of the four

proposed methods. Based on this framework, an artificial autonomous system can actively

choose a method for independent motion detection, based on the type of information it needs

in order to accomplish its goals, on past observations and on the computational resources that

is able to devote to this type of visual processing. This is actually a very basic outcome of

this work; the effective solution to vision problems can more readily be achieved through the

successful cooperation of loosely coupled processes that tackle certain aspects of the problem

rather than by single processes that try to solve general problems as a whole.
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Chapter 3

Preliminaries

But life is short and information endless... Abbreviation

is a necessary evil and the abbreviator's business is to make

the best of a job which, although intrinsically bad, is

still better than nothing.

Aldous Huxley

Before proceeding with the description of the proposed independent motion detection

methods, issues related to motion representation are discussed. The rationale for the choice to

employ the normal flow field in all computations is given, using the 2D velocity equations of

the image points (cf. eq. (3.5)). Additionally, a discussion on robust regression is provided,

since robust estimation methods are statistical tools that are extensively used by the proposed

independent motion detection algorithms.
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Figure 3.1: The camera coordinate system.

3.1 Visual motion representation preliminaries

3.1.1 The coordinate system

Consider a coordinate system OXY Z adjusted to the optical center (nodal point) of a pinhole

camera, such that the axis OZ coincides with the optical axis. Suppose that the camera is

moving rigidly with respect to its 3D static environment with translational motion �t � �U� V�W �

and rotational motion �� � ��� �� ��, as shown in Fig. 3.1. This situation is geometrically

equivalent with the case of a static camera and a scene that is moving relative to the camera with

translational motion��t and rotational motion ���. The velocity �V of a point P � �X�Y�Z� with

respect to coordinate system OXY Z can be computed as follows. Let L be the axis of rotation

defined by the vector ��� and d the distance of P from this axis (see Fig. 3.2). Point P rotates

around L in a counterclockwise direction. The velocity �V is the sum of the tangent velocity due

to rotation �q and the translational motion ��t. �q is perpendicular to the plane defined by L and P

and its magnitude is equal to the magnitude of rotational velocity times the distance from P to

40



3.1 Visual motion representation preliminaries
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Figure 3.2: Rotation of a point P around axis of rotation L.

L, that is jj�qjj � jj � ��jj d � jj � ��jj jjP jjsin	 � jj � �� � P jj, where ``�'' denotes cross product.

Thus, �V is

�V � ��t� �� � �r (3.1)

where �r is the column vector �X�Y�Z�T . The above equation can be written in component form

as

X � � �U � �Z � �Y

Y � � �V � �X � �Z (3.2)

Z � � �W � �Y � �X

Under perspective projection, the 3D point P �X�Y�Z� projects at the point p�x� y� on the

image plane, according to the relations:

x �
Xf

Z

(3.3)

y �
Y f

Z
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where f represents the focal length of the imaging system. The projection �u� v� of the 3D

motion vector on the 2D image at point �x� y�, is:

u �
dx

dt

(3.4)

v �
dy

dt

By differentiating eq. (3.4) after substitution from eq. (3.3) and eq. (3.2), it turns out that

the equations relating the 2D velocity �u� v� of an image point p�x� y� to the 3D velocity of the

projected 3D point P �X�Y�Z� are [110]:

u �
��Uf � xW �

Z
� �

xy

f
� �

�
x2

f
� f

�
� �y

(3.5)

v �
��V f � yW �

Z
� �

�
y2

f
� f

�
� �

xy

f
� �x

3.1.2 Motion field - optical flow field

Equations (3.5) describe the 2D motion vector field, which relates the 3D motion of a point to

its 2D projected motion on the image plane. The motion field is a purely geometrical concept

and, unfortunately, it is not necessarily identical to the optical flow field [82], which describes

the motion of brightness patterns observed because of the relative motion between an imaging

system and its environment. Verri and Poggio [184] have shown that the motion and the

optical flow fields are identical in specific cases only. Even in the cases that these two fields

are identical, the computation of the optical flow field is an ill-posed problem since special

conditions (such as smoothness) should be satisfied for a unique solution to exist. This issue is

further clarified by the following discussion.

In many cases, a sequence of images can be modeled as a continuous function I�x� y� t� of
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two spatial (x� y) and one temporal (t) variables. I�x� y� t� actually expresses the image intensity

at point �x� y� at time t. Assuming that irradiance is conserved between two consecutive frames,

and that u and v are the x- and y-components of the optical flow, we expect that the irradiance

will be the same at point �x� 
x� y � 
y� at time t� 
t, where 
x � u
t and 
y � v
t. That is:

I�x� u
t� y � v
t� t� 
t� � I�x� y� t� (3.6)

By expanding the left hand side of the above equation in a Taylor series, we obtain:

I�x� y� t� � I�x� y� t� � 
x
�I

�x
� 
y

�I

�y
� 
t

�I

�t
� e

where the term e corresponds to higher order terms and �I
�x
� �I
�y
� �I
�t

are the partial derivatives of

I with respect to x� y and t respectively. Canceling out the term I�x� y� t�, dividing by 
t and

taking the limit as 
t� 0, we obtain

�I

�x

dx

dt
�
�I

�y

dy

dt
�
�I

�t
� 0

Using the abbreviations

u �
dx

dt
� v �

dy

dt

and

Ix �
�I

�x
� Iy �

�I

�y
� It �

�I

�t
�

we obtain

Ixu� Iyv � It � 0 (3.7)

Equation (3.7), which has originally be developed by Horn and Schunk [83], is known as the

optical flow constraint equation because it gives one constraint for the components u and v of

optical flow. Equation (3.7) can be written in the form of a dot product

�Ix� Iy� � �u� v� � �It (3.8)

which can be geometrically interpreted as permitting the computation of the projection of the

optical flow along the intensity gradient direction (i.e. the perpendicular to the edge at that point).
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Figure 3.3: A schematic view of the aperture problem. The solid line in the left image has

moved to a new position in the right image. Based on the information that is visible through

the aperture, it is not possible to decide which of the dashed vectors corresponds to the motion

vector of the line. However, whatever the motion vector may be, its projection to the direction

perpendicular to the line is unique and is represented by the solid vector.

This projection is also known as normal flow. Equation (3.8) can be viewed as the mathematical

expression of the aperture problem and Fig. 3.3 gives its schematic explanation. Equation (3.8)

also shows why extra assumptions should be made in order to compute optical flow. This

equation gives only one local constraint on the flow values while there are two unknowns to be

recovered for each optical flow vector. Due to this lack of information, all methods that aim

at recovering optical flow need to employ additional assumptions, such as smoothness of the

optical flow field. However, the optical flow field is not smooth for a number of reasons. First,

as eqs. (3.5) show, the smoothness of optic flow depends on the continuity of depth variable Z .

In most scenes depth discontinuities do exist and, therefore, the optical flow cannot be regarded

as smooth. Second, the smoothness of optical flow also depends on the constancy of 3D motion

parameters. Thus, independently moving objects cause discontinuities in the optical flow field.

Black and Anandan [33] provide a framework that can be applied to standard formulations of

optical flow estimation in order to reduce their sensitivity in the presence of transparancy, depth

discontinuities, independently moving objects, shadows and specular reflections. However,

in the general case, relying on optical flow for independent motion detection is equivalent to
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3.1 Visual motion representation preliminaries

attenuating an effect that we are trying to detect (i.e. 3D motion discontinuities).

For the above reasons, the proposed methods for independent motion detection do not rely

on the computation of the optical flow field, rather on the normal flow field. The normal flow

field has also been used in the past for both egomotion estimation [64, 11, 154] and independent

motion detection [124, 149].

3.1.3 Normal flow field - normal motion field

The algebraic value of normal flow can be computed from eq. (3.8), by dividing both sides with

the gradient magnitude, and is equal to:

�
Itq

I2
x � I2

y

(3.9)

The component of the optical flow along the image gradient is called normal flow given by:

�
Itq

I2
x � I2

y

�
� Ixq

I2
x � I2

y

�
Iyq

I2
x � I2

y

�
A

or �
�

ItIx
jjrIjj2

��
ItIy
jjrIjj2

�

where jjrIjj is the gradient magnitude. Figure 3.4(a) shows a typical synthetic translational

optical flow field and Fig. 3.4(b) shows one possible normal flow field related to that optical

flow. There are infinitely many normal flow fields that can result from a particular motion field,

because normal flow depends on the image gradient direction and therefore, is scene dependent.

The normal flow field of Fig. 3.4(b) corresponds to projections in random directions that are

uniformly distributed in the range �0��2��. Similarly, Fig. 3.4(c) shows a typical rotational optical

flow field and Fig. 3.4(d) shows one possible normal flow field related to that optical flow. For

displaying purposes, all fields are subsampled.

The normal flow field is not necessarily identical to the normal motion field (the projection

of the motion field along the gradient), in the same way that the optical flow is not necessarily
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Figure 3.4: Examples of translational and rotational optical and normal flow fields.

identical to the motion field [184]. The algebraic value of normal motion field is equal to

�
dx

dt
�
dy

dt

�
�

�Ix� Iy�q
I2
x � I2

y

�

�
dx

dt
�
dy

dt

�
�
rI

jjrIjj
�

1

jjrIjj

�
Ix
dx

dt
� Iy

dy

dt

�
(3.10)

The difference between the magnitudes of the normal flow vector and the corresponding normal

motion vector, is given by the difference of (3.9) and eqs. (3.10) and is equal to [184]:

1

jjrIjj

dI

dt
(3.11)

Equation (3.11) shows that normal flow is a good approximation of normal motion flow in points

where jjrIjj is large. Consequently, normal flow values are reliable in points where the image
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3.1 Visual motion representation preliminaries

gradient assumes large values. Normal flow vectors at such points can be used as a robust input

to 3D motion perception algorithms.

3.1.4 Normal flow field due to motion

Let �nx� ny� be the unit vector in the gradient direction. The magnitude uM of the normal flow

vector is given by

uM � unx � vny (3.12)

which, by substitution from eq. (3.5), yields:

uM � (�nxf )
U

Z

�
�
�nyf

	 V
Z

�
�
xnx � yny

	 W
Z

�



xy

f
nx �

�
y2

f
� f

�
ny

�
�

�


�
x2

f
� f

�
nx �

xy

f
ny

�
�

� �ynx � xny�� (3.13)

Equation (3.13) highlights some of the difficulties of the problem of independent motion

detection. Each image point (in fact, each point at which the intensity gradient has a significant

magnitude and, therefore, a reliable normal flow vector can be computed) provides one constraint

on the 3D motion parameters. In the case of an observer moving in a static environment, the

above equation holds for each point and for one specific unknown set of 3D egomotion

parameters �UE � VE �WE�, ��E � �E � �E�. In the case of rigid independent motion, there is at least

one more set of motion parameters �UI � VI �WI�, ��I � �I � �I� that is valid for some of the image

points. Furthermore, if no assumption is made regarding the depth Z , each point provides at

least one independent depth variable. Evidently, the problem cannot be solved if no additional

information is available regarding depth.
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Figure 3.5: The geometry of a fixating stereo configuration.

Equation (3.13) also shows why the problems of egomotion estimation and independent

motion detection are considered as chicken-and-egg problems. If egomotion is known, then it

can be canceled-out and, therefore, independent motion detection is greatly facilitated. On the

other hand, if independently moving objects have not been previously detected, the set of points

on which egomotion estimation should rely is unknown. For this reason, most of the proposed

techniques for estimating egomotion [64, 11, 154, 44] assume the absence of independently

moving objects.

3.1.5 Normal flow field due to stereo

Consider the geometry of a typical stereo configuration of a fixating pair of cameras, as shown

in Fig. 3.5. This type of configuration may easily be achieved by existing mechanical heads

[131] and is very common in biological organisms, including humans.

A pair of images captured with such a configuration encapsulates information relevant to

depth, that manifests itself in the form of disparities defined by the displacements of points

between images. In [58], Dhond and Aggarwal provide a review of techniques for establishing

stereo correspondence. Since the stereoscopic images can be acquired simultaneously, there is

no dynamic change in the world that can be recorded by them. It can easily be observed that a

stereo image pair is identical to the sequence that would result from a hypothetical (ego)motion
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Figure 3.6: The parameters of the motion that transforms the position of the left camera to the

position of the right camera. The figure shows a top view of the stereo configuration.

that brings the one camera to the position of the other. This remark enables the analysis of a

stereo pair employing motion analysis techniques1. The hypothetical motion that transforms

the position of one camera to the other is simpler than the one described by the general motion

model of eq. (3.5). Fig. 3.6 shows the motion that maps the position of the left camera to the

position of the right camera. Evidently, there is no rotation around the X and Z axes, and no

translation along the Y axis. Consequently, if �Us� 0�Ws� and �0� �s� 0� are the translational and

rotational parameters of the imaginary motion, then at each point, a normal flow value uS due

to stereo may be computed, which is equal to

uS � (�nxf )
Us
Z

�
�
xnx � yny

	Ws

Z
(3.14)

�


�
x2

f
� f

�
nx �

xy

f
ny

�
�s

In practical situations, the computation of normal flow from a pair of stereo images needs

1Regardless if a pair of images is due to a stereo configuration or due to a moving camera, these images can be

considered as views of the same scene from different viewpoints.
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further consideration. The computation of normal flow is based on the optical flow constraint

equation, which does not hold if the two images differ too much. Moreover, normal flow is

computed from discrete images through spatial and temporal differentiation with small masks.

In the case that 5 � 5 masks are used, every normal flow that is more than 2 - 3 pixels is not

reliable. For the successful computation of normal flow from stereo, two alternative solutions

can be proposed:

1. Use of suitable stereo configurations which ensure that normal flow can be robustly

computed over the image.

2. Computation of normal flow in lower spatial resolutions.

In the remainder of this section, we will examine each of the above solutions in more detail.

Use of suitable stereo configurations

Equation (3.14) gives the algebraic value of normal flow which depends on the stereo config-

uration parameters, or equivalently, on the stereo-equivalent motion parameters. Additionally,

since the normal flow is the projection of optical flow in a certain direction, the value of

normal flow at a certain point, is bounded by the value of optical flow. Thus, we may select

suitable stereo configurations for which the maximum obtained optical flow (and consequently

the maximum normal flow) does not exceed a certain upper bound. As an example, consider

a stereo configuration with a baseline2 of 7cm. This distance is approximately equal to the

distance between the eyes of an adult human. By substituting in eq. (3.5) a typical vergence

angle, focal length and image size, we get values of optical flow that do not exceed a number of

few pixels, if the minimum depth at the scene exceeds a lower bound.

An interesting special case is the one in which the 3D point at which the optical axes of

the cameras intersect (fixation point [66, 42, 52]), lies on the surface of a physical object. In

2Refer to Fig. 1.2 for a definition of the parameters of a stereo configuration
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such a case, optical flow is zero in a small region around the fixation point and becomes larger

as the distance from the center of the image increases. Thus, since the optical flow at a point

provides a bound on the algebraic value of the normal flow at the same point, we may restrict

the estimation of normal flow in a region around the fixation point.

Lower spatial resolutions

The algebraic value of the optical flow and, consequently, of the normal flow too does not only

depend on the motion between the two images and the depth of the scene, but also on the spatial

resolution of the images. Therefore, a proper selection of image resolution can be made, so that

the magnitude of the optical flow vectors (and therefore the algebraic values of normal flows)

is within valid limits. The use of lower spatial resolutions may be useful, if coarse information

is to be extracted from stereo for a certain scene.

Lower image resolutions can be used in conjunction with suitable stereo configurations

for computing stereo normal flow. Thus, for the case of a fixating stereo, by decreasing the

resolution, coarser information can be computed for a larger image area. For the case of a

fixating stereo configuration the reduction of resolution can be done in a non-uniform fashion by

employing the log-polar image transform [185]. The log-polar transform preserves the original

image resolution close to the image center, and reduces it towards image periphery. Thus, it is

particularly suitable for computing normal flow in fixated stereo pairs, where optical flow is

close to zero near the image center and becomes larger towards the periphery. This idea has also

been used by others in order to compute normal flow from a stereo configuration [111].

Another interesting case is the case of a parallel stereo configuration, for which the stereo-

equivalent motion is a simple translation along the X-axis. Therefore, according to eq. (3.5), the

optical flow has just a horizontal component which is given by:

u �
�Uf

Z
(3.15)
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which, for normal flow yields

uS � (�nxf)
Us
Z

(3.16)

From eq. (3.16) it can be seen that the magnitude of the normal flow at a point depends on

the stereo baseline length (directly related to Us) and the scene structure (Z), but not on the

coordinates of the point on the image plane. Thus, if a lower bound for the scene structure and

an upper bound for the baseline length can be established, an upper bound for the magnitude of

normal flow can be guaranteed3. If this upper bound is less or equal to the maximum computable

normal flow value, then normal flow can be reliably computed for all image points. If a stereo

configuration with larger baseline length than the allowable ones is to be used, then again, a

proper selection of image resolution can be made, so that the magnitude of normal flow vectors

is within valid limits.

3.2 Robust regression

Regression analysis (fitting a model to noisy data) is a very important statistical tool. In the

general case of a linear model [144], given by the relation

yi � xi1	1 � � � � � xip	p � ei� (3.17)

the problem is to estimate the parameters 	k, k � 1� � � � � p, from the observations yi, i � 1� � � � � n,

and the explanatory variables xik. The term ei represents the error in each of the observations.

In classical applications of regression, ei is assumed to be normally distributed with zero mean

and unknown standard deviation. Let 	̂ be the vector of estimated parameters 	̂1� � � � � 	̂p. Given

these estimates, predictions can be made for the observations:

ŷi � xi1	̂1 � � � �� xip	̂p (3.18)

3nx does not violate this assumption since it is a normalized value in the range �0� 1�.
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3.2 Robust regression

Thus, a residual between the observation and the value predicted by the model may be defined

as:

ri � yi � ŷi (3.19)

Traditionally, 	̂ is estimated by the least squares (LS) method, which is popular due to its

low computational complexity. LS involves the solution of a minimization problem, namely:

Minimize
nX
i�1

ri
2 (3.20)

and achieves optimal results if the underlying noise distribution is Gaussian with zero mean.

However, in cases where the noise is not Gaussian, the LS estimator becomes unreliable. The

LS estimator becomes highly unreliable also in the presence of outliers, that is observations that

deviate considerably from the model representing the rest of the observations. One criterion for

measuring the tolerance of an estimator with respect to outliers is its breakdown point, which

may be defined as the smallest amount of outlier contamination that may force the value of the

estimate outside an arbitrary range. As an example, LS has a breakdown point of 0%, because a

single outlier may have a substantial impact on the estimated parameters.

In order to be able to handle data sets containing large portions of outliers, a variety of

robust estimation techniques have been proposed. Many of them have been used in computer

vision and have been proposed within the vision field [36, 69, 92, 96, 116, 207, 161]. From

those, the RANSCAC method [69] is probably the most popular one. Other methods have been

borrowed from statistics [32, 102, 115, 144, 156, 160]. Meer et al [115] and Zhang [206] provide

excellent reviews of the use of robust regression methods in computer vision.

Probably, the most popular robust estimators are the M-estimators [90]. M-estimators are

based on the idea of replacing the squared residuals ri2 by another function of the residuals,

yielding

Minimize
nX
i�1

�ri�� (3.21)
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where  is a symmetric function (i.e. ��t� � �t� for all t) with a unique minimum at zero. It

can be shown that minimizing (3.21) is equivalent to solving

nX
i�1

��ri� � 0� (3.22)

where � is the first derivative of . Huber's M-estimator [90], uses an influence function defined

as:

��ri� �

��
�

ri� if jrij � k

k� if ri � k

�k� if ri � �k

(3.23)

where k is a predefined constant. Since � is a non-linear function, (3.21) needs to be solved by

iterative numerical methods. It can be verified that solving (3.22) by using the influence function

(3.23) is equivalent to the following weighted least-squares minimization:

Min
nX
i�1

wiri
2� (3.24)

where the weights are given as:

wi �

��
�

1� if jrij � k

k�ri� if ri � k

�k�ri� if ri � �k

(3.25)

The Tukey's biweight estimator [144] is another type of M-estimator, which is equivalent

to reweighted least squares estimation using the weights:

wi �

��
�

�1� ri
2�2� if jrij � 1

0� if jrij � 1
(3.26)

The aim of these influence functions is to protect the estimate from strongly outlying

observations. However, M-estimators have two major drawbacks. First, it can be shown that

although they behave better that least squares in practical situations, their breakdown point is

equal to 1�n [144], where n is the number of observations. This approaches zero as n increases4.

4Note that the least squares method is in fact an M-estimator.
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3.2 Robust regression

Second, it can be shown that they require a reliable initial estimate of the model parameters

because otherwise, they can be trapped in local minima.

In an effort to provide robust estimators with a higher breakdown point, Rousseeuw [144]

introduced the so-called S-estimators which are defined by minimizing a robust measure of the

scatter of the residuals. In general, S-estimators correspond to

Minimize�̂S�	� (3.27)

where S�	� is a certain type of robust M-estimate of the scale of the residuals ri�	�. One special

case of S-estimators is the Least Trimmed Squares(LTS) estimator, given by

Minimize�̂

hX
i�1

�r2�n:n� (3.28)

where �r2�1:n � �r2�2:n � � � � � �r2�n:n are the ordered squared residuals. The best robustness

properties of LTS are achieved when h is approximately equal to n�2, in which case LTS attains

a breakdown point of 50%.

Another S-estimator is the Least Median of Squares(LMedS) estimator which is described

in detail in the next section. LMedS has a breakdown point of 50%, and forms a basic tool

for developing the independent motion detection capabilities described in Chapters 4, 5 and

6. It can be demonstrated that 50% is the highest possible breakdown point of an estimator,

because for larger outlier contaminations it is impossible to distinguish the ``good'' from the

``bad'' data. Recently, a new robust regression method, namely MINPRAN, has been proposed

[161] which reports a breakdown point that is higher than 50%. However, MINPRAN makes

extra assumptions regarding the distribution of the outliers. More specifically, it assumes a

random distribution of the outliers and tries to group data according to a linear model so that the

probability of randomness of the grouped data is minimized. Although the concept of MINPRAN

is very interesting, it has the disadvantage of a very high computational complexity.
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3.2.1 Least Median of Squares (LMedS)

The LMedS method, which was originally proposed by Rousseeuw [143], involves the solution

of a non-linear minimization problem, namely:

Minimizefmediani�1�����nri
2g (3.29)

Qualitatively, LMedS tries to estimate a set of model parameters that best fit the majority of

the observations, while LS tries to estimate a set of model parameters that best fit all the

observations. The above statement gives an idea of the difference in the behavior of the two

estimators. The presence of some outliers in a set of observations will not influence LMedS

estimation, as long as the majority of the data fit into the particular model. More formally,

LMedS has a breakdown point of 50%. Two very characteristic examples of the performance of

LMedS relative to LS are shown in Fig. 3.7 (taken from [144]). Figures 3.7(a) and 3.7(b), show

two original data sets (five points on the plane) which constitute noisy observations of a straight

line. The line fitted in these observations is the line estimated by the least squares method

(noted as LS). Figures 3.7(c) and 3.7(d) show the same data sets, but with one of the observations

(indicated by a circle) corrupted with high levels of noise. This is actually the outlier of the

model. It can be seen (Fig. 3.7(c)) that a single corrupted observation had a substantial impact in

the estimation of the least squares method. This deviation is even more profound in Fig. 3.7(d)

where the LS estimator completely failed to capture the characteristics of the observations. On

the contrary, the LMedS estimation which is shown in Figs. 3.7(e) and 3.7(f) is not influenced by

the presence of the outlier.

Once LMedS has been applied to a set of observations, a standard deviation estimate may

be derived:

�̂ � C
q
medri2 (3.30)

where C is an application dependent constant. Rousseeuw and Leroy [144] suggest a value of

C � 1�4826
�

1 �
5

n� p

�
(3.31)
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3.2 Robust regression

Based on the standard deviation estimate, a weight wi may be assigned to each observation

wi �

��
�

1� if jrij
�̂
� THR

0� if jrij
�̂
� THR

(3.32)

All points with weight wi � 1 correspond to model inliers, while points with weight wi � 0

correspond to outliers. The threshold THR controls the sensitivity to outliers. Typically, a value

of 2.5 is used. This value reflects the fact that in a Gaussian distribution, very few residuals

should be larger than 2.5�̂. Note that the criterion according to which the labels of inlier and

outlier are assigned to data is itself robust, since it involves calculations over the median of

residuals. Moreover, the method adapts automatically to the noise levels of the observations.

The better the estimated model fits to the observations, the smaller the median residual is and,

therefore, the finer the outlier detection becomes.

The computational requirements of LMedS are reported as high [144, 115]. This is because

LMedS involves a non linear minimization problem which must be solved by a search in the

space of possible estimates generated by the data. However, in Section 4.4, some modifications

are proposed, which improve the computational performance of LMedS.
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(a) (b)

(c) (d)

(e) (f)

Figure 3.7: Example of least squares (LS) versus least median of squares (LMS) estimation (from

[144]).
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Chapter 4

Independent Motion Detection Based on

Depth Elimination

If among these errors are some which appear too large to be

admissible, then those observations which produced these

errors will be rejected, as coming from too faulty experiments

and the unknown will be determined by means of the other

observations which will then give much smaller errors.

Legendre in 1805, in the first

publication on least squares

4.1 Method description

Consider a stereoscopic observer that is moving with unrestricted 3D motion in the 3D space.

Due to this motion, a reliable normal flow vector can be computed at each point where the image
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intensity gradient is large (see eq. (3.11)). The magnitude of this vector is given by eq. (3.13)

which is repeated here for convenience:

uM � (�nxf)
U

Z
�
�
�nyf

	 V
Z

�
�
xnx � yny

	W
Z

(4.1)
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Additionally, as it was shown in Chapter 3, a reliable normal flow value due to the stereo

configuration can also be computed, with magnitude given by eq. (3.14), which is again repeated

here:

uS � (�nxf )
Us
Z

�
�
xnx � yny

	 Ws

Z

(4.2)
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By solving eq. (4.2) for Z , we obtain:

Z �
�nxfUs � �xnx � yny�Ws

uS �
h�

x2

f
� f

�
nx �

xy
f
ny
i
�s

(4.3)

In most practical situations, the contribution of the term involving Ws in the above expression

is very small1 compared to the rest of the terms. Ws is usually two orders of magnitude smaller

than Us. Additionally, for specific stereo configurations which are described in Appendix A,

eq. (4.3) holds for Ws � 0. Thus, this term can be eliminated, giving rise to a simpler expression

regarding the depth Z:

Z �
�nxfUs

uS �
h�

x2

f
� f

�
nx �

xy
f
ny
i
�s

(4.4)

The computation of normal flow involves the computation of the partial image derivatives

Ix and Iy , which define the normalized vector �nx� ny� at the gradient direction. If, for the

computation of both stereo and motion normal flow fields, these derivatives are computed on

the same reference frame, then nx and ny are the same for both eqs. (4.1) and (4.4). The reference

1This is shown in more detail in Appendix A.
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4.1 Method description

frame can be the same if normal flow due to stereo is computed by assuming a left to right

transition, and normal flow due to motion is computed in the right image of the stereo pair, from

time instant t to time instant t� 1. Therefore, the substitution of eq. (4.4) to eq. (4.1) results in

the following equation:

uM � uS
U

Us
�


�
x2

f
� f

�
nx �

xy

f
ny

��
U�s
Us

� �

�

�
ny
nx

uS
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nx


�
x2

f
� f

�
nx �

xy

f
ny

�
V �s
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�
�xnx � yny�u

S

nxf
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Us
(4.5)
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Equation (4.5) is linear on the variables �1 � U
Us

, �2 � U�s
Us

� �, �3 � V
Us

, �4 � V �s
Us

,

�5 � W
Us

, �6 � W�s
Us

, �7 � �, and �8 � �. These variables are expressions involving the 3D

motion parameters and the stereo configuration parameters. LMedS estimation can be applied

to a set of observations of the model of eq. (4.5) as a means to estimate the parameters �i,

1 � i � 8. LMedS will produce a vector of estimated parameters �̂i, and a segmentation of the

image points into model inliers and model outliers. Model inliers, which are compatible with

the estimated parameters �̂i, correspond to image points that move with a dominant set of 3D

motion parameters. A point may belong to the set of outliers if one (or both) of the following

holds:

1. The quantities uS and�or uM for this point have been computed erroneously.

2. The 3D motion parameters for this point are different compared to the 3D motion

parameters describing the majority of points.

The points of the first class will, in principle, be few and sparsely distributed over the image

plane. This is because only reliable normal flow values are considered. The second class of
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points is essentially the class of points that are not compatible with the dominant 3D motion

parameters. Thus, in the case of two rigid motions in a scene, the inlier�outlier characterization

of points achieved by LMedS is equivalent to a dominant�secondary 3D motion segmentation

of the scene. In the case that more than two rigid motions are present in a scene, the correctness

of 3D motion segmentation depends on the spatial extent of the 3D motions. If there is one

dominant 3D motion (in the sense that at least 50% of the total number of points move according

to this motion), LMedS will be able to handle the situation successfully. This is because of

the high breakdown point of LMedS, which tolerates an outlier percentage of up to 50% of

the total number of points. The inlier set will correspond to the dominant motion and the set

of outliers will contain all secondary motions. A recursive application of LMedS to the set of

outliers may further discriminate the rest of the motions. The recursive application of LMedS

should terminate when the remaining points become fewer than a certain threshold. There

are two reasons for this. First, if the number of points becomes too small, then the number

of constraints provided by eq. (4.5) becomes small and the discrimination between inliers and

outliers is subject to errors. Second, at each recursive application of LMedS, the set of outliers

does not contain only points that correspond to a motion different than the dominant one, but

also points where normal flow values have not been computed accurately.

Note that secondary motion does not necessarily imply independent motion. The problem

that can be solved through the processing of visual information is the problem of 3D motion

segmentation. This problem is closely related, but not equivalent to the problem of independent

motion detection, which, in its general formulation, involves the ability to decide whether a

set of 3D motion parameters characterizes the motion of the observer relative to his static

background. If the independently moving object moves rigidly and covers most of the visual

field of the observer, then LMedS will estimate the parameters of independent motion; inliers

will correspond to independent motion and outliers to egomotion. However, the human visual

system can also be deceived in similar circumstances2. In the context of this work, we assume

2An example of such an illusion refers to the case of a human observer, sitting in a train and looking out of his

window at another close-by train. If the train he is in starts moving smoothly (so that he has no independent evidence
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that egomotion is the motion that has the largest spatial extent, i.e. characterizes the majority of

the points in the scene. This is a valid assumption for all practical purposes because in the vast

majority of situations, independently moving objects cover a small portion of the visual field.

Therefore, the outliers of the linear model of eq. (4.5) correspond to points of independently

moving objects and the inliers of this model correspond to points of the static background which

appear to be moving due to the egomotion of the observer. In the cases that there is no dominant

motion (e.g. there are three motions, each covering 33% of the total number of points), then

LMedS cannot handle the situation. As an alternative, other, more complex robust estimators

can be used [161], which have higher breakdown points compared to LMedS. However, such

estimators rely on probabilistic assumptions regarding the observations of the model and have

extra computational overhead. Another possible solution is to apply LMedS in parts of the

whole scene, in an effort to change the ratios of the points covered by each motion. Such a

decomposition of the scene can be implemented in various ways such as spatial decomposition

(e.g. tessellation of the image in rectangular windows and application of LMedS to each of

them). However, the decomposition of the scene points can be based on any property. For

example, the independent motion detection method that is proposed in Chapter 5 applies LMedS

in sets of points that are characterized by an almost constant depth from the observer.

The method for independent motion detection based on depth elimination is presented

in pseudocode in Fig. 4.1. In this algorithm, procedure Discriminate With LMedS (step 2.1)

applies the LMedS estimation technique on the WorkingSet set of observations, and splits

it into the InlierSet and OutlierSet. The WorkingSet is initialized with the set S of all

points in the image where reliable normal flow vectors due to motion and stereo have been

computed. The InlierSet includes the points that have a dominant motion at each stage of

computations, while the OutlierSet contains the points that should be further processed. The

constant POINTS LIMIT controls the termination of the iterative application of LMedS.

The points that are left unclassified after the last iteration (fewer than POINTS LIMIT ) are

regarding his own motion) he will perceive the other train as moving. Clearly, deciding which of the perceived

motions corresponds to egomotion does not rely on visual information only.
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0. WorkingSet := S

1. Current Motion Segment ID := 1

2. While NumberOfPointsIn(WorkingSet) < POINTS LIMIT do

2.1 Discriminate With LMedS(WorkingSet, InlierSet, OutlierSet)

2.2 M 0
Current Motion Segment ID := InlierSet

2.3 WorkingSet := OutlierSet

2.4 Current Motion Segment ID := Current Motion Segment ID + 1

3. EndWhile

Figure 4.1: Algorithm for independent motion detection based on depth elimination.

attributed to noise and are discarded from further consideration. At the end of the algorithm,

each set variable3 M0
i holds the points belonging to one rigid, 3D motion, from now on referred

to as motion segment.

4.1.1 Postprocessing

According to the proposed method for independent motion detection based on depth elimination,

points are characterized as being independently moving or not based on their conformance to

a general rigid 3D motion model. The characterization is made at the point level, without

requiring any environmental assumptions, such as smoothness, to hold in the neighborhood of

each point. In order to further exploit information regarding independent motion, we would

3The superscript 0 in the set variable M 0
i denotes that these motion segments refer to the whole image. It is used

for notational compatibility with the next chapter, where motion segments will be defined over subsets of points in

the scene.
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like to refer to connected, independently moving areas rather than to isolated points. There

are several reasons why the points of a motion segments do not form connected regions in the

segmentation provided by LMedS:

� The normal flow field is usually a sparse field, because normal flow values are considered

unreliable in certain cases (e.g. in points with a small gradient value). Thus, there are

points in the scene for which no decision can be made regarding their motion.

� Despite the fact that normal flow can be robustly computed, there is always a possibility

for misclassifications because some points may become model inliers (or outliers) due

to errors in the measurement of normal flow values uS and uM and not due to their 3D

motion parameters.

� Normal flow is a projection of the optical flow onto a certain direction. Infinitely many

other optical flow vectors have the same projection on this direction. Consequently there

may be the case that a normal flow is compatible with the parameters of two different 3D

motions, and therefore a number of point misclassifications may arise.

We overcome the problem of disconnected motion segments by exploiting the fact that, in

the above cases, misclassified points are sparsely distributed over the image plane. A simple

majority voting scheme is used. At a first step, the number of inliers and outliers is computed in

the neighborhood of each image point. The label of this point becomes the label of the majority

in its neighborhood. This allows isolated points to be removed. In the resulting map, the label of

the outliers is replicated in a small neighborhood in order to group points of the same category

into connected regions.
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4.2 An interesting side effect: Egomotion estimation

What is of primary importance for the task of independent motion detection is the segmentation

of scene points into motion segments. However, besides the inlier�outlier characterization,

LMedS provides estimations �̂i for the parameters �i of the linear model of eq. (4.5). Each of

the model parameters �i corresponds to expressions involving the 3D motion parameters of the

observer [�U� V�W � and ��� �� ��] and the stereo configuration parameters �Us� �s�. Thus, the

observer is able to relate his own motion parameters to the parameters of his stereo configuration,

i.e. to parameters of his own body. This is in agreement with biological experiments [101]

according to which biological organisms perform measurements in units that are related to the

physiology of their body and to their own mechanical capabilities, rather in some absolute scale

that is conventionally defined.

Additionally, the estimated parameters �̂i can also be used to provide knowledge on the 3D

motion parameters of the observer. More specifically, the following relations hold:

x0 �
�1f

�5
� y0 �

�3f

�5

� � �7� � � �2 � �1
�4

�5
� � � �8

where, x0 and y0 are the coordinates of the FOE. Thus, the estimated parameters �̂i of the

model, provide knowledge on the observer's motion parameters. Similarly, an estimation of the

vergence angle of the stereo configuration is possible:

�s �
�4

�3

4.3 The case of purely rotational egomotion

Consider an observer performing a rigid rotational 3D motion only. Such cases can be detected

by using the Collinear Point Constraint (CPC) that has been proposed by Lobo and Tsotsos [108].
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The CPC depends only on the translational motion of the observer. Therefore, if it is equal to

zero, then the motion of the observer can only be due to a purely rotational motion.

From eq. (3.13) it can be verified that only the translational component of motion is

influenced by the depth of the scene. Therefore, in the case of purely rotational egomotion,

the part of the independent motion detection method which deals with stereo information

is redundant. Independent motion detection may be achieved by just applying the LMedS

estimation on the motion normal flow field, whatever the scene structure may be. This leads

to a much simpler model (three model parameters rather than eight) and lower computational

requirements. However, in practical applications, the case of pure rotational egomotion is very

rare.

4.4 Implementation and performance issues

Figure 4.2 summarizes schematically the method for independent motion detection based on

depth elimination.

At time t, a pair of images Lt (left) and Rt (right) is acquired by the stereo configuration.

Both images are smoothed giving rise to images SLt and SRt, respectively. Smoothing is

achieved by convolving the input images with a 5� 5 Gaussian kernel with standard deviation

�G � 1�4. The filter mask is shown in Fig. 4.3. Image smoothing is a characteristic example of

low level, data parallel algorithms [194, 167]. The parallelization of such algorithms has been

extensively studied [162], and efficient parallel algorithms have been developed for both SIMD

[57, 55, 106] and MIMD [60] parallel architectures.

The normal flow field due to the stereo configuration is then computed. To do so, the

spatiotemporal derivatives of the image intensity function are computed. Without loss of

generality, we compute the temporal derivatives assuming a left-to-right image transition. Based

on the interpretation of eq. (3.11), the image intensity gradient is thresholded; all points for
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Block diagram of the method

SLt

Figure 4.2: A schematic presentation of the method for independent motion detection based on

depth elimination.

which the magnitude of intensity gradient is lower than a threshold are removed from further

consideration. In a way completely analogous to that of stereo, the motion normal flow field

is computed from smoothed images SRt�1 and SRt. The computation of normal flow (either

stereo normal flow or motion normal flow), also belongs to the class of low level, data parallel

algorithms. Normal flow computation can be decomposed into three independent stages which

correspond to the computation of the two spatial and the one temporal derivative of the image

intensity function. Each of these stages involves some local mask correlation, which has

the same general computational characteristics as image smoothing. In particular, the image

gradient is computed by convolving the image with the Sobel operators [73] (masks of Fig. 4.4).

The time derivative is computed by subtructing averaged (in 3� 3 windows) intensities from the

successive frames. The spatial and temporal derivatives are combined through eq. (3.9) to give

the normal flow values (for both stereo and motion normal flow).

After normal flow computation, a significant data reduction takes place, because some

points are rejected from further consideration due to the low magnitude of intensity gradient.
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Figure 4.3: The filter used for Gaussian smoothing of images.
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Figure 4.4: The filters for computing image gradient.

In N � N images, we may compute n reliable normal flow values �0 � n � N 2�. Motion

segmentation is now performed based on LMedS estimation over the model of eq. (4.5). LMedS

estimation, is the most computationally intensive part of the independent motion detection

scheme. LMedS minimization cannot be reduced to a least-squares based solution, but must

be solved by a search in the space of possible estimates generated by the data. Let p denote

the number of parameters to be estimated; then there are O�np� possible p-tuples. Because this

search space may become prohibitively large, in practical situations, a Monte-Carlo type of

speedup technique is employed [115], in which a certain probability of error is tolerated. If e is

the fraction of data contaminated by outliers, then the probability Q that at least one out of m

p-tuples has only uncorrupted observations is equal to:

Q � 1� �1� �1 � e�p�m (4.6)

Thus, the solution of eq. (4.6) for m, gives a lower bound for the number of p-tuples that

should be tried. Note that eq. (4.6) is independent of n. Each of the m trials, requires the
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(a) (b)

Figure 4.5: Number of iterations m for LMedS estimation (eq. (4.6)), as a function of Q and e.

The number of model parameters is kept equal to (a) p = 6, and (b) p = 8.

selection of candidate parameter values and the computation of the squared residuals between

the observations and the predictions of the model. Figures 4.5(a) and 4.5(b) show a 3D plot

of the number of required iterations m (for p � 6 and p � 8, respectively) as a function

of the probability Q and the outliers probability e. In our case, p � 8, and if a confidence

level of 99% is required, then Q � 0�01. In the case that no more than 20% of the points

are expected to be independently moving, then e � 0�2 and solving eq. (4.6) for m gives a

value of m � 26 iterations. If, however, the ratio of outliers is raised to its maximum value

e � 0�5, then the number of minimum iterations required becomes 1177. These figures hold

for the case that in each iteration, p observations are randomly selected, a linear system is

solved and the median of the squared residuals is tested against the minimum of the squared

residuals computed so far. Alternatively, candidate solutions can be formed by the results of

least squares parameter estimation in rectangles of random dimensions and locations over the

input image. In this case, all points with reliable normal flow values contribute to the least

squares solution. Both approaches were tested. With the first approach (linear system solution)
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a number of computationally cheap iterations are required. The second approach (least squares

solution) requires fewer, but computationally more expensive iterations. Experimental results

demonstrated that the overall performance is better for the second approach because of the

significant reduction of the number of iterations required.

Another algorithmic improvement is achieved through avoiding the use of sorting to

compute the median in each of the m iterations. Instead, we use an algorithm that selects the kth

largest number out of n numbers, originally suggested in [138, 148]. This algorithm has a time

complexity of O�n�, rather than the O�n logn� complexity of the best serial sorting algorithm.

Thus, the overall computational complexity of LMedS becomes O�mn�.

The performance of LMedS can be greatly improved by exploiting parallel processing

techniques. Each of the m iterations does not depend on the outcome of another iteration. All

candidate solutions could be evaluated in parallel. An extra stage for comparing the partial

results is needed, which amounts to the problem of finding in parallel the minimum in a set of

numbers. Going one step further, in each of the m iterations, the computation of the residual for

each observation does not depend on the computation of the residual for another observation.

Therefore, the n residuals could be computed in parallel.

The resulting motion segments are post-processed towards enhancing the usability of the

resulting 3D motion segmentation map. The post processing of the motion segments is again a

local operation for which efficient parallel algorithms can be developed.

One interesting computational characteristic of the overall method for independent motion

detection stems from the computational nature of LMedS. Through the various iterations over

possible parameter sets, LMedS keeps the best solution (the one that minimizes the median of

the residuals). Therefore, the whole algorithm can be viewed as an any time algorithm (i.e.

an algorithm that continuously improves the solution to a problem). This characteristic is very

important because the execution time of the algorithm can be appropriately adjusted, taking into

account the resource limitations of the system and the hard real time constraints that should be
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met.

Additional computational savings can be gained by considering a stereo configuration that

does not change over time. In such a case, after few time instances, a robust estimate of �s can

be achieved. Given this estimate, the 8-parameter model of eq. (4.5) can be reduced to a simpler

model with fewer parameters. This simplification of the model, leads to lower computational

requirements. Similar simplifications can be achieved by considering simpler motion models

(e.g. purely translational or purely rotational motion) or a simpler stereo configuration (e.g. a

parallel one).

The presented method for independent motion detection owes much of its robustness

to the fact that, in all the intermediate stages, computations are applied on image content

representations that remain very close to the original image data. According to the recent

theories of active and purposive vision [13, 132, 27, 23], this is a very desirable characteristic.

Motion segmentation is achieved through a short chain of simple modules. No high level

symbolic processing is employed. In fact, the only symbols used are related to the final goal

(motion segmentation), and even these are assigned at the pixel level. The above characteristics

enhance robustness and make possible the exploitation of parallel processing techniques towards

achieving real time performance.
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Chapter 5

Independent 3D Motion Detection

Through Robust Regression in Depth

Layers

In whatever concrete theory, there exist as much science as its

mathematics

Immanuel Kant

5.1 Overview

In the previous chapter, a method for independent motion detection was proposed, which was

based on the elimination of the depth variable Z from the relation describing the motion normal

flow uM . This elimination has been achieved through the use of additional information in

the form of stereo normal flow measurements uS . The elimination of depth resulted in a
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linear system of eight parameters. The LMedS estimation of the model parameters leads to a

segmentation of the scene according to the 3D motion parameters of its points. The elimination

of depth enables the solution of the independent motion detection problem, without actually

computing the depth. This is very important because:

� The accurate computation of depth is very difficult [59].

� The computation of depth cannot be achieved without knowledge of the stereo configura-

tion parameters.

The method proposed in this chapter [18] also avoids the direct computation of depth.

However, stereoscopic information is exploited in a different way. In order to clarify the idea

exploited by the current method, consider eq. (3.13) which gives the algebraic value of motion

normal flow that has been computed from a pair of successive images in time. This equation

forms a linear model, when the depth Z and the motion parameters �U� V�W � and ��� �� �� are

constant for all image points. In terms of LMedS estimation, outliers of the linear model will be

points for which one, or more, of the following holds:

1. Their depth Z deviates from a dominant depth.

2. Their 3D motion parameters are different from the dominant motion parameters.

3. Noise has been introduced in the computation of normal flow.

For the task of independent motion detection, the second case is of interest. If it is possible

to define subsets of observations that correspond to points with the same depth and restrict the

application of LMedS in each of these subsets, then outliers should be due to independent motion

only. Points where noise was introduced in the computation of normal flow are not of great

concern since few such points are expected (only reliable normal flow vectors are considered)

and, moreover, they are sparsely distributed over the whole image plane.

74



5.2 Method description

5.2 Method description

It is now possible to delineate the following algorithm for independent motion detection, for the

case of unrestricted rigid 3D egomotion:

1. Segment the set of image points into depth layers, i.e. subsets with approximately constant

depth from the observer.

2. Apply the LMedS robust estimation technique to each depth layer in order to identify

motion outliers.

3. Combine the results from all depth layers in order to get a global 3D motion segmentation

of the scene.

In the remainder of this section, we are going to resolve issues related to each of the steps of the

algorithmic scheme described above.

5.2.1 Layering of a scene with respect to depth

Let S be the set of all points pi, 1 � i � n, of the image plane for which reliable normal flow

values can be computed. Each point pi of the image corresponds to a point Pi of the 3D world,

whose distance from the observer is Zi. Each point pi belonging to S may define a depth layer

Li, i.e. a subset of S based on the following relation:

Li �

�
pj :

����Zi � Zj
Zi

���� � �

�
(5.1)

Each of the layers Li can be interpreted as a ``slice'' of the 3D space, that contains 3D points

within a range of depths from the observer. The farthest from the observer, the thicker the depth

layers become, for the same value of parameter �. If the parameter � is selected to be sufficiently

small, then the depth variations within a specific depth layer are small compared to the distance
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from the observer and, the depth variable can be considered as constant:

�pj � Li� Zj 	 Ci� (5.2)

In eq. (5.2) Ci is a constant dependent on the layer Li. The segmentation of a scene S in layers

Li according to the depths of the 3D points from the observer can be achieved either by the

application of LMedS on the normal flows computed from a stereo configuration [20, 21], or

by considering specific functions of normal flow values. Both approaches are described in the

following sections.

Depth layering through robust regression

Consider eq. (3.14) which gives the algebraic values of stereo normal flow vectors that can

be computed between two images that are acquired by a binocular imaging system. Since the

acquisition of the two stereo images is done at the same time, both images capture the static

characteristics of the environment, without any dynamic change (such as independent motion)

to be cast. Moreover, as it has been shown in Chapter 3, the stereo-equivalent motion parameters

Us, Ws and �s, are related to the parameters of the stereo configuration (baseline and vergence

angle) and therefore they are the same for all points where normal flow vectors have been

computed.

For the above reasons, a set of observations in the form of eq. (3.14) could be fed in a LMedS

module as a means to estimate the parameters of the stereo configuration. Equation (3.14) forms

a linear model if depth Z is constant over the image plane. Suppose that at least 50% of the

image points are at an almost constant depth from the observer. In terms of the depth layer

definition of the previous section, this means that at least 50% of the points belonging to S,

form one of the depth layers Li, denoted by Ld. In such a case, all points belonging to Ld will

form the stereo inliers, while the rest of the points will be the stereo outliers. The estimation

of the stereo configuration parameters through robust regression leads, as a side effect, to the

estimation of the dominant depth layer Ld. It should be stressed that although LMedS is applied
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to estimate the stereo configuration parameters, the estimated parameters are not used in any of

the remaining computational steps. What is actually used is the discrimination of the dominant

depth layer.

LMedS can be recursively applied to the set of points L� Ld in order to detect the second

largest depth layer. This is much alike the recursive application of LMedS in the case of

independent motion detection algorithm of Chapter 4. In that context, the recursive application

of LMedS was aiming at the detection of motion segments.

The algorithm for depth layering through robust regression is presented in pseudocode in

Fig. 5.2.1.

0. WorkingSet := S

1. Current Layer := 1

2. While NumberOfPointsIn(WorkingSet) < POINTS LIMIT do

2.1 Discriminate With LMedS(WorkingSet, InlierSet, OutlierSet)

2.2 LCurrent Layer := InlierSet

2.3 WorkingSet := OutlierSet

2.4 Current Layer := Current Layer + 1

3. EndWhile

Figure 5.1: Algorithm for depth layering based on robust regression.

In this algorithm, procedure Discriminate With LMedS (step 2.1) applies the LMedS estimation

technique to the WorkingSet set of observations, and splits this set into the InlierSet and

OutlierSet. The WorkingSet is initialized with the set S of all points at which reliable normal

flow vectors have been computed. The InlierSet contains points of the dominant depth layer at
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each iteration while theOutlierSet contains points that should be further processed. The constant

POINTS LIMIT controls the termination criterion of the iterative application of LMedS. The

points that are left unclassified after the last iteration (fewer than POINTS LIMIT ) are

attributed to noise and are discarded from further consideration.

Direct depth layering

In the previous section, it has been demonstrated how depth layers may be extracted through

robust regression. Under such a formulation of the problem, depth layering is achieved as a

side effect of the process of estimation of the stereo configuration parameters, although the

parameters computed are not directly used. In this section, we describe an alternative approach

to depth layering. This approach can be characterized as direct in the sense that it surpasses

the problem of solving for the stereo configuration parameters and tries to extract information

about depth based on specific functions of normal flow. Such functions can be acquired by

considering a parallel stereo configuration for which the stereo-equivalent motion is only a

translation parallel to the x-axis of the camera coordinate system. Consequently, the normal

flow that can be computed from the stereo pair is equal to:

uS � (�nxf)
Us
Z

which can be written equivalently as:

�
uS

nx
�
Usf

Z
(5.3)

Equation (5.3) expresses the fact that for all image points we may compute a function of the

form

f�Z� �
A

Z

where f�Z� � �uS

nx
is a quantity that can be estimated from the stereo pair at each point, and

A � Usf is a constant depending on the stereo configuration and the camera. Suppose now that

we want to check whether a point pj belongs to the layer of a point pi. According to eq. (5.1), it
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is required that:

����Zi � Zj
Zi

���� � �


�����
Zi
A
�

Zj
A

Zi
A

����� � �


������
1

f�Zi�
� 1

f�Zj�

1
f�Zi�

������ � �


�����1� f�Zi�

f�Zj�

����� � � (5.4)

Therefore, since f�Zi� and f�Zj� are computable quantities, we can decide whether two points

pi and pj belong to the same layer or not. The criterion of eq. (5.4) does not depend on the

parameter A, meaning that knowledge of the stereo baseline and the camera focal length is not

required.

Comparison of the two depth layering schemes

The main advantage of depth layering based on robust regression is that it can be used regardless

of the parameters of the stereo configuration. However, due to the nature of LMedS, a certain

relation should hold among the populations of the depth layers. The direct method for depth

layering does not impose any assumptions regarding the number of points in each layer but

can only be used in the case of a parallel stereo configuration. Consequently, the selection

between these two methods should be done based on a detailed analysis of the requirements

of an application. As a general remark, the direct approach to depth layering is considered

preferable, in the sense that it is related to assumptions regarding the body of the observer (i.e.

the parameters of its stereo configuration) and not related to assumptions about the environment

(i.e. constraints on the populations of the depth layers).

5.2.2 Motion segmentation of a depth layer

Having already segmented a scene into depth layers, the goal is now to segment each of these

layers based on its 3D motion characteristics. From the process of depth layering, it is known

that depth variations within a layer are very small compared to the depth from the observer.

79



0

Thus, eq. (3.13) is linear with respect to the motion parameters �U� V�W � and ��� �� ��, for the

points of a layer and LMedS can be used in order to estimate the dominant 3D motion parameters

in this layer. LMedS is actually applied in order to estimate the parameters � U
Ci
� V
Ci
� W
Ci
� and

��� �� ��, where Ci is the average depth of each depth layer (see eq. (5.2)). Model inliers will

correspond to points of a dominant 3D motion. Model outliers will correspond to points where

either normal flow values have been erroneously calculated or to points where the underlying

3D motion parameters are not equal to the ones of the dominant motion. As in the case of the

independent motion detection method of Chapter 4, we use the term motion segments to refer

to sets of points that are characterized by common 3D motion parameters. Theoretically, up to

50% of outliers can be tolerated in each depth layer. In the case of depth layers with at most

two rigid motions, motion segmentation can be successfully achieved, since the one or the other

motion will dominate and will be estimated by LMedS estimation. In the case of more than

two rigid motions in a depth layer, the segmentation may be recursively applied to distinguish

all different motions. However, at each level of estimation, at least 50% of the total number of

points should have a common motion parameter set.

5.2.3 Integration of results from the various layers

The motion segmentation of a layer Li produces � motion segments M1
i�M2

i� ����M�
i, each

of which is characterized by a set of parameters � U
Ci
� V
Ci
� W
Ci
� and ��� �� ��. In some cases, this

type of information is enough to serve the goals of the observer. For example, the observer

may be interested to focus his attention to the different 3D motions at a specific depth. If,

however, a 3D motion segmentation of the whole scene is required, it should be examined

whether two motion segments belonging to different depth layers correspond to the same 3D

motion. Unfortunately, the estimated parameters are not pure 3D motion parameters because the

translational components of the estimated vectors include also information about depth. Any

direct comparison of the estimated parameter vectors across different depth layers is invalid

unless additional, quantitative information on depth is available. Moreover, the combination
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5.2 Method description

of results cannot be achieved on the basis of the inlier or outlier characterization of the scene

points, because the dominant motion in one layer may appear as a secondary motion in another

layer or because one depth layer may contain just one motion segment and no model outliers

can be found.

The task of parameter comparison is tackled by reducing the dimensionality of the

problem. From each 6-tuple of estimated parameters � U
Ci
� V
Ci
� W
Ci
� �� �� �� we get a 5-tuple

�m1�m2�m3�m4�m5� � � U
W
� V
W
� �� �� �� by dividing the first two coordinates of the 6-tuple with

the third one. This 5-tuple depends only on the 3D motion parameters. Therefore, it forms a

basis for deciding whether to merge motion segments in different depth layers. Consider the two

motion 5-tuples �m1
a�m2

a�m3
a�m4

a�m5
a� and �m1

b�m2
b�m3

b�m4
b�m5

b� of motion segments a

and b, respectively. These motions are considered identical if:

����� mi
a �mi

b

maxfmi
a�mi

bg

����� � 
m��i� 1 � i � 5� (5.5)

where 
m is a threshold controlling the sensitivity to motion discrimination. According to the

criterion of eq. (5.5), two 3D motions are considered identical if they have the same rotational

components and the same FOEs. This is not always correct, because in principle, different

translational motions can have the same FOE (i.e. all motions of the form �kU� kV� kW �, �k � R

have the same FOE). However, such cases are rare in practice and, moreover, cannot be tackled

without using metric depth information.

In practical situations, the motion 5-tuples compared are not the estimates provided by

LMedS. LMedS is recursively applied until all motion segments are identified. Then the 5-tuple of

each motion segment is computed by least squares estimation over the whole set of points of this

segment. This is because in the absence of outliers, least squares gives more accurate estimates

of the model parameters compared to LMedS estimation. It should be stressed, however, that

having already segmented a layer with respect to its motion parameters, all algorithms that can

solve the egomotion problem would suffice to estimate the motion parameters of a specific

segment and subsequently aid towards motion parameter comparison.
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The integration of results can be viewed as a problem of connected components labeling

[133]. Consider an undirected graph G � �V�E�, where the set V of vertices contains all motion

segments of all depth layers. Each vertex vi � V is characterized by the motion quintuple of

the corresponding motion segment. An undirected edge e�v1� v2� � E connects two vertices if

the motion quintuples of the vertices satisfy the criterion (5.5). Connected components of graph

G correspond to regions of the scene that have common three dimensional motion parameters,

independent of depth. Note that two motion segments are not compared if they belong to the

same layer and, therefore the corresponding vertices in V cannot be connected. Note also that a

connected component of G does not necessarily correspond to connected regions in the image.

5.3 Ordering the depth layers

In the context of the purposive vision paradigm, there is an increasing interest on ordinal (as

opposed to metric) representations of depth. Researchers [95, 171, 111] have argued that for a

number of tasks, ordering the scene points with respect to depth, is simpler than trying to provide

metric information and suffices for solving interesting problems. In this section we present how

the proposed method for independent motion can be used to provide such representations of the

scene structure. However, instead of providing an ordering of the scene points with respect to

depth, we provide an ordering of the depth layers. The ordering of the layers is more robust,

because it is achieved through the processing of groups of points rather than isolated points.

Additionally, interesting questions of qualitative nature about the depths of objects (e.g. which

object is closer to me?) may be answered through reasoning about the relation of the depth

layers in which the objects reside.

Suppose that after applying the independent motion detection method, two motion segments

a and b that reside in two different layers i and j, respectively, were assigned to the same 3D

motion1. Let � U
Ci
� V
Ci
� W
Ci
� �� �� �� be the estimated sixtuple for the motion segment a. Since the

1We ignore the case of two 3D motions with the same FOEs and rotational components at different layers
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motion segment b has the same 3D motion parameters, its sixtuple should be � U
Cj
� V
Cj
� W
Cj
� �� �� ��

By dividing the first three coordinates of the sixtuples one by one, we get �Ci
Cj
� Ci
Cj
� Ci
Cj

�. Each of

the coordinates of this vector, gives the relative depth of the two layers. Even in the case that

due to errors, the relative depth is not accurate, the comparison of these ratios with unity can

provide information about the ordering of layers in space. Thus, by exploiting 3D motions that

are present in more than one depth layers, it is possible to get qualitative information about the

scene structure.

5.4 Ambiguities in independent 3D motion detection

A very interesting issue regarding any independent motion detection method, is related to

its capability to distinguish among different 3D motions. Two 3D motions can be defined

as ambiguous with respect to an independent motion detection method, if the method cannot

distinguish them, even in the case of perfect sensory input. One class of ambiguous motions for

the independent motion detection through depth layering is the set of motions that have the same

rotational parameters and the same direction of translation. This type of ambiguity stems from

the dimensionality reduction that aided integration of results across the depth layers. The simple

example of Fig. 5.2 clarifies this issue. The figure shows an optical flow field that consists of

two regions, A and B. Optical flow vectors in each of the regions have a constant direction and

magnitude. However, optical flow vectors in region B are larger than those in A. By observing

this scene, three different interpretations may be given:

1. Regions A and B have the same motion parameters but different depths. More specifically,

region A is at a larger depth than region B.

2. Regions A and B are at the same depth, but have different motion parameters. More

specifically, region B moves faster than region A.

3. Regions A and B have different motion parameters and correspond to different depths.
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B

A

Figure 5.2: An example of a motion field that is ambiguous in terms of motion segmentation.

The proposed method can tackle the second case, because in this case two different motion

segments will be part of the same depth layer. However, it cannot discriminate between the

cases 1 and 3, since it lacks any knowledge of the relative depths of the depth layers.

5.5 The case of purely rotational egomotion

Consider an observer performing a rigid rotational 3D motion only. Such cases can be detected

by using the Collinear Point Constraint (CPC) that has been proposed by Lobo and Tsotsos [108].

The CPC depends only on the translational motion of the observer. Therefore, if it is equal to

zero, then the motion of the observer can only be due to a purely rotational motion.

From eq. (3.13) it can be verified that only the translational component of the motion is

influenced by the scene structure. Therefore, in the case of purely rotational egomotion, the part

of the independent motion detection method which deals with stereo information is redundant.

Independent motion detection may be achieved by just applying the LMedS estimation on

the motion normal flow field, whatever the scene structure may be. However, in practical

applications, the case of pure rotational egomotion is very rare.
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5.6 Implementation and performance issues

Figure 5.3 summarizes schematically the method for independent motion detection through

depth layering. At time t, a pair of images Lt and Rt is acquired by the stereo configuration.

Lt

Rt

tt-1

SRt

t+1

Smoothing

Smoothing

Normal

Normal
Flow

Computation

Flow
Computation

Motion 

Segmentation

Depth

Layering
Post

Processing

Motion 

per depth layer
segmentation

Combination of  layers

Block diagram of the method

SLt

SRt

SRt

SRt-1

Figure 5.3: A schematic presentation of the method for independent motion detection based on

robust regression in depth layers.

Much alike the independent motion detection method based on depth elimination, images are

smoothed, the normal flow fields due to stereo and motion are computed and normal flow

values are thresholded; all points for which the magnitude of intensity gradient is lower than a

threshold, are removed from further consideration. Stereo normal flow is fed into one of the two

alternative depth layering modules described, giving rise to a number of depth layers. For each

of the depth layers already defined, motion segmentation is now performed based on LMedS

estimation. The resulting motion segments are compared based on a least squares estimation of

their motion parameters, and merged if the comparison reveals common 3D motion parameters.

As already discussed, ambiguities may arise but in restricted situations. The final 3D motion

segmentation is post-processed towards enhancing its usability.
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Depth layering is achieved either through robust regression or by direct depth comparison. In

the first case, the computational complexity of depth layering is determined by the computational

requirements of LMedS. In the case that a fixating stereo configuration is used, the number p

of the parameters to be estimated is equal to 3. In the case of parallel cameras there is only

one parameter to be estimated. In practice, direct depth layering is performed with an iterative

scheme. First, a histogram of the function f�Z� is computed. The highest peak of the histogram

is determined and the value of the function at this peak becomes the center for the definition of a

depth layer. All points which, according to criterion (5.4), belong to this layer are excluded from

subsequent consideration. These steps are repeated until all points of the image are assigned to

depth layers.

Motion segmentation in each layer has a complexity that is determined by the computational

requirements of LMedS. More specifically, motion segmentation involves l applications of

LMedS (one for each layer), each of which involves as many observations as the number of

points in the current layer. In the general case, the estimation is applied for the six motion

parameters of the unrestricted 3D motion, so p � 6 (see Fig. 4.5(a) for a 3D plot of the number of

required iterations as a function of the probability Q and the outliers probability e, for the case

of p � 6).

Integration of results has the complexity of connected components labeling (O�jV j log jV j�

where jV j is the number of graph vertices). In practical situations this number is rather small.

Finally, the post processing involves local operations for which efficient parallel algorithms can

be developed.
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Chapter 6

Qualitative Detection of 3D Motion

Discontinuities

One of the most interesting aspects of the world is that it

can be considered to be made up of patterns. A pattern is

essentially an arrangement. It is characterized by the order

of the elements of which it is made, rather than by the intrinsic

nature of these elements

Norbert Wiener

6.1 Overview

In the two previous chapters, two independent motion detection methods were presented which

were based on the indirect comparison of depth information extracted from a stereo configuration

and a motion sequence. Both methods made use of robust regression as a means to perform 3D
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motion segmentation. Although LMedS is a method for estimating model parameters in a set of

noisy data, what was of central importance was not the estimated parameters, but the separation

between inliers and outliers which led to motion segmentation. Although the computational

cost of these methods is not prohibitively high, we would like to be able to use as fast methods

as possible, even if this has some negative impact to the detail with which independent motion

is detected. The method proposed in this chapter is towards this direction. Compared to the

previous two methods, the method presented in this chapter takes a more qualitative approach, in

the sense that solving for the motion or stereo configuration parameters is totally avoided. This

is in fact a very important issue in the purposive theory of vision: Problems should be solved

directly, by using suitable, specific representations instead of relying on general representations

that are difficult to extract accurately. For the specific problem of independent motion detection,

this methodological principle leads to an effort to detect independently moving objects through

the processing of normal flow and, if possible, without relying on estimations of the 3D motion

parameters of the moving objects which amounts to solving the structure from motion problem.

According to the method described in this chapter [19], the independent motion detection

problem is reduced to a problem of pattern matching and, more specifically, to a problem of line

fitting. The quantities compared are functions of depth, computed from a temporal sequence of

image stereo pairs. One qualitative depth function is computed from the stereo configuration

and another depth function is computed from motion. Both functions are defined and computed

over local image patches. It is shown that these two functions obey a linear relationship in the

case that there is only one 3D motion in the image patch under consideration. The violation

of this linear relationship in an image patch is attributed to the existence of more than one 3D

motions. Consequently, in the general case1, boundaries of independently moving objects are

detected.

1Later in this chapter it will be shown that in certain cases the whole image of an independently moving object

can be identified
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6.2 Method description

6.2.1 Qualitative depth information in image patches due to motion

The current method relies on the assumption that within a small image patch, the translational

and rotational components of the egomotion can be accurately approximated with constant

vectors. Based on this assumption, eq. (3.5) can be written as:

u �
uT
Z

� uR

(6.1)

v �
vT
Z

� vR

where �uT � vT � and �uR� vR� are the constant translational and rotational components of motion

for that image patch. This assumption, differs conceptually from the assumption of patchwise

constant optical flow. The constancy of the translational and rotational components of egomotion

depends only on the observer's 3D motion parameters and poses restrictions on the body of

the observer. On the contrary, optical flow constancy implies constancy of depth, which is an

environmental assumption. Figure 6.1 clarifies the difference with a characteristic example.

Translational components �uT � vT � and rotational components �uR� vR� of motion are the same

at points �x1� y1� and �x2� y2� in Figs. 6.1(a) and 6.1(b), respectively. However, due to difference

in the depths Z1 and Z2 of these points (Z1 � Z2), the optical flow vectors �u1� v1� and �u2� v2�

differ considerably.

The hypothesis for constant translational and rotational components of motion is valid in

image areas which are far from the FOE. As demonstrated in Fig. 3.4.(a), in the case of pure

translational motion, optical flow vectors emanate from the FOE whose coordinates are �Uf
W
� V f
W

�.

In a small image patch far away from the FOE, translational optical flow vectors can be regarded

as parallel. The farther the FOE from the image patch, the more accurate the approximation. The

approximation becomes perfectly accurate if the W component of translational motion is zero,

which is equivalent with the FOE being at infinity. Thus, if the translational component of the
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Figure 6.1: An example where the translational and rotational components of motion are constant

while optical flow is not constant.

3D motion along the Z axis is very small relative to the 3D motion along the X and Y axes, the

approximation holds for all patches that can be defined on the field of view.

Similar arguments hold for the case of rotational motion. As can be verified from Fig. 3.4.(c),

the rotational optical flow vectors can be approximated by parallel vectors in a small patch

far from the AOR2 The hypothesis of constant rotational component is even more realistic in

practical situations compared to the assumption regarding the translational component because

in the case of egomotion, the rotation � around the Z-axis is usually close to zero and, therefore,

the AOR is far outside the field of view.

By substituting u and v of eq. (6.1) in eq. (3.12) we obtain:

uM �
�uTnx � vTny�

Z
� uRnx � vRny (6.2)

Assuming that nx �� 0 and dividing eq. (6.2) by nx, we obtain:

uM

nx
�

�uT � nvT �

Z
� uR � nvR

2The AOR is the point where the rotation axis intersects the image plane. The coordinates of this point are given

by ��
�
� �
�
�.
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where n �
ny
nx

, is the direction of the image gradient. Thus, for a selected normal flow direction

n in a certain image patch, we can compute a depth function of the form:

g�Z� �
K

Z
� L (6.3)

where

K � uT � nvT

(6.4)

L � uR � nvR

are unknown, constant quantities. Equation (6.3) constitutes the first of the two functions, the

comparison of which leads to conclusions about independent motion.

6.2.2 Qualitative depth information in image patches due to stereo

In a way similar to the case of motion, the translational and rotational components of the stereo

equivalent motion can be considered constant in image patches. As can easily be shown using

geometrical considerations, the translational part of the stereo equivalent motion for a fixating

stereo configuration, has only a Us and a Ws component. In all practical situations, Us is one or

two orders of magnitude greater than Ws
3. Therefore, the FOE for the stereo equivalent motion

is far from the image center. The hypothesis for a constant rotational component is also realistic.

The rotational component is due to a rotation �s around the Y -axis, which produces an almost

horizontal flow field. By denoting the translational and rotational components of the stereo

equivalent motion with �uTs� vTs� and �uRs� vRs�, respectively, we can derive a depth function,

corresponding to each patch, of the form:

h�Z� �
A

Z
�B� (6.5)

3See Appendix A for a further analysis.
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where,

A � uTs � nvTs�

(6.6)

B � uRs � nvRs

are again unknown, constant quantities. It has also been shown [64] that eq. (6.5) holds with no

approximation, for all normal flow vectors for which xnx � yny � 0.

6.2.3 Comparison of depth functions

Suppose that for an image point pi which corresponds to a scene point with depth Zi, the values

h�Zi� and g�Zi� of functions h and g are computed. By solving eq. (6.5) for Z and substituting in

(6.3) we obtain:

g�Z� �
K

A
h�Z� �

�
L�

KB

A

�
(6.7)

Let s � K
A

and t � L� KB
A

. Then the above equation can be written as:

g�Z� � sh�Z� � t (6.8)

Equation (6.8) states that the functions of depth h and g, due to stereo and motion, respectively,

have a linear relation for all points with the same gradient direction within an image patch. The

scaling parameter s and the shift parameter t depend on the motion parameters and the stereo

configuration parameters. Since the quantities A, B,K and L remain constant in an image patch,

the same is true for s and t.

Consider now an image patch, in which there are points that correspond to more than one

rigid 3D motions. If there are two such motions, eq. (6.3) will hold for some parameters K1

and L1, corresponding to points of one motion, and for some other parameters K2 and L2,

corresponding to points of the other motion. Equation (6.8) will not hold for the same parameters

s and t for all points in an image patch. The detection of such situations signals the presence of

more than one rigid motions and, therefore, the presence of independent motion.
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Comparison through robust regression

A method for comparing the depth functions treats the problem as a problem of line fitting. Each

point in a patch, provides one equation of the form of eq. (6.8). h�Zi� and g�Zi� are computable

quantities, and s and t are unknown parameters. In fact, the set of eqs. (6.8) for all points in

an image patch form an overdetermined set of equations over variables s and t, that can be

tackled with the LMedS robust estimator. In the presence of two rigid motions, robust regression

will estimate the parameters for the majority of the points (dominant motion within that patch).

Model inliers will correspond to the points of the dominant motion, while model outliers will

correspond to the points of the secondary motion. The absence or the presence of outliers signals

one or more 3D motions, respectively. Note that if there are two rigid motions, then the high

breakdown point of LMedS suffices to handle correctly the segmentation of the scene. In case

that there are more than two rigid 3D motions within a patch, and none is dominant (in the

sense that 50% of the total number of points corresponds to that motion) the method will fail

to estimate a correct set of parameters s and t. However, it is very likely that whatever the

estimated parameters are, outliers will exist and, therefore, discontinuities will be detected.

6.3 Ambiguities in independent 3D motion detection

For the motion discontinuities detection method, there are certain cases of ambiguous 3D

motions. According to the previously described method, if no set of parameters s and t can

be found such that eq. (6.8) holds for all points of a certain gradient direction in a patch, then

there is a 3D motion discontinuity in that patch. However, the reverse does not always hold:

If eq. (6.8) holds for all image points of a certain gradient direction within a patch, then it is

not guaranteed that no 3D motion discontinuity exists. Assume that in a certain tile, the depth

function due to stereo is given by the relation h�Z� � A
Z
�B. Suppose also that there are two

different 3D motions m1 and m2, each of which gives a function of depth g1�Z� � K1
Z

� L1 and
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g2�Z� � K2
Z

� L2, respectively. If, (see eq. (6.7)) the relations

s �
K1

A
�
K2

A

(6.9)

t � L1 �
K1B

A
� L2 �

K2B

A

hold simultaneously, then althoughm1 andm2 are different motions, eq. (6.8) holds for all points

of an image patch. Equations (6.9) after substitution from eqs. (6.4), yield:

�uT1 � uT2� � n�vT2 � vT1�

(6.10)

�uR1 � uR2� � n�vR1 � vR2� �
B

A
f�uT1 � uT2�� n�vT2 � vT1�g

For both equations to hold, the gradient direction and the motions m1 and m2 should be such

that:

n �
uT1 � uT2

vT2 � vT1
�
uR1 � uR2

vR2 � vR1

This is a rather restricted case, because it requires the selected gradient direction to have a special

relation with both the translational and the rotational components of both motions. An easy

way to avoid these ambiguous situations is to test if eq. (6.8) holds for more than one gradient

directions.

6.4 Implementation and performance issues

Figure 6.2 summarizes schematically the method for the detection of discontinuities of 3D

motion. As in the case of the previously described methods, two normal flow fields (from

stereo and motion) are computed from the smoothed images SRt�1, SLt�1 and SRt and SLt.

The image is then partitioned into tiles. For each tile, a histogram of normal flow directions is

computed. The dominant normal flow directions are determined and for these directions, the

functions h and g are computed. Functions h and g are then compared by LMedS estimation.
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Figure 6.2: A schematic presentation of the method for 3D motion discontinuities detection.

Independent motion detection is reported in an image patch if, for at least one gradient direction,

the depth functions due to motion and stereo do not have a linear relationship. As it has been

demonstrated in Chapter 4, the time complexity of LMedS estimation is O�nm�, where n is the

number of observations of the model and m the number of required iterations. In this case, n

is small because robust regression is applied to a small image patch as opposed to the whole

of an image. Additionally, only vectors at a specific direction are considered. The number of

iterations depends on the number of parameters p to be estimated. In this case, p � 2. Figure 6.3

shows a 3D plot of the number of required iterations m as a function of the error probability Q

(the confidence level to be reached is equal to 1�Q) and the outliers probability e.

Regarding the exploitation of parallel processing techniques, it should be emphasized that

the processing of one image patch does not depend on the processing of another, and therefore

each could be assigned to a different processor of a parallel architecture reducing considerably

the execution time of this method.
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Figure 6.3: Number of iterations m for LMedS estimation (eq. (4.6)), as a function of Q and e.

The number of model parameters is kept equal to p = 2.
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Chapter 7

Detection of Maneuvering Objects

The unavoidable price of reliability is simplicity

C. Hoare

7.1 Overview

The methods presented in the previous three chapters detect independent motion by exploiting

information acquired by a moving binocular observer. The method described in this chapter [17]

relies on motion information only, i.e. it does not employ stereoscopic information. Processing

is applied over the two normal flow fields that are computed from three successive images

in time, in order to detect changes in the 3D motion parameters of the image points. This

is important in many applications. For example in certain cases, the observer is expected to

maintain a constant 3D motion, while some objects are expected to continuously change their

own 3D motion parameters, i.e. they maneuver. More specifically, the proposed method decides

whether the 3D motion of a certain point in the first pair of images (images acquired at time

instances t � 2 and t � 1), remains the same in the second pair of images (images acquired at
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Change detection in intensities Change detection in normal flow

Goal: Detecting changes in position Detecting changes in 3D motion

Assumption: Constant position of the observer Constant 3D motion of the observer

Input: Two image frames Two normal flow fields (from three frames)

Approach: Difference of image frames Difference of normal flow fields

Table 7.1: Change detection in image intensities vs. change detection in normal flow fields.

instances t� 1 and t).

There are a number of analogies that can be drawn between change detection methods that

are used to detect moving objects in the field of view of a static observer and the method for the

detection of changes in 3D motion. Table 7.1 summarizes these analogies. Most of the existing

methods for change detection aim at detecting changes in the position of an object in the field

of view of an observer. The basic underlying assumption is that the observer is static. However,

these methods are able to recognize the case of a previously static observer that starts moving,

because in that case a change will be detected over the full image plane. In most cases, change

detection methods work by taking (weighted) differences in the intensities of two image frames

that are acquired at successive time instances.

By complete analogy, the proposed method for the detection of maneuvering objects, aims

at detecting changes in the 3D motion parameters of independently moving objects. The basic

underlying assumption is that the eye of the observer moves rigidly with constant 3D motion

parameters. However, the method is capable of detecting changes in the 3D motion parameters

of the observer, because again in that case, a change will occur over the whole image plane.

The proposed method relies on the processing of two normal flow fields that are computed

from three successive images in time. The basic problem involved is that, since the observer

moves with constant but unknown 3D motion parameters, the spatial registration of the
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information to be compared is unknown. In the remainder of this chapter we present a technique

that makes this comparison possible, without resorting to the solution of the correspondence

problem.

7.2 Method description

Suppose that the motion of the observer remains constant for three frames that are acquired at

time instances t� 2, t� 1 and t. Suppose also that we compute a normal flow field, from frame

t � 1 to frame t. According to eq. (3.13), the normal flow that can be computed at point �x� y�

with gradient direction �nx� ny�, is equal to

uM
�t�1�t�

� (�nxf)
U

Z

�
�
�nyf

	 V
Z

�
�
xnx � yny

	W
Z

�



xy

f
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�
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�
ny

�
�

�


�
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f
� f

�
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xy

f
ny

�
�

� �ynx � xny��

where �U� V�W � are the translational motion parameters, ��� �� �� are the rotational motion

parameters and f is the focal length of the imaging system. Suppose also that we compute the

normal flow from frame t � 1 to frame t � 2. Due to the hypothesis of constant egomotion,

it turns out that the observer is moving from time t � 2 to time t � 1 with motion parameters

�U� V�W � and ��� �� ��. Therefore, his motion from time t�1 to t�2 is described with parameters

��U��V��W � and ����������. According to eq. (3.13), the normal flow is equal to:
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Therefore,
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�t�1�t�
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�t�1�t�2�

(7.1)

Note that �nx� ny� is determined by the spatial derivatives of the image intensity function.

Therefore, for a given point �x� y�, the gradient direction �nx� ny� is the same for both fields,

because for both fields the reference frame for the calculation of normal flow is the same (frame

t � 1), as shown in Fig. 7.1. Equation (7.1) provides a simple, yet effective criterion to check

(x, y)

(n , n )x      y

t-2

(x, y) (x, y)

tt-1

Figure 7.1: A schematic presentation of the method for the detection of maneuvering objects.

Comparison of normal flow fields is enabled without solving the correspondence problem,

because of the time-reversed computation of normal flow between frames t� 2 and t� 1.

whether the 3D motion parameters of a point remain constant over three frames in time. Once

the two normal flow fields are computed, then for each point the sum of the normal flow values

should be equal to zero. A non-zero value signals a change in the 3D motion parameters of the

corresponding point. In practical situations, the sum of normal flow values will not be zero due
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to errors in the computation of the time derivative. We may however require the absolute value

of the sum to be small with respect to the maximum of the absolute normal flow values:

juM
�t�1�t�2�

� uM
�t�1�t�

j

maxfjuM �t�1�t�2�j� juM �t�1�t�jg
� 
un (7.2)

where 
un is a threshold controlling the sensitivity to changes in motion in the three frames.

The satisfaction of criterion (7.2) over subsets of scene points, leads to four interesting

cases; they are summarized below, where it is assumed that the majority of the scene points

correspond to the static world. Let IP be the set of image points for which reliable normal flow

values have been computed; then:

1. The criterion holds for all image points in IP . This is the case where neither the observer,

nor any object(s) changed their motion parameters. Note that the change of motion

parameters includes the interesting case of previously static objects that have now started

moving.

2. The criterion holds for the majority of image points in IP . This is the case where the

motion of the observer remained constant. Points where the criterion does not hold, are

points of objects that changed their motion.

3. The criterion holds for the minority of image points in IP . This is a special case where

both the observer and the independently moving object(s) changed their motion in exactly

the same way, so that no relative change can be detected.

4. The criterion does not hold for any point in IP . The motion of the observer has changed.

It cannot be decided, however, whether the motion of some objects has also changed.

A label may be assigned to each point with a reliable normal flow value, based on whether

criterion (7.2) is satisfied. This label describes whether the 3D motion parameters of this point

have changed or not. Thus, despite its simplicity, the method can provide useful information

about the motion characteristics of both the observer and its environment. Additionally, as it is
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shown in Chapter 9, the provided information can be effectively coupled with other independent

motion detection methods.

It is noted that by employing normal flows, only incomplete information about motion is

used. A normal flow value is the projection of an optical flow vector at a certain direction. Infinite

many other optical flow vectors may have the same projection at this direction. Consequently,

there are certain changes in the 3D motion parameters of a point that cannot be recovered

through summations of normal flow values. However, in a region where 3D motion changed,

it is expected that many different gradient directions exist and, therefore, the concentration of

points that do not satisfy criterion (7.2) will be high. This observation leads to the conclusion

that some type of post processing is needed on the resulting labeling of points. The type of

postprocessing applied is the same as it was in the case of the previous methods for independent

motion detection. Again, isolated points are removed. The labels of the resulting maps are

repeated in small neighborhoods in order to come up with connected regions containing the

maneuvering objects.

7.3 Implementation and performance issues

Figure 7.2 summarizes schematically the method for the detection of maneuvering objects.

The computational requirements of the method for the detection of maneuvering objects are

extremely low. Practically, the most computationally intensive part of the method is the

computation of the two normal flow fields (see Chapter 4 for an analysis of the complexity of

normal flow computation). The normal flow comparison is equivalent to one scan of the two

normal flow fields in order to test for the satisfaction of criterion (7.2). The extremely low

requirements of this method can be exploited in two ways. First, it can be decided very quickly if

there are maneuvering objects in front of a moving observer and if the observer has changed his

motion parameters. Second, the outcome of the method can be used to control the activation of

other independent motion detection algorithms. This is actually the approach taken in Chapter 9,
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Block diagram of the method

Figure 7.2: A schematic presentation of the method for the detection of maneuvering objects.

where all the proposed methods for independent motion detection are integrated in one unified

framework.
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Chapter 8

Experimental Results

Well done is better than well said

Anonymous

8.1 Overview

In this chapter, a number of performance issues regarding the proposed independent motion

detection methods are studied experimentally. The experimental evaluation of these methods

has been based on both simulated data and real image sequences. For notational convenience,

we will refer to the proposed methods with the following abbreviations:

� IMDE: Independent Motion detection based on Depth Elimination (chapter 4).

� IMDL: Independent Motion detection through Depth Layering (chapter 5).

� MDD: 3D Motion Discontinuities Detection (chapter 6).

� DMO: Detection of Maneuvering Objects (chapter 7).
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8.2 Experiments with simulated normal flow fields

8.2.1 Simulation environment

In order to facilitate the experimental evaluation of the proposed methods a simulation envi-

ronment has been built. This environment enables the creation of synthetic normal flow fields

(both stereo and motion) for a certain scene. The characteristics of the observer and of the

hypothesized scene are controlled by a series of parameters:

� Image dimensions.

� The coordinates of the point where the optical axis of the hypothesized camera intersects

the photosensitive surface (usually close to the image center).

� The focal length of the cameras.

� The parameters of the stereo configuration. These are actually the parameters of the

hypothetical 3D motion that transforms the position of the left camera to the position of

the right camera.

� The noise level of the resulting normal flow fields. Gaussian noise is assumed, which is

modeled by its mean and standard deviation.

� The number of rigidly moving regions.

� For each rigidly moving region, the following parameters are defined:

-- Its dimensions on the image (rectangular regions are assumed).

-- The mean and the variance of the Gaussian distribution that models the depths of

the points in that region. For each point, its depth is a random sample of such a

distribution, without making any assumption regarding surface continuity.

-- The density of the normal flow field in the region, which is the percentage of the

points in the region for which reliable motion and stereo normal flow values are
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8.2 Experiments with simulated normal flow fields

assumed. This simulates the fact that in a scene, a portion of normal flow vectors will

be rejected due to low image gradient.

-- The 3D translational motion parameters of the region relative to a coordinate system

that is positioned on the observer.

-- The 3D rotational motion parameters of the region relative to the same coordinate

system.

Given the above parameters, a very large variety of scenarios can be effectively simulated. The

output of a simulation is one possible normal flow field that can be due to the scene structure and

the motion parameters. At each image point, the simulator assumes a random gradient direction

which is selected from a uniform distribution in the range �0�0� ��� 2��.

8.2.2 LMedS estimation of motion parameters in a depth layer

One issue that has been experimentally evaluated using simulated data, is the capability of

LMedS to estimate the motion parameters in a scene, in combination with the depth variations

in that scene. This is an important issue because of two reasons:

1. If the estimation accuracy does not depend largely on depth variations, then depth

variations can be neglected and two dimensional motion models can be effectively used.

If, on the contrary, depth variation influences the estimated motion parameters, this favors

the use of the 3D motion models as it has been proposed in this thesis.

2. For the IMDL method, the combination of motion information through the various layers

depends on the accuracy of the estimated motion parameters in each layer. Thus, studying

the motion parameter estimation accuracy of LMedS as a function of the depth variations

in a scene, provides experimental evidence that can be exploited for the definition of a

depth layer.
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The experimental setup assumes images of dimensions 256 � 256. The focal length of the

camera has been set equal to 600 pixels, which roughly corresponds to a focal length of 50mm.

The simulation involved only one motion (egomotion) with instantaneous 3D translational

parameters �U� V�W � � �20�0� 20�0� 40�0� and instantaneous 3D rotational parameters ��� �� �� �

�0�001� 0�0015� 0�0005�. It has been assumed that reliable normal flow values have been computed

in 50% of the total number of points. In order to isolate the effect of depth variations in the

estimation of motion parameters, no noise has been added to the normal flow fields. Three

different sets of experiments have been conducted. In each of these sets, it has been assumed

that the mean of the Gaussian distribution of depth was at 3, 5.5, and 8 meters from the observer,

respectively. For each of these mean depths, 11 different runs were conducted, one for each of

the different standard deviations of the Gaussian distribution of depth.

Figures 8.1(a) to 8.1(e) summarize the results of the LMedS estimation for the model of

eqs. (6.3). Each figure, (Figs. (a), (b), (c), (d), (e) and (f)) corresponds to one of the motion

parameters (U , V , W , �, � and �). Note that the estimation for the three translational parameters

is scaled by a depth factor. The horizontal axis corresponds to the variation of depth in a specific

experiment. For example, a value of 100, means that 67% of the scene points are in the range -100

to 100 millimeters around the mean depth for that experiment. The vertical axis corresponds to

the relative error Erel in the computation of a parameter, namely:

Erel �

����p� p̂

p

���� � (8.1)

where p is the real value of this parameter and p̂ is the estimated value for that parameter. The

three curves in each plot correspond to the three different mean values for depth (3, 5.5 and 8m).

Figures 8.1(a) to 8.1(f) show that:

� The relative error of LMedS estimation of the motion parameters increases considerably

as the depth variation in a layer increases.
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3000mm

5500mm

8000mm

8000mm

5500mm

3000mm

(a) U (b) V

3000mm

5500mm

8000mm
8000mm

5500mm

3000mm

(c) W (d) �

3000mm

5500mm

8000mm

8000mm

5500mm

3000mm

(e) � (f) �

Figure 8.1: Results of motion parameter estimation for various depths and depth variations.
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� The relative error of LMedS estimation of the motion parameters increases considerably

as the absolute mean depth of a layer decreases.

Regarding the first of questions raised in the beginning of this section, the above results express

the need for realistic 3D motion models that exploit independent information on depth, as

opposed to the 2D motion models that ignore the scene structure. This is particularly true in

cases that the observer is close to the scene in view. Regarding the second of the questions

raised, the experimental results favor the depth layer definition of eq. (5.1) that has already been

used by the IMDL method. According to this definition, depth layers become thicker as the depth

from the observer increases, because the loss of accuracy due to the increased depth variation

can be balanced with the accuracy gains due to the higher absolute depth.

8.2.3 Relative performance of the proposed methods

For the purpose of comparing the performance of the proposed methods for independent motion

detection, a quantitative performance measure should be defined. In the following section we

define such a performance index.

Performance index

Whatever the 3D motion characteristics of a scene may be, each point of its image belongs to

one of the following three disjoint sets:

� The set Da, which contains the points where normal flow has been rejected as unreliable.

� The set Ea, which contains the points of the static background (i.e. appear to be moving

due to egomotion).

� The set Ia, which contains the points of the independently moving objects.
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8.2 Experiments with simulated normal flow fields

The points of set Da are not considered by the proposed independent motion detection methods

because at these points there is no reliable information regarding their motion. Depending on

the results of an independent motion detection method and the real motion characteristics of a

scene, four different classes of points are defined:

� Class Ee: Points that belong to Ea and the independent motion detection method detects

them as such.

� Class Ii: Points that belong to Ia and the independent motion detection method detects

them as such.

� Class Ei: Points that belong to Ea but the independent motion detection method employed

assigns them to Ia.

� Class Ie: Points that belong to Ia but the independent motion detection method employed

assigns them to Ea.

Ideally, an independent motion detection method produces empty Ei and Ie sets, i.e. no

misclassifications. We define the performance index Š of an independent motion detection

method as

Š � �
#Ee

#Ea
� �1� ��

#Ii
#Ia

� (8.2)

where #A denotes the cardinality of the set A. The term #Ee

#Ea
in eq. (8.2) is the ratio of points

that were correctly assigned to egomotion while the term #Ii
#Ia

is the ratio of points that were

correctly assigned to independent motion. The factor � takes values in the range �0��1� and can be

interpreted as a significance factor that, depending on its value, shifts the emphasis to the correct

detection of the points belonging to Ia (� = 0) or to the correct detection of points belonging to

Ea (� = 1). In classical detection theory [175], the factor � depends on the a priori probability of

a point to belong to a certain class. In the context of this work, � has the additional meaning of a

bias that favors the correct detection of the points that correspond to egomotion or independent

motion. The choice of a specific value for � depends on the application. In certain applications
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(e.g. surveillance) it may be crucial to guarantee the detection of independently moving objects.

In this case, a method with better performance index for small values of � must be selected.

In other applications (e.g. egomotion estimation) it is crucial to ensure that points identified as

moving due to egomotion are really such; in these cases a method with high performance index

for large values of � is preferable. For the purposes of our evaluation, we have chosen a value

of � � 0�5.

Description of the experiments

A set of experiments have been carried out in order to evaluate the relative performance of

the proposed independent motion detection methods, as a function of the noise in the motion

and stereo normal flow fields. The DMO method has not been evaluated in these experiments

because, as has been shown in Chapter 7, it is sensitive to motion changes rather to independent

motion itself. However, the rest of the proposed methods (IMDE, IMDL, MDD) are not only

compared relative to each other, but also relative to a motion segmentation method that employs

a 2D motion model. This method has very close resemblances to the one proposed by Ayer et al

[22], and tries to estimate the parameters of a 2D affine model by employing robust regression

on a motion normal flow field. Note that none of the existing 3D motion detection methods can

be directly compared to the results of the proposed methods for independent motion because all

these methods rely on partial knowledge of the egomotion parameters or of the structure of the

environment, which is assumed unavailable by the proposed methods.

In order to evaluate the performance of the independent motion detection methods, a

synthetic motion and stereo normal flow field has been constructed by using the simulation

environment. The synthetic flow fields refer to 256 � 256 images. A focal length of 600 pixels

has been assumed for both cameras of the simulated stereoscopic observer. The cameras have

been arranged in a parallel stereo configuration, with a 7cm baseline. The normal flow values

in 50% of the points have been rejected, simulating the rejection of normal flows due to small
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8.2 Experiments with simulated normal flow fields

image gradient. The simulated scene contains three areas of interest. The layout of the scene1 can

be seen in Fig. 8.2. The black and the gray regions correspond to areas of the static environment,

Figure 8.2: The layout of the scene used for the comparative evaluation of independent motion

detection methods.

but differ in their average depth. The black area is located at approximately 6m from the

observer, while the gray area is at approximately 3m from the observer. The white region

corresponds to an independently moving object, which is at the same depth with the black area.

Thus, an independent motion detection algorithm should produce a common label for the points

of the black and gray regions (egomotion) and another label for the points of the white region

(independent motion). The independently moving object covers 32% of the total area of the scene

and the close-to-the-observer object covers 29% of the scene. Note also that the independently

moving object covers 45% of the scene points that are at a depth around 6m. The observer

has been assumed to perform a complex translational and rotational motion with parameters

�Ue� Ve�We� � �60�0� 60�0� 6�0� and ��e� �e� �e� � �0�001� 0�0� 0�0001�, while the relative motion

between the observer and the independently moving object is �Ui� Vi�Wi� � �4�0� 40�0� 80�0� and

��i� �i� �i� � �0�002� 0�0002� 0�0001�.

Various simulations were performed, each with different noise added to both motion and

1Note that the simulation does not create synthetic images, but synthetic normal flow fields. Thus, Fig. 8.2 is given

to illustrate the layout of the regions in the hypothesized scene and it is not relevant to the image intensities.
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stereo normal flow fields. In all cases, Gaussian noise with zero mean has been hypothesized.

The standard deviation �n varied in different runs from 0.0 (no noise) to 0.24. This simulates a

wide variety of scenarios for noise contamination (from perfect to highly contaminated data). In

each experiment, both the motion and the stereo normal flow fields were affected by the same

type of Gaussian noise.

Figures 8.3(a) to 8.3(i) illustrate the results of the method for 2D motion segmentation for

the noise distributions tested. Each of the images of Fig. 8.3, is a map with dimensions equal to

the dimensions of the input images. Each point in this map corresponds to a point in the image

and takes one of three possible values: Black, white and dark gray, corresponding to egomotion,

independent motion and points with unreliable normal flows, respectively. The results of Fig. 8.3

are characteristic of the inherent weakness of the 2D motion models when applied to scenes

with large depth variations. Even in the case of no noise (��n� �n� � �0�0� 0�0�, Fig. 8.3(a)), the

method fails to capture the real 3D motion characteristics of the scene. More precisely, the

method perceives the independently moving object as part of the static background, and the

static object that is close to the observer (white region in Fig. 8.2) as independently moving. This

is because the observed motion of the independently moving object is (in terms of the affine

model) more similar to the observed motion of the distant background than it is to the static

foreground object. This behavior does not change too much as a function of the noise added to

the normal flow field.

The results of the application of the IMDE method to the same data set are shown in

Figs. 8.4(a) through 8.4(i). It can be seen that the correct 3D motion characteristics of the scene

are captured by this method. The method recognizes the independent motion of the distant object

and, at the same time, can interpret the foreground object as a part of the static background. The

method fails to capture these characteristics of the scene only when the noise of the normal flow

fields (for both stereo and motion) becomes very high (�n � 0�21). In these cases, the method is

unable to clearly identify the independently moving object.
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8.2 Experiments with simulated normal flow fields

(a) �n = 0.00 (b) �n = 0.03 (c) �n = 0.06

(d) �n = 0.09 (e) �n = 0.12 (f) �n = 0.15

(g) �n = 0.18 (h) �n = 0.21 (i) �n = 0.24

Figure 8.3: Results of 2D independent motion detection for different levels of noise.

115



16

(a) �n = 0.00 (b) �n = 0.03 (c) �n = 0.06

(d) �n = 0.09 (e) �n = 0.12 (f) �n = 0.15

(g) �n = 0.18 (h) �n = 0.21 (i) �n = 0.24

Figure 8.4: Results of IMDE for different levels of noise.
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8.2 Experiments with simulated normal flow fields

The results of the IMDL method are presented in Fig. 8.5. Again, for most of the noise

(a) �n = 0.00 (b) �n = 0.03 (c) �n = 0.06

(d) �n = 0.09 (e) �n = 0.12 (f) �n = 0.15

(g) �n = 0.18 (h) �n = 0.21 (i) �n = 0.24

Figure 8.5: Results of IMDL for different levels of noise.

levels, the IMDL method gives the correct labeling of the scene points. However, when the

noise increases considerably, the performance of the method degrades. This is because at high

noise levels, the estimation of the motion parameters in each layer is subject to errors and the

combination of motion information across different depth layers is not robust. This happens

despite the fact that the depth layers are correctly identified, and that the motion segmentation in
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each depth layer is successful. This is in agreement with results reported by Ayer [22], according

to which LMedS succeeds in detecting the outliers of a model even if it fails to accurately

estimate its parameters. Therefore, what fails in IMDL at high levels of noise is the stage of

integration of results across layers and not the processing of each depth layer. Figure 8.6 presents

the results of depth layering for each experiment. It can be seen, that for all levels of noise depth

(a) �n = 0.00 (b) �n = 0.03 (c) �n = 0.06

(d) �n = 0.09 (e) �n = 0.12 (f) �n = 0.15

(g) �n = 0.18 (h) �n = 0.21 (i) �n = 0.24

Figure 8.6: Depth layers for the IMDL method, for different levels of noise.

layering is able to detect the two different layers of the scene (white color corresponds to the
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8.2 Experiments with simulated normal flow fields

closer layer and black color corresponds to the farther layer).

Finally, Fig. 8.7 shows the results of the MDD method. These results demonstrate that for

(a) �n = 0.00 (b) �n = 0.03 (c) �n = 0.06

(d) �n = 0.09 (e) �n = 0.12 (f) �n = 0.15

(g) �n = 0.18 (h) �n = 0.21 (i) �n = 0.24

Figure 8.7: Results of MDD for different levels of noise.

all experiments, the MDD method detects the image tiles containing 3D motion discontinuities.

The method is robust in the sense that the same results are produced for most of the different

noise levels. However, the result is crude in all cases. Recall that in the MDD method, the
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linear relationship of the depth functions due to motion and stereo is valid only for specific

directions of normal flow vectors. In this experiment the full range of directions �0�0� ��� 2�� has

been divided into 36 bins. This is equivalent to assuming that two normal flow vectors have the

same direction if the absolute difference in their directions is at most 10o. Assuming a uniform

distribution of the directions of normal flow vectors, a 50% covering of a region with normal

flows and a minimum of 50 points for robust regression, the above figures result in a minimum

of a 60 � 60 region for robust regression. In the conducted experiments, the size of a tile was

kept equal to 64 � 64, which is a quite large portion of 256� 256 images. This explains why the

detection of motion discontinuities is so coarse in this example.

Figure 8.8 provides comparative results for the 2D, IMDE, IMDL and MDD independent

motion detection methods in the form of plots of their performance index Š. The horizontal axis

corresponds to the noise level in each experiment and the vertical axis plots the performance

index Š. The four different curves correspond to the IMDE, IMDL and MDD and 2D methods.

Each point on each curve corresponds to only one experiment. It can be observed that the

IMDE and the IMDL methods have high performance index which gracefully degrades as a

function of noise. The IMDE method has in general higher resistance to noise that IMDL. The

performance index of MDD method is almost constant with respect to noise, as a consequence

of its more qualitative properties. It should be stressed that the use of the performance index

Š is not a very ``fair'' measure of the performance of the MDD method. This is because Š is,

by construction, an index for evaluating independent motion detection methods rather than 3D

motion discontinuities detection methods. Even under these circumstances, MDD outperforms

the 2D method, while both are substantially outperformed by the IMDE and IMDL methods.

8.3 Experiments with off-line processing of image sequences

The independent motion detection methods have been also tested using image sequences that (a)

have been created synthetically using the RAYSHADE [100] ray tracing tool and (b) have been
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Figure 8.8: Performance index for the independent motion detection methods.
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acquired by specialized equipment available at the Computer Vision and Robotics Laboratory

(CVRL) of ICS-FORTH. This equipment includes:

� TALOS2, an RWI B21 mobile robotic platform (equipped with a 486 and a PENTIUM

processors running Linux, wireless communications, sonar, infrared and tactile sensors).

� A TRC BiSight active vision head (independent control of pan, tilt and vergence).

Figure 8.9(a) shows a picture of TALOS with the active vision head mounted on it and Fig. 8.9(b)

shows the platform geometry. TALOS consists of two parts: the base and the enclosure. Base

ARM

BASE

ENCLOSURE

(a) (b)

Figure 8.9: (a) TALOS, the multisensor mobile robot of ICS FORTH and, (b) its geometry.

contains four stepping motors, a rotation motor and four batteries that power the whole system

with an autonomy of 4 hours. The enclosure is put on the base and contains the electronic parts

of the robot. Besides the two main computers, the enclosure contains the controllers for the

sonar, infrared and tactile sensors of the robot.

2According to Greek mythology, TALOS (‘¡ÀŸ“) has been a mechanical giant constructed by the god of fire

Hephaestus. TALOS has been assigned the task of patroling and guarding the island of Crete. Therefore TALOS has

been the first greek robot
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Several experiments have been conducted to test the proposed independent motion detection

methods. It should be stressed that during the course of all the experiments the exact values of

the camera focal length and image origin were unknown.

As a testbed for evaluating the performance of the proposed algorithms two image sequences

have mainly been employed, namely the ``toy-car'' sequence and the ``cart'' sequence. One

frame of the ``toy-car'' sequence (right image of the stereo pair at time t) is shown in Fig. 8.10.

The scene captured consists of a background wall covered with paper and a toy-car together

with some other objects of similar size in the foreground. The toy-car and the various objects

are closer to the observer, compared to the background wall which is farther (at a larger depth).

The observer (a parallel stereoscopic system) performs translational motion with a right to left

direction. Apart from the toy-car, the rest of the scene is stationary. The toy-car is moving across

the scene in a left to right direction, with unrestricted 3D motion.

One frame of the ``cart'' sequence (right image of the stereo pair at time t) is shown in

Fig. 8.11. In this sequence of images, the observer performs a translational motion with U andW

components as well as with a rotational � component. The horizontal translation is the motion

that dominates. The observer is again a parallel stereoscopic system. The field of view contains

a distant background and a close to the observer foreground. The background contains two

independently moving objects: A cart that translates in the opposite direction of the observer

(middle of the scene) and a small box (to the right of the scene) that translates at the same

direction with the observer, but with different velocity. The foreground of the scene contains a

table on which there is a toy car. Both objects are stationary relative to the static environment.

In the following sections, sample results for each of the proposed methods are presented.

Results from additional image sequences are presented as the need arises.
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Figure 8.10: One frame of the ``toy-car'' sequence.

Figure 8.11: One frame of the ``cart'' sequence.
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8.3 Experiments with off-line processing of image sequences

8.3.1 Experiments with independent motion detection based on depth elimination

Figure 8.12 illustrates the results of motion segmentation produced by the IMDE method for

the ``toy-car'' sequence. In Fig. 8.12(a), black color corresponds to egomotion and white color

(a) (b)

Figure 8.12: Motion segmentation (IMDE method) for the ``toy-car'' sequence. (a) before and,

(b) after postprocessing.

corresponds to independent motion. Gray color corresponds to points where no decision can

be made due to low image gradient and, therefore, lack of normal flow vectors. It can be

verified that the largest concentration of white (i.e. independently moving) points is over the

regions of the independently moving points. Figure 8.12(b) presents the results of Fig. 8.12(a)

after postprocessing, which eliminates isolated outliers (inliers) in large populations of inliers

(outliers) and, in the resulting map, dilates the labels of independently moving points. In

Fig. 8.12(b) areas that are detected as independently moving appear with the intensities that they

have in the original image, while all other areas are masked out. It can be seen that after this type

of postprocessing the body of the car has been successfully identified as independently moving

by the IMDE method.

Figure 8.13 illustrates the results of motion segmentation of the ``cart'' sequence by the

IMDE method. It can be seen that the points that are not identified as independently moving,

although they belong to an independent motion, are those belonging in horizontal edges. This is
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(a) (b)

Figure 8.13: Motion segmentation (IMDE method) for the ``cart'' sequence (a) before and, (b)

after postprocessing.

because the model of eq. (4.5) does not hold for nx � 0, which is the case of vertical gradients

or, equivalently, horizontal edges (�nx� ny� � �0� 1�). Figure 8.13(b) presents the results of

Fig. 8.13(a) after postprocessing which eliminates isolated outliers (inliers) in large populations

of inliers (outliers).

8.3.2 Experiments with independent motion detection through depth layering

A first result refers to synthetically generated images. Figure 8.14 shows one frame of the

``buildings'' sequence. The composed scene contains 4 artificial ``buildings'' on a checkered

ground. All buildings have the same physical dimensions. The leftmost and rightmost buildings

are at the same depth from the observer. The left-middle building is at a larger depth from

the observer (compared to the depths of the leftmost and rightmost buildings); the right-middle

building is at an even larger depth from the observer. The observer performs a translational

motion along the Z axis approaching the scene in view. At the same time, the two buildings in

the right half of the image perform independent motions on their own. The rightmost building

performs an independent translational motion along the Y axis and the right-middle building

performs a composite translational and rotational motion. Figures 8.14(a),(b),(c) show the results
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8.3 Experiments with off-line processing of image sequences

Figure 8.14: One frame from the ``buildings'' synthetic, stereoscopic sequence.

of depth layering. As can be verified from this figure, the three different depth layers have

been successfully detected and outlined. The points corresponding to each layer have a black

color. The first layer corresponds to the two closer objects (leftmost and rightmost buildings),

the second to the object in intermediate depth (left-middle building) and the third to the object

furthest from the observer (right-middle building). Figures 8.14(d),(e),(f) show the results of

3D motion segmentation. Two independent motions have been revealed (Figs. 8.14(e),(f)).

Egomotion is shown in Fig. 8.14(d). It can be observed that successful discrimination of all

different 3D motions in the scene has been accomplished, although they appear at different

depths. Moreover, the 3D motion of the middle-left building has been successfully characterized

as being identical to that of the leftmost building.

A second result refers to the ``toy-car'' sequence (Fig. 8.10). The process of depth layering

resulted in two depth layers, that are shown in Fig. 8.16(a). Black color corresponds to points

of the distant layer and white color corresponds to the layer close to the observer. The outliers

of motion segmentation in the second layer appear in Fig. 8.16(b). These outliers correspond

to the motion of the toy-car. The 3D motion segmentation of the whole scene is the result of

combination of motion information through the various depth layers. The motion segmentation
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(a) (b) (c)

(d) (e) (f)

Figure 8.15: IMDL results for the ``buildings'' sequence (a), (b), (c) depth layers, (d), (e), (f),

motion segmentation.

(a) (b)

Figure 8.16: (a) Depth layers detected by IMDL for the ``toy-car'' sequence and (b) the outliers

of motion segmentation in the second (closer to the observer) depth layer.
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8.3 Experiments with off-line processing of image sequences

(a) (b)

Figure 8.17: IMDL motion segmentation (a) before and, (b) after postprocessing for the ``toy-car''

sequence.

is shown in Figs. 8.17(a) and (b), before and after postprocessing, respectively. Again, it can

be observed that correct discrimination of the two different depth layers, as well as of the

independent motion of the toy-car, has been achieved.

IMDL has also been applied to the data set of the ``cart'' sequence (Fig. 8.11). The method

defined two depth layers, that are shown in Fig. 8.18(a). Robust regression within each of

(a) (b)

Figure 8.18: (a) Depth layers detected by IMDL for the ``cart'' sequence and (b) the outliers of

motion segmentation within the first (distant) depth layer.

these layers gives rise to an estimation of the parameters of the dominant motion and to a set
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(a) (b)

Figure 8.19: IMDL motion segmentation (a) before and, (b) after postprocessing for the ``cart''

sequence.

of outliers. The combination of maps that are acquired in each depth layer give the integrated

3D motion segmentation map that is shown in Fig. 8.19. As it can be verified from Fig. 8.19,

the IMDL method is capable of detecting the independent motion that is present in the scene,

without misinterpreting the observed motion due to depth variation as independent motion.

Figures 8.20, 8.21 and 8.22 provide additional results from applying the IMDE and IMDL

methods in three more scenes.

(a) (b) (c)

Figure 8.20: (a) One frame of the ``moving-car'' image sequence: Egomotion has translational

(U ) and rotational (�) components and the toy car is independently moving (U -, W -translation).

(b) IMDE results and, (c) IMDL results.
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8.3 Experiments with off-line processing of image sequences

(a) (b) (c)

Figure 8.21: (a) One frame of the ``moving tableau'' image sequence: Egomotion has translational

(U ) and rotational (�) components and the tableau is independently moving (V -translation). (b)

IMDE results and, (c) IMDL results.

(a) (b) (c)

Figure 8.22: (a) One frame of the ``multiple motions'' sequence: Egomotion has translational

(V , U ) and rotational (�) components. Three objects are independently moving, the tableau

(V -translation), the toy-car (U -, W -translation) and the flowers (U -translation). (b) IMDE results

and, (c) IMDL results.
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8.3.3 Experiments with motion discontinuities detection

The MDD method has been applied to the ``toy-car'' image sequence. The 3D motion segmenta-

tion results are presented in Fig. 8.23. The results demonstrate that correct discrimination of the

independent motion of the toy-car has been achieved. The results of the motion segmentation

Figure 8.23: Motion discontinuities detection for the ``toy-car'' image sequence.

Figure 8.24: Motion discontinuities detection for the ``cart'' image sequence.

of the ``cart'' sequence are shown in Fig. 8.24. It can be seen that the method has correctly

identified most of the tiles where more than one 3D motions are present. Although the results

are complete for the case of the moving box, the method fails to detect the elongated (upper)

part of the cart because there are not enough normal flows (in terms of the requirements of the

method) to support the existence of independent motion.
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8.3.4 Experiments with independent motion detection based on a 2D method

At this point, we present the results of the 2D method when applied to the ``toy-car'' and ``cart''

sequences. Figure 8.25 illustrates the results of motion segmentation produced by the 2D method

for the ``toy-car'' sequence. It can be seen that the 2D method detects the independent motion

(a) (b)

Figure 8.25: Motion segmentation (2D method) for the ``toy-car'' sequence, (a) before and, (b)

after postprocessing.

of the toy-car, but also detects all the static points of the image foreground as independently

moving. This is because, due to the depth variation, the observed motion of the static objects of

the foreground ``outlies'' compared to the dominant motion of the distant background.

Figure 8.26 illustrates the results of motion segmentation produced by the 2D method for

the ``cart'' sequence. The method is able to detect the independent motion that is present in the

distant background. However, it also detects the toy car and the table as independently moving,

although they belong to the static background. This is because the 2D method does not exploit

any information regarding depth. It actually assumes that all points in the scene are at an equal

distance from the observer. Thus, the observed motion of the toy-car which is due to its relatively

small distance from the observer, is erroneously interpreted as being independent.
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(a) (b)

Figure 8.26: Motion segmentation (2D method) for the ``cart'' sequence, (a) before and, (b) after

postprocessing.

8.3.5 Experiments with detection of maneuvering objects

A set of experiments have been conducted in order to test the performance of the DMO method.

Representative results from these experiments are given in this section. In a first experiment, a

real image sequence ( the ``coca-cola'' image sequence) has been employed. Figure 8.27 shows

one frame of this sequence, at time instance t. The camera moves with translational motion

Figure 8.27: One frame of the ``coca-cola'' sequence.
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8.3 Experiments with off-line processing of image sequences

approaching the scene. A rotational motion has been added in the area of the coca-cola can in

order to simulate a static object that started moving in the field of view of the observer. More

specifically, in the third frame (frame at time t), the coca-cola can has been moved relative to the

second frame by synthetically adding rotational motion. Rotational motion has been employed

because it does not depend on the (unknown) scene structure.

After smoothing the images, the two normal flow fields were obtained and the left part of

criterion (7.2) was computed for all image points with a reliable normal flow value. Figure 8.28

shows a three dimensional plot of the values of the left part of criterion (7.2). x and y dimensions

Figure 8.28: 3D plot of the image points with respect to criterion for changes in 3D motion.

of the plot correspond to the x and y dimensions of the image while the third dimension

corresponds to the values of the left part of criterion (7.2). It is evident that in the points of

the coca-cola can where a motion change occurs, criterion (7.2) gives distinguishably different

values compared to the rest of the image points which move due to the constant egomotion.

Figure 8.29 shows the final labeling of the image points. White pixels correspond to points

where the 3D motion has changed, black pixels correspond to points which kept the same 3D
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Figure 8.29: Characterization of points with respect to the constancy of their 3D motion

parameters (see text for explanation).

motion parameters and gray pixels correspond to points where no reliable normal flow vectors

could be computed.

In a second experiment, the ``interview'' sequence has been employed. In order to simulate

a change in the motion parameters of the observer, four consecutive frames were selected and the

third one was dropped. Thus, the frames used correspond to time instances t� 3, t� 2 and t. The

omission of a frame is equivalent to a change in the observer's 3D motion parameters, since in

the original sequence his motion is a constant one. Fig. 8.30(a) shows the frame at time instance

t� 2 (the middle of the three frames used) and the results after the application of criterion (7.1)

are illustrated in Fig. 8.30(b). Assuming the same coloring scheme as in Fig. 8.29(b), all points

where normal flow has been reliably computed appear in white, signaling the change of the 3D

motion parameters of the observer.

A third experiment employs the ``calendar'' sequence. In this sequence, the calendar

appearing on the top-right of the images is moving upwards and, subsequently, its motion is

modified and oriented down and to the right with respect to the image frame. All other objects

are moving with constant motion parameters. Fig. 8.31(a) shows the middle of the three frames

used from this sequence and the results regarding motion changes are presented in Fig. 8.31(b).
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8.3 Experiments with off-line processing of image sequences

(a) (b)

Figure 8.30: (a) A frame of the ``interview'' sequence (b) characterization of points with respect

to the constancy of their 3D motion parameters (see text for explanation).

(a) (b)

Figure 8.31: (a) A frame of the ``calendar'' sequence (b) characterization of points with respect

to the constancy of their 3D motion parameters (see text for explanation).
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As can be verified, the points of the calendar that contribute to the normal flow field have been

successfully detected as points where 3D motion parameters change.

8.4 Experiments with on-line processing of image sequences

A set of experiments has also been conducted with to test the on-line performance of the

IMDL method when robust regression is used as a means for depth layering [21]. In all these

experiments the on-board PENTIUM processor of TALOS has been used; due to the limited

processing power and for reducing the overhead for image acquisition, processing and results

dumping on disk, the image size has been kept small, namely 144� 106. Moreover, the number

m of iterations of LMedS for motion segmentation has been kept relatively small, namely

m � 100. However, this did not affect the motion segmentation results since the spatial extent

of the motion was rather small.

A sample result from these experiments is presented in Figs. 8.32 and 8.33. Fig. 8.32 shows

twelve frames of a sequence that correspond to the left frames of the stereo pairs. These frames

are not consecutive in time but show intermediate snapshots of the whole sequence. As can be

observed, in the scene in view there is a man who is initially sitting on a chair (right of the

scene). The man then stands up, moves to the cart, takes it to the leftmost part of the room and

then returns to his initial position. Meanwhile, TALOS is moving with W and U components (i.e.

approaches the scene and also moves to the left). Figure 8.33 shows the motion segmentation

(after post processing) that has been achieved by independent motion detection. This figure

demonstrates clearly the correct segmentation that has been achieved. It is also worth noting

that the small table in the foreground (bottom-left of the scene) has not been misinterpreted as

moving, although it is placed at substantially different depth from the rest of the scene.
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Figure 8.32: Twelve images from the ``moving man'' sequence.

Figure 8.33: Results of independent motion detection for the ``moving man'' sequence.
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Chapter 9

Integrating the Proposed Methods

The whole is greater than the sum of its parts

Max Wertheimer

9.1 Overview

Through the presentation of the proposed methods for independent motion detection and through

the study of the experimental results obtained by their application in simulated and real situations,

the advantages and the disadvantages of each approach have been demonstrated. In this chapter,

a comparative overview of these methods is provided. Additionally, the study of this overview

reveals the possibility of integrating the independent motion detection methods in a unified

framework, in order to exploit the merits of each of them.
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9.2 Comparative study of independent motion detection methods

Table 9.1 summarizes the characteristics of each method with respect to a number of important

criteria. As Table 9.1 shows, all the proposed methods for independent motion detection assume

unknown, unrestricted (both translational and rotational) rigid motion. This is a valid assumption

because, even if the observer himself moves non-rigidly, all biological eyes and, especially,

man-made cameras have rigid structure and move rigidly. The only constraint is put by the

MDD method, for which the FOE and the AOR of the egomotion should meet some constraints.

Additionally, the DMO method assumes that the egomotion of the observer is constant for three

image frames. The generality of the egomotion model assumed by the proposed independent

motion capabilities should be contrasted with the strict assumptions of other approaches, where

the egomotion is either assumed to be known, or restricted (e.g. only translational or only

rotational components).

With respect to the independent motion that can be detected, the constraints put are even

looser. Independent motion is not even constrained to be rigid for IMDE, MDD and DMO. A

non-rigid motion will also be detected. Points are characterized as independently moving if

they do not conform to the rigid egomotion model. A point may outlie either because of an

independent rigid motion that differs from egomotion, or because of a non-rigid motion. For the

MDD method, the detection of non-rigid motion is not only possible but easier, too. For the case

of non-rigid motion, the hypothesis of eq. (6.8) does not hold. Therefore, for an image patch that

contains points of a non-rigid motion it is very likely that the criterion of eq. (6.8) will not hold

for the same parameters s and t for all points n the patch. This should be contrasted to the case

of a rigid independent motion: In this case only the 3D motion discontinuities can be effectively

detected. Finally, for the IMDL method, rigidity is assumed for the independent motion, as a

means to enable the integration of motion information through the various depth layers.

The four proposed methods differ considerably in the representation of their output. The

output of IMDE and IMDL is a 2D map of labels for the image points. Different labels correspond
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Criterion IMDE IMDL MDD DMO

Egomotion Unrestricted Unrestricted FOE and AOR far Constant 3D
implied: rigid rigid from the image egomotion for

3D motion 3D motion patch three frames

Independent motion No constraint Unrestricted No constraint Changes in
that can be (rigid or rigid (rigid or motion
detected: nonrigid) 3D motion nonrigid)

Representation of 3D motion 3D motion 3D motion 3D motion
output: segmentation segmentation discontinuities changes

map map map map

Maximum number of 50% of the 50% of the
independently normal flows normal flows No constraint No constraint
moving points of a scene of a scene

Stereo config. Fixating or Fixating or Fixating or No stereo conf.
used: parallel parallel parallel used

Noise tolerance: Very high High Very high Moderate

Motions that can All rigid Rigid motions All rigid Maneuvering
be discriminated: motions with different motions objects, changes

FOEs in egomotion

Additional info Parameters of Changes of
provided: dominant Ordering of No observers'

3D motion depth layers 3D motion
(egomotion)

Dependence on (a) Unreliable (a) Unreliable (a) Unreliable (a) Unreliable
parameter normal flow normal flow normal flow normal flow
thresholds: rejection, rejection, rejection, rejection,

(b) Outlier (b) Outlier (b) TIM (b) ``change
char. thresh. char. thresh., threshold occurred''

(c) Width of threshold
each layer,

(d) 3D motion
distance

Computational
Requirements: High High Medium Very low

Table 9.1: Comparative overview of the proposed independent motion detection methods.
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to different 3D motions. For MDD, the labels map is binary valued and coarse. Labels are

assigned to image patches (as opposed to image points). The two possible values represent the

two different cases that can be detected by the method: Either all points of a tile belong to the

same 3D motion, or there is a 3D motion discontinuity. For the DMO method the labels map is

binary valued and the labels are assigned at the pixel level. Each label represents constancy or

change of the 3D motion parameters of a point within 3 image frames.

The high breakdown point of LMedS, enables IMDE to detect an independent motion that

covers up to 50% of the total number of points with reliable normal flow vectors. This constraint

(which is already very loose in practical situations), is transferred, in the case of IMDL, to the

points of one depth layer. Thus, there are certain configurations of independently moving objects

that cannot be detected by IMDE but which can be detected by IMDL and vice versa. The local

operations that are performed by the MDD and DMO methods do not limit the spatial extent of

the detectable independent motions.

Besides the DMO method that exploits motion information only, all other methods use

some form of stereoscopic configurations. More specifically, the IMDE and MDD method can

work with both a fixating and a parallel stereo configuration. The IMDL method uses in principle

a parallel stereo configuration. In Chapter 4 it has been demonstrated that depth layering may

also be performed through robust regression in the normal flow field produced by a fixating

stereo configuration. However, the breakdown point of LMedS (50%), imposes certain relations

of the number of points per depth layer. This is, in fact, an environmental assumption which

should be avoided whenever possible.

The experimental results have shown that the IMDE algorithm performs best compared to

the rest of the methods. From the rest of the methods, IMDL has a very good performance at

each depth layer, but it encounters some problems in the phase of combination of results, if the

error levels in the normal flow fields become too high. The MDD method is fast and robust but

produces coarse maps of the 3D motion discontinuities.
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For IMDE and MDD there are no ambiguous motions (according to the definition of motion

ambiguity in section 5.4). This is not the case with IMDL which cannot discriminate motions that

have the same rotational components and their translational components differ by a constant

factor. The DMO method reports on the constancy of 3D motion rather than on the existence of

independent motion.

Except from the task of independent motion detection, some of the proposed methods

provide additional useful information regarding the observer or the environment. Thus, IMDE

gives an estimation of the dominant 3D motion parameters (egomotion parameters) and an

estimation of the vergence angle of the stereoscopic system, IMDL gives an ordering of the

depth layers and DMO gives information on the changes of egomotion.

An important characteristic of the proposed methods, is that their performance does not

depend on the fine tuning of a large number of parameters. A prerequisite for all methods

is the computation of reliable normal flow fields, which is achieved through the rejection of

the normal flow vectors for which the temporal and spatial derivative do not meet certain

conditions. Besides this threshold, the IMDE method uses only one additional threshold that

is used to discriminate the outliers from the inliers. The criterion of eq. (3.32) performed very

well in all conducted experiments. Therefore, for all practical purposes, it can be treated as an

algorithmic constant rather an algorithmic parameter. The MDD method uses a threshold to

decide on the existence of more than one 3D motions within an image patch. The DMO method

uses one threshold in order to decide whether the 3D motion of a point has been changed within

three frames. The IMDL method depends on more parameters compared to the other methods.

Two extra thresholds need to be employed, one that determines the width of a depth layer and a

threshold on the distance measure between two motion segments (eq. (5.5)).

Finally, from a computational performance point of view, DMO method is extremely fast,

because it involves the computation and the pointwise comparison of two normal flow fields.

On the other side, IMDE is the method with the largest computational requirements because it
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employs robust regression over the full set of points with reliable normal flow vectors. However,

the execution time for the full method is shorter than the execution of many state of the art

algorithms that just compute optical flow. IMDL and MDD lie in the middle of this ordering,

since they employ robust estimation, but in subsets of the points with reliable normal flow

vectors. The computational performance of all methods depends on the number of reliable

normal flow vectors. IMDL also depends on the distribution of points in depth layers. In the

one extreme, all points lie in one depth layer and the performance is similar to the performance

of IMDE. If the scene points are distributed in a large range of depths, then the computational

performance of the algorithm is improved. This is because the overhead that is due to the

manipulation of more layers is small compared to the gain because of the application of LMedS

in smaller data sets.

Besides the independent interest in each of the proposed methods, what is extremely

important is the fact that they can be combined into a general framework for independent

motion detection. This combination leads to an integrated system that shares the merits of all

the proposed methods.

9.3 Putting pieces together

In Chapter 7 it has been demonstrated that by using DMO we are able to recover information on

the constancy of motion of the observer and�or of some independently moving objects. Suppose

that a robot equipped with visual sensors is able to use the four independent motion detection

schemes already described. Suppose also that the robot starts moving with constant 3D motion

parameters in a static environment. As long as the robot preserves its motion parameters and

nothing starts moving in the environment, the situation described in case (1) of the discussion in

Section 7.2 will be encountered. Therefore, there is no need for any other independent motion

detection algorithm to be invoked. If an object starts moving, then the change of its motion

parameters will be detected by the DMO mechanism. If the independently moving object moves
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non rigidly, or in a continuously changing manner, then again, DMO is able to detect it (case (2)

in Section 7.2) and no other independent motion detection mechanism is needed. If, however,

the independently moving object ends up moving at a constant set of 3D motion parameters,

then DMO will no more be able to detect it. Therefore, one of the three other independent

motion detection schemes must be invoked, depending on the information required for the goals

of system and on the available computational resources that can be devoted to this type of

processing.

Figure 9.1 illustrates the general layout of the scheme for independent motion detection. At
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Figure 9.1: A schematic view of the unified framework for independent motion detection.

each moment in time, the system computes the normal flow fields between the images of the

right camera, corresponding at time instances t� 1 and t� 2 and t� 1 and t. From these normal

147



48

flow fields, the DMO method extracts a mapO1 of maneuvering objects. This map can be further

used by other visual capabilities (i.e. methods for recognizing the maneuvering object) Another

important outcome of DMO, is the signal S , which codes the 4 different situations presented

in Section 7.2. Signal S is input to a simple decision process which implements the logic

described earlier. This process also takes account the systems' goals and computational resource

limitations in order to decide which of the three independent motion detection algorithms should

be employed. The output of decision process is a combined signal D which actually controls the

activation of one off the IMDE, IMDL or MDD methods. For example, if the observer needs a full

map of independently moving objects then he can use the IMDE method. If he is only interested

in a specific depth layer, then he can use the IMDL method for independent motion detection

and exploit only the results concerning the depth layer of interest. Finally if just needs coarse

information about independent motion, then he can exploit the MDD method which results in

computational savings.

9.4 Characteristics of the unified framework

The proposed framework for integrating independent motion detection capabilities has a number

of advantages. A key characteristic of the integration is that it follows very closely the principles

of purposive vision. The different capabilities provide a number of alternative representations

for independent motion from which the system may choose, based on its goals and resource

limitations. The goals are in essence those which determine the problem to be solved: If simpler

representations suffice, those are provided; as a consequence, lower computational overhead

is paid. But the idea also works the other way around: If there are not enough computational

resources to be devoted for this task, then it may be desirable to get a coarse idea with a simpler

algorithm rather than having no information at all.

The integrated independent motion detection system, is a characteristic example of a

system that is built based on progressively more complicated competences. There is a horizontal
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organization of the system processes rather than a vertical organization. If, for example, one

of the four capabilities is excluded from the system, then the system will continue to operate,

probably with a reduced overall performance. This is completely different to systems with

vertically organized modules, where, eliminating a module is catalytic for the operation of

the whole system. Moreover, the activation of modules is not predetermined but dynamically

evolving and dependent on the systems' goals and computational resources.

The system described treats the task of independent motion detection with considerable

computational gains over the IMDE, IMDL and MDD methods. Performance gains are achieved

by careful consideration of the problem at hand. Most of the time the system handles independent

motion detection with the solution of a computationally trivial problem, that of computing and

comparing normal flow fields in a pointwise manner. More elaborate and computationally

intensive methods are involved only when necessary. In many cases (which may well be the

majority of cases), independent motion detection will be handled by the DMO method which

has very low computational requirements. In these cases, even the computation of stereoscopic

information is avoided.

Last but not least, the presented integration framework is easily extensible. Capabilities that

are related with independent motion detection can easily be integrated to the existing scheme.

For example, a change detection algorithm could be easily incorporated into the system in order

to provide evidence on whether the observer is moving or not. In this case, simple change

detection over two consecutive image frames suffices to detect independent motion, without the

need to compute any motion related representation of the scene.
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Chapter 10

Conclusions

Success is never final

Winston Churchill

Every moving biological organism with the sense of vision has the ability to detect

independent 3D motion [74]. Robots, like animals, should operate in dynamic environments that

consist of both stationary as well as moving objects. The perception of independent motion is of

crucial importance because it provides useful information on where attention should be initially

focused and then maintained. A moving object may represent a target to be tracked or avoided.

In any case, independent motion is an interesting event for which an appropriate and possibly

immediate reaction of the observer is needed.

In this dissertation, independent 3D motion detection was based on precategorical visual

processing, i.e. the observer was not required to recognize the independently moving object(s).

This is actually in agreement with experiments according to which biological organisms are

capable to perceive motion before they understand what is really moving. Thus independent
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motion detection was based only on motion and depth information that the observer may acquire

as he moves in the 3D space. Four novel independent motion detection methods have been

proposed which share a number of very important characteristics:

� They employ 3D motion models rather 2D motion models. As such, they are able to

perform satisfactorily even in scenes with considerable depth variations. Moreover, they

do not make any assumptions regarding the external world in the form of restrictive

geometrical modeling.

� They are based on the computation of the normal flow field (which can be accurately

computed from sequences of images) and not on the computation of optical flow field or on

the solution of the correspondence problem, which are ill-posed problems. As it has been

discussed in Chapter 3, the computation of optical flow field is based on environmental

assumptions which do not hold in practice, especially when independently moving objects

are present in the scene.

� They do not make any assumptions about the motion of the observer1, which can move

with unrestricted translational and rotational 3D motion.

� They do not rely on any knowledge regarding the baseline and the vergence angle of

the stereoscopic configuration. Moreover, they perform very well even in case that the

intrinsic camera parameters (image origin, focal length) are not precisely known.

� They are capable to detect rigid and non-rigid independent motion, being tolerant to high

levels of noise.

Besides the beneficial characteristics of each of the proposed methods, a scheme for

integrating these methods has been presented. This scheme tries to couple the computational

characteristics of the simpler methods with the rich information that is provided by the more

computationally intensive ones. This integration follows closely the principles of purposive

1Except the MDD method which places some qualitative constraints on egomotion.
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10.1 Future work

vision, because the methods are activated based on the goals of the system and its resource

limitations.

The limitations of the methods described should be clear. First, computing normal flow

from stereo can be achieved robustly with a parallel stereo configuration with a small baseline,

or by a fixated stereo configuration, in a portion of the scene around the fixation point. This

limits the choices of configurations that can be used in practice. Second, although the approach

taken by the proposed independent motion detection methods follows the purposive theory of

vision, none of the methods exploits action (in the form of controlled movement) in order to

simplify the problem that should be solved.

10.1 Future work

Future work in the area of independent motion detection could take several directions. Some

of them have already been stated implicitly, since they originate from the limitations of the

proposed methods.

Methods that will give rise to depth functions by using a broader class of stereo configura-

tions should be further investigated. Ongoing research tries to exploit multiresolution strategies

for the computation of normal flow. Certain efforts are focused towards non-uniform image

transformations (e.g. log-polar transformation) which is particularly suited for computing stereo

normal flow by a fixated stereo configuration.

Tracking of a moving object by means of gaze holding mechanisms, could lead to the

solution of simpler problems regarding independent motion detection. Tracking alone cannot

effectively handle the problem of independent motion detection. This is because it only enables

the maintenance of attention on an independently moving object, but cannot aid the initial

attraction of attention. The incorporation of such mechanisms in the unified framework could

prove beneficial for the successful solution of the overall independent motion detection problem.
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Change detection methods can also be incorporated in the proposed integration framework.

In the same way that the DMO method provided useful information on the constancy of the 3D

motion parameters of the observer and of some independently moving objects, change detection

algorithms applied to the image intensities can provide useful signals on the constancy of the

location of the observer and on the presence of independently moving objects.

A dual effect of the detection of independently moving objects is the isolation of image

areas that appear to be moving only due to egomotion. This enables the effective isolation

of points that can be used as robust input for the estimation of the egomotion. It should be

noted that the vast majority of methods for 3D egomotion estimation assume that there are

no independently moving objects in the field of view of the observer. Thus, having already

identified the independently moving objects of a scene, enables all these methods to become

operational under looser assumptions.

Another axis of future work is related to the exploitation of a larger time window. All the

proposed methods are able to extract information about independent motion from two successive

frames in time. The use of more frames provides redundant information that can be exploited in

several ways. One such way is the qualitative characterization of the motion of independently

moving objects. Certain higher level characteristics of the motion of independently moving

objects cannot be recovered by processing just two frames, but require a longer sequence of

images. For example, the movement of animals is characterized by specific periodical patterns of

motion [126]. The recognition of such patterns requires the processing of long image sequences.

Finally, in the more general context of building machines with space perception capabilities,

it is very interesting to investigate how other visual cues (e.g. color, texture e.t.c) are combined

with motion information in order to provide the rich perceptual information that enables the

interaction with a dynamic world and the achievement of the goals of the system. Towards

this direction, it should be studied whether the proposed integration framework can be support

the successful coordination and integration of many processes that will cooperate in order
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to solve specific problems. At this level of analysis, a number of important issues are

raised regarding memory organization, learning capabilities, action selection, control strategies,

resource allocation and many others. Each of these issues constitutes a broad area for research on

its own right. It is evident that despite the important results in understanding the various aspects

of perception and cognition, machines are far from competing with their simplest biological

counterparts.
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Appendix A

The significance of the term Ws for stereo

normal flow

Consider the stereo configuration of Fig. A.1(a). In this stereo configuration, the optical axes

of the two cameras form an equilateral triangle. One side of the formed triangle is the stereo

baseline and the other two sides are equal to the distance of each camera from the fixation point.

The stereo equivalent motion that transforms the position of the one camera to the position of the

other includes a rotation �s, and two translations Us and Ws. However, Ws is, in the general case,

very small compared to Us. This is because in practical situations the distance Z of each of the

cameras from the observed scene points is much larger compared to the length of the baseline.

This, causes the vergence angle �s to be a very small angle and the angles � to be approximately

right angles. Assume for example a scene at a distance of A � 3m from the observer's baseline

and a baseline b � 7cm (the typical baseline for an adult human). By using elementary geometry

(see Fig. A.1(a)) we get:

tan��� �
A

b�2
� � � 89�33�

Therefore, �s � 180� � 2� � 1�34�. From Fig. A.1(a) it can also be verified that:

tan��s� �
Ws

Us
�Ws � 0�0234Us
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Figure A.1: (a) An equilateral and (b) a right-angled stereo configuration.

which means that Ws is two orders of magnitude smaller than Us. Note also that in eq. (3.14),

Us is multiplied by TUs � nxf
Z

and Ws is multiplied by TWs � xnx�yny
Z

. Given that in practical

situations, f is a few times larger than the maximum x or y coordinate of a point in the image,

it is evident that the term that contains Ws is negligible compared to the remaining terms of

eq. (3.14).

In the case of the right angled stereo configuration of Fig. A.1(b), Ws is exactly equal to

zero. A rotation �s and a translation Us � b suffice to transform the coordinate system of the

right camera to the coordinate system of the left camera. Such a right angled stereo configuration

has also been used by others [152].

158



Bibliography

[1] E.H. Adelson and J.R. Bergen. Spatiotemporal Energy Models for the Perception of

Motion. Journal of the Optical Society of America A, 2:284--299, 1985.

[2] G. Adiv. Determining Three Dimensional Motion and Structure from Optical Flow

Generated by Several Moving Objects. IEEE Transactions on PAMI, PAMI-7(4):384--

401, July 1985.

[3] G. Adiv. Inherent Ambiguities in Recovering 3D Motion and Structure from a Noisy Flow

Field. IEEE Transactions on PAMI, PAMI-11(5):477--489, May 1989.

[4] N. Ahuja and A.L. Abbott. Active Stereo: Integrating Disparity, Vergence, Focus, Aperture,

and Calibration for Surface Estimation. IEEE Transactions on PAMI, 15(10):1007--1029,

October 1993.

[5] P.K. Allen, A. Timcenko, B. Yoshimi, and P. Michelman. Automated Tracking and

Grasping of a Moving Object with a Robotic Hand-Eye System. IEEE PAMI, 9(2):152--

165, April 1993.

[6] Y. Aloimonos. PEGASUS: A Real-time System of Intelligent Agents. Personal Commu-

nication.

[7] Y. Aloimonos. Purposive and Qualitative Active Vision. In Proceedings DARPA Image

Understanding Works., pages 816--828, 1990.

159



60

[8] Y. Aloimonos. Introduction: Active Vision Revisited. In Y. Aloimonos, editor, Active

Perception, pages 1--18. Erlbaum Associates, Hilsdale, New Jersey, 1993.

[9] Y. Aloimonos and A. Bandopadhay. Active Vision. In IEEE 1st International Conference

on Computer Vision, pages 35--54, June 1987.

[10] Y. Aloimonos and C.M. Brown. On the Kinetic Depth Effect. Biological Cybernetics,

60:445--455, 1989.

[11] Y. Aloimonos and Z. Duric. Estimating the Heading Direction using Normal Flow.

International Journal of Computer Vision, 13(1):33--56, 1994.

[12] Y. Aloimonos and D. Tsakiris. On the Visual Mathematics of Tracking. Image and Vision

Computing, 9(4):235--251, August 1991.

[13] Y. Aloimonos, I. Weiss, and A. Bandopadhay. Active Vision. International Journal of

Computer Vision, 2:333--356, 1988.

[14] P. Anandan. A Computational Framework and an Algorithm for the Measurement of

Visual Motion. International Journal of Computer Vision, 2:283--310, 1989.

[15] P. Anandan and R. Weiss. Introducing a Smoothness Constraint in a Matching Approach

for the Compuation of Optical Flow Fields. In 3rd International Workshop on Computer

Vision: Representation and Control, pages 186--194, 1985.

[16] M.A. Arbib. Perceptual Structures and Distributed Motor Control. In Brooks VB, editor,

Handbook of Physiology - The nervous system II. Motor Control, pages 1449--1480,

Bethesda, MD, 1981. American Physiological Society.

[17] A.A. Argyros, M.I.A Lourakis, P.E. Trahanias, and S.C. Orphanoudakis. Fast Visual

Detection of Changes in 3D Motion. In IAPR MVA '96, Tokyo, Japan, November 12-14

1996.

160



BIBLIOGRAPHY

[18] A.A. Argyros, M.I.A Lourakis, P.E. Trahanias, and S.C. Orphanoudakis. Independent 3D

Motion Detection Through Robust Regression in Depth Layers. In British Machine Vision

Conference (BMVC '96), Edinburgh, UK, September 9-12 1996.

[19] A.A. Argyros, M.I.A Lourakis, P.E. Trahanias, and S.C. Orphanoudakis. Qualitative

Detection of 3D Motion Discontinuities. In IROS '96, Tokyo, Japan, November 4-8 1996.

[20] A.A. Argyros, P.E. Trahanias, and S.C. Orphanoudakis. Robust Regression for the Detection

of Independent 3D Motion by a Binocular Observer. Technical Report TR 158, FORTH-ICS,

1995.

[21] A.A. Argyros, P.E. Trahanias, and S.C. Orphanoudakis. Robust Regression for the Detection

of Independent 3D Motion by a Binocular Observer. Real Time Imaging (submitted),

1996.

[22] S. Ayer, P. Schroeter, and J. Bigun. Segmentation of Moving Objects by Robust Motion

Parameter Estimation over Multiple Frames. In European Conference on Computer

Vision, 1994.

[23] R. Bajcsy. Active Perception. Proceedings of the IEEE, 76(8):996--1005, August 1988.

[24] R. Bajcsy and M. Campos. Active and Exploratory Perception. CVGIP:Image Understand-

ing, 56(1):31--40, July 1992.

[25] D. Ballard. Animate Vision. Technical report, University of Rochester, 1990.

[26] D. Ballard and C. Brown. Principles of Animate Vision. Computer Vision, Graphics and

Image Processing, 56(1):3--21, 1992.

[27] D.H. Ballard and C.M. Brown. Principles of Animate Vision. In Yiannis Aloimonos, editor,

Active Perception, page 254. Lawrence Erlbaum Associates, Hillsdale, NJ, 1993.

[28] Y. Baram and Y. Barniv. Obstacle Detection by Recognizing Binary Expansion Patterns.

Technical Report CIS-9321, Technion, Israel, September 1993.

161



62

[29] S.T. Barnard and W.B. Thompson. Disparity Analysis of Images. IEEE Transactions on

PAMI, 2:333--340, 1980.

[30] J.L. Barron, D.J. Fleet, and S.S. Beauchemin. Performance of Optical Flow Techniques.

International Journal of Computer Vision, 12(1):43--77, 1994.

[31] M. Bertero, T. A. Poggio, and V. Torre. Ill-Posed Problems in Early Vision. Proceedings

of the IEEE, 76(8):869--889, August 1988.

[32] P.J. Besl, R.C. Jain, and L.T. Watson. Robust Window Operators. In Proceedings of IEEE

International Conference on Computer Vision, pages 591--600, 1988.

[33] M. J. Black and P. Anandan. The robust estimation of multiple motions: Parametric and

piecewise-smooth flow fields. Computer Vision and Image Understanding, 63(1):75--104,

January 1996.

[34] M. Bober and J. Kittler. Estimation of Complex Multimodal Motion: An Approach Based

on Robust Statistics and Hough Transform. Image and Vision Computing, 12:661--668,

December 1994.

[35] P. Bouthemy and E. Francois. Motion Segmentation and Qualitative Dynamic Scene

Analysis from an Image Sequence. International Journal of Computer Vision, 10(2):157-

-182, 1993.

[36] K.L. Boyer, M.J. Mirza, and G. Ganguly. The Robust Sequential Estimator: A General

Approach and its Application to Surface Organization in Range Data. IEEE Transactions

on PAMI, PAMI-16:987--1001, 1994.

[37] R.A. Brooks. A Robust Layered Control System for a Mobile Robot. IEEE Journal of

Robotics and Automation, RA-2(7):14--23, April 1986.

[38] R.A. Brooks. Intelligence Without Reason. Technical Report AILAB Memo 1293,

Massachusetts Institute of Technology Artificial Intelligen ce Laboratory, April 1991.

162



BIBLIOGRAPHY

[39] C. Brown. The Rochester Robot. Technical report, University of Rochester, 1988.

[40] C. Brown, D. Coombs, and J. Soong. Real-Time Smooth Pursuit Tracking. In A. Yuille A.

Blake, editor, Active Vision, Artificial Intelligence, chapter 8, pages 123--136. MIT Press,

Cambridge, Mass., 1993.

[41] V. Bruce and P. Green. Perceiving Depth and Movement. In Bruce V and Green P, editors,

Visual Perception Physiology, Psychology and Ecology, chapter 6, pages 129--161.

Erlbaum Associates, 1985.

[42] K. Brunnstrom, J.O. Eklundh, and T. Uhlin. Active Fixation for Scene Exploration.

International Journal of Computer Vision, 17(2):137--162, February 1996.

[43] E. Brunswik. Perception and the Representative Design of Psychological Experiments.

Univ. of California Press, Berkeley, 1956.

[44] W. Burger and B. Bhanu. Estimating 3-D Egomotion from Perspective Image Sequences.

IEEE Trans. on Image Processing, 12(11):1040--1058, Nov. 1990.

[45] P.J. Burt and C. Yen X. Xu. Multiresolution Flow Through Motion Analysis. In Proceedings

of IEEE Conference on Computer Vision and Pattern Recognition, pages 246--252, 1983.

[46] P. Cavanagh. Reconstructing the Third Dimension: Interactions Between Color, Texture,

Motion, Binocular Disparity, and Shape. Computer Vision and Image Processing, 37:171-

-195, 1987.

[47] C.J. Cheng and J.K. Aggarwal. A Two-stage Hybrid Approach to the Correspondence

Problem via Forward Searching and Backword Correcting. In International Conference

on Pattern Recognition, pages 173--179, 1990.

[48] T. Chin, W. Karl, and A. Willsky. Probabilistic and Sequential Computation of Optical

Flow Using Temporal Coherence. IEEE Transactions on Image Processing, 3:773--788,

November 1994.

163



64

[49] J. Clark and N. Ferrier. Attentive Visual Servoing. In A. Yuille A. Blake, editor, Active

Vision, Artificial Intelligence, chapter 9, pages 137--154. MIT Press, Cambridge, Mass.,

1993.

[50] J. C. Clarke and A. Zisserman. Detection and Tracking of Independent Motion. Image and

Vision Computing, 14:565--572, 1996.

[51] T.S. Collet, E. Dillmann, A. Giger, and R. Wehner. Visual Landmarks and Route Following

in Desert Ants. Journal of Comparative Physiology, 170:435--442, 1992.

[52] D.J. Coombs. Real-time Gaze Holding in Binocular Robot Vision. PhD Dissertation,

Computer Science Department, University of Rochester, 1992.

[53] D.J. Coombs and C.M. Brown. Real-Time Binocular Smooth Pursuit. International Journal

of Computer Vision, 11(2):147--164, 1993.

[54] B. Crespi, C. Furlanello, and L. Stringa. A Memory-based Approach to Navigation.

Biological Cybernetics, 69:385--393, 1993.

[55] R. Cypher and J.L.C. Sanz. SIMD Architectures and Algorithms for Image Processing

and Computer Vision. IEEE Transactions on Acoustics, Speech and Signal Processing,

37(12):2158--2172, December 1989.

[56] J. Van der Speigel, G. Kreider, C. Claeys, I. Debusschere, G. Sandini, P. Dario, F. Fantini,

P. Bellutti, and G. Soncini. A Foveated Retinal-line Sensor Using CCD Technology. In

C. Mead and M. Ismail, editors, Analog VLSI and Neural Network Implementations,

Boston, 1989. DeKluwer Pubs.

[57] R. Deriche. Fast Algorithms for Low Level Vision. IEEE Transactions on PAMI,

12(1):78--87, January 1990.

[58] U. R. Dhond and J. K. Aggarwal. Structure from Stereo - A Review. IEEE Trans. on

Systems, Man and Cybernetics, 19(6):1489--1510, November/December 1989.

164



BIBLIOGRAPHY

[59] R. Dutta. Depth from Motion and Stereo: Parallel and Sequential Algorithms, Robustness

and Lower Bounds. PhD dissertation, Department of Computer Science, University of

Massachusetts Amherst, 1994.

[60] P.J. Hatcher et al. Data Parallel Programming on MIMD Computers. IEEE Transactions

on Parallel and Distributed Systems, 3(2):377--383, July 1991.

[61] H.R. Everett. Sensors for Mobile Robots. A K Peters Ltd, 1995.

[62] J.Q. Fang and T.S. Huang. Some Experiments on Estimating the 3-D Motion Parameters of

a Rigid Body from Two Consecutive Frames. IEEE Transactions on PAMI, 6:547--554,

1984.

[63] M. Farah. Visual Agnosia: Disorders of Object Recognition and What They Tell us

About Normal Vision. MIT Press, Cambridge, MA, 1990.

[64] C. Fermuller. Basic Visual Capabilities. PhD Dissertation, Center for Automation Research,

University of Maryland, 1993.

[65] C. Fermuller. Navigational Preliminaries. In Yiannis Aloimonos, editor,Active Perception,

chapter 3. Lawrence Erlbaum Associates, Hillsdale, NJ, 1993.

[66] C. Fermuller and Y. Aloimonos. The Role of Fixation in Visual Motion Analysis.

International Journal of Computer Vision, 11(2):165--186, 1993.

[67] C. Fermuller and Y. Aloimonos. Vision and Action. Image and Vision Computing,

13(10):725--744, December 1995.

[68] G.D. Fischbach. Mind and Brain. Scientific American, 267(3):24--41, September 1992.

[69] M.A. Fischler and R.C. Bolles. Random Sample Consensus: A Paradigm for Model Fitting

with Applications to Image Analysis and Automated Cartography. CACM, 24:381--395,

1981.

165



66

[70] D.J. Fleet and A.D. Jepson. Computation of Component Image Velocity from Local Phase

Information. International Journal of Computer Vision, pages 77--104, 1990.

[71] P. Fornland. Direct Obstacle Detection and Motion from Spatio-Temporal Derivatives. In

CAIP96, pages 874--879, Prague, Czech Republic, September 1995.

[72] J. Gibson. The Ecological Approach to Visual Perception. Houghton, Mifflin, Boston,

1979.

[73] R.C. Gonzalez and R.E. Woods. Digital Image Processing, chapter 7, pages 418--420.

Addison-Wesley, third edition, 1992.

[74] R.L. Gregory. Eye and Brain: The Psychology of Seeing. Princeton University Press,

Princeton, New Jersey, 1990.

[75] D. Heeger. Optical Flow Using Spatiotemporal Filters. International Journal of Computer

Vision, 1:279--302, 1988.

[76] H. Helmholtz. Handbuch der physiologischen optik. Leopold Voss, 1869.

[77] E. Hildreth. Computations Underlying the Measurements of Visual Motion. Artificial

Intelligence, 23:309--354, 1984.

[78] G.E. Hinton. How Neural Networks Learn from Experience. Scientific American, pages

105--109, September 1992.

[79] J. Hochberg. Machines Should Not See as People Do, but Must Know How People See.

Computer Vision, Graphics and Image Processing, 37:221--237, 1987.

[80] D.D. Hoffman. Infering Local Surface Orientation from Motion Fields. Journal of the

Optical Society of America A, 72:880--892, 1982.

[81] R. Horaud and T. Skordas. Stereo Correspondence Through Feature Grouping and Maximal

Cliques. IEEE Transactions on PAMI, 11(11):1168--1180, November 1989.

[82] B.K.P. Horn. Robot Vision. MIT Press, Cambridge, MA, 1986.

166



BIBLIOGRAPHY

[83] B.K.P. Horn and B. Schunck. Determining Optical Flow. Artificial Intelligence, 17:185--

203, 1981.

[84] A. Horridge. The Evolution of Visual Processing and the Construction of Seeing Systems.

In Proc. of the Royal Society, London B 230, pages 279--292, 1987.

[85] I.D. Horswill and R.A. Brooks. Situated Vision in a Dynamic World: Chasing Objects. In

Proceedings of AAAI, 1988.

[86] Y. Hsu, H.H. Nagel, and G. Rekkers. New Likelihood Test Methods for Change Detection

in Image Sequences. Computer Vision, Graphics and Image Processing, 26:73--106, 1984.

[87] L. Huang and Y. Aloimonos. The Geometry of Visual Interception. Technical Report

CAR-TR-622, CS-TR-2893, University of Maryland, April 1992.

[88] Y. Huang, K. Palaniappan, X. Zhuang, and J.E. Cavanaugh. Optic Flow Field Segmentation

and Motion Estimation Using a Robust Genetic Partitioning Algorithm. IEEE Transactions

on PAMI, 17(12):1177--1190, December 1995.

[89] D. Hubel and T. Wiesel. Receptive Fields and Functional Architecture of the Monkey

Striate Cortex. Journal of Physiology, 195:215--243, 1968.

[90] P.J. Huber. Robust Statistics. John Wiley and Sons Inc., New York, 1981.

[91] A. Hurlbert and T. Poggio. Do Computers Need Attention? Nature, 321:651--652, June

1986.

[92] J. Illingworth and J. Kittler. A Survey of the Hough Transform. Computer Vision, Graphics

and Image Processing, 44:87--116, 1988.

[93] M. Irani, B. Rousso, and S. Peleg. Computing Occluding and Transparent Motions.

International Journal of Computer Vision, 12(1):5--16, 1994.

[94] R.C. Jain. Segmentation of Frame Sequences Obtained by a Moving Observer. IEEE

Transactions on PAMI, PAMI-7(5):624--629, September 1984.

167



68

[95] E. Johnston. Systematic Distortions of Shape from Stereopsis. Vision Research, 31:1351--

1360, 1991.

[96] J.M. Jolion, P. Meer, and S. Bataouche. Robust Clustering with Applications in Computer

Vision. IEEE Transactions on PAMI, 13:791--802, 1995.

[97] J.W.Y. Kam. A Real-time 3D Motion Tracking System. Master's thesis, Computer Science

Department, University of British Columbia, April 1993.

[98] P. Kanerva. Sparse Distributed Memory. MIT Press, Cambridge, MA, 1988.

[99] W. Kohler. Gestalt psychology. Liverght, New York, 1947.

[100] C.E. Kolb. Rayshade User's Guide and Reference Manual, 0.4 edition, January 1992.

[101] J. Konczak. Towards an Ecological Theory of Motor Development: The Relevance of

the Gibsonian Approach to Vision for Motor Development Research. In J. E. Clark and

J. H. Humphrey, editors, Advances in Motor Development Research, volume 3, pages

201--224. 1991.

[102] R. Kumat and A.R. Hanson. Robust Methods for Estimating Pose and a Sensitivity

Analysis. CVGIP:Image Understanding, 1994.

[103] T. Lawton. Processing Translational Motion Sequences. Computer Vision, Graphics and

Image Processing, 22:116--144, 1983.

[104] C.H. Lee and A. Joshi. Correspondence Problem in Image Sequence Analysis. Pattern

Recognition, 26(1):47--61, 1993.

[105] L. Li and J. Duncan. 3-D Translational Motion and Structure from Binocular Image Flows.

IEEE Transactions on Pattern Analysis and Machine Intelligence, PAMI-15(7):657--667,

July 1993.

[106] J.J. Little and G.E. Blelloch. Algorithmic Techniques for Computer Vision on a Fine

Grained Parallel Machine. IEEE Transactions on PAMI, 11(3):244--257, March 1989.

168



BIBLIOGRAPHY

[107] M. Livingstone. Segregation of Form, Color, Movement, and Depth Processing in the

Visual System: Anatomy, Physiology, Art and Illusion. In Cohen B and Bodis-Wollner I,

editors, Vision and the Brain, pages 119--138. Raven Press Ltd., 1990.

[108] N. V. Lobo and J. K. Tsotsos. Computing Egomotion and Detecting Independent Motion

from Image Motion Using Collinear Points. Computer Vision and Image Understanding,

64(1):21--52, July 1996.

[109] H.C. Longuet-Higgins. A Computer Algorith for Reconstruction of a Scene from Two

Projections. Nature, 293:133--135, 1981.

[110] H.C. Longuet-Higgins and K. Prazdny. The Interpretation of a Moving Retinal Image. In

Proceedings of the Royal Society, pages 385--397. London B, 1980.

[111] M. Lourakis. An Alternative Approach for Studying Space Perception: Use of Ordinal in-

stead of Metric Depth. Master's thesis, University of Crete, Computer Science Department,

1995.

[112] D. Marr. Vision. W. H. Freeman, San Francisco, 1982.

[113] B. Marsh, C.M. Brown, T.J. LeBlanc, M.L. Scott, T.J. Becker, P. Das, J. Karlsson, and

C.A. Quiroz. Operating System Support for Animate Vision. Technical Report 374, -,

University of Rochester, June 1991.

[114] R.A. McCallum. Learning with Incomplete Selective Perception. Master's thesis, Uni-

versity of Rochester, Dept. of Computer Science, Department of Computer Science,

University of Rochester, March 1993.

[115] P. Meer, A. Mintz, and A. Rosenfeld. Robust Regression Methods for Computer Vision: A

Review. International Journal of Computer Vision, 6(1):59--70, 1991.

[116] T. Mintz. Robustness by Consensus. Technical Report CAR-TR-576, Center for Automation

Research, University of Maryland, 1991.

169



70

[117] H. Moravec. Towards Automatic Visual Obstacle Avoidance. In International Joint

Conference on Artificial Intelligence, pages 584--585, 1977.

[118] A. Movshon. Images and Understanding, pages 122--137. Cambridge University Press,

1990.

[119] D. Murray and A. Basu. Motion Tracking with an Active Camera. IEEE PAMI, 16(5):449-

-459, May 1994.

[120] D.W. Murray and B.F. Buxton. Reconstructing the Optic Flow from Edge Motion: An

Examination of Two Different Approaches. In First Conference on AI Applications,

1984.

[121] H.H. Nagel. Displacement Vectors Derived from Second order Intensity Variations in

Image Sequences. Computer Vision, Graphics and Image Processing, 21:85--117, 1983.

[122] V.S. Nalwa. A Guided Tour of Computer Vision, chapter 8. Addison-Wesley, 1993.

[123] R.C. Nelson. Visual Navigation. PhD Dissertation, University of Maryland, 1988.

[124] R.C. Nelson. Qualitative Detection of Motion by a Moving Observer. International Journal

of Computer Vision, 7(1):33--46, 1991.

[125] R.C. Nelson and Y. Aloimonos. Obstacle Avoidance Using Flow Field Divergence. IEEE

Transactions on PAMI, PAMI-11(10):1102--1106, October 1989.

[126] R.C. Nelson and R. Polana. Qualitative Navigation of Motion Using Temporal Texture.

CVGIP:Image Understanding, 56(1):78--89, July 1992.

[127] P. Nordlund and T. Uhlin. Closing the Loop: Detection and Pursuit of a Moving Object by

a Moving Observer. Image and Vision Computing, 14:267--275, 1996.

[128] J.M. Odobez and P. Bouthemy. Detection of Multiple Moving Ojects Using Multiscale

MRF with Camera Motion Compensation. In 1st IEEE International Conference on

Image Processing, ICIP, 1994.

170



BIBLIOGRAPHY

[129] B.A. Olshausen and C. Koch. Selective Visual Perception. In M.A. Arbib, editor, The

handbook of brain theory and neural networks, pages 837--840. MIT Press, Cambridge,

Mass, 1995.

[130] T.J. Olson and D.J. Coombs. Real-Time Vergence Control for Binoculare Robots. Interna-

tional Journal of Computer Vision, 7(1):67--89, 1991.

[131] K. Pahlavan and J.O. Eklundh. A Head-Eye System - Analysis and Design. CVGIP: Image

Understanding, Special Issue on Purposive, Qualitative Active Vision, 56:41--56, 1992.

[132] K. Pahlavan, T. Uhlin, and J.O. Eklundh. Active Vision as a Methodology. In Yiannis

Aloimonos, editor, Active perception, chapter 1. Lawrence Erlbaum Associates, Hillsdale,

NJ, 1993.

[133] C.H. Papadimitriou and K. Steiglitz. Combinatorial Optimization: Algorithms and

Complexity. Prentice Hall Co., 1982.

[134] N.P. Papanikolopoulos, P.K. Khosla, and T. Kanade. Visual Tracking of a Moving Target by

a Camera Mounted on a Robot: A Combination of Control and Vision. IEEE Transactions

on Robot. and Automation, 9(1):14--25, February 1993.

[135] N. Paragios and G. Tziritas. Detection and Location of Moving Objects Using Deterministic

Relaxation Algorithms. In ICPR96, Vienna, Austria, September 1996.

[136] G. Patras, N. Alvertos, and G. Tziritas. Joint Disparity and Motion Field Estimation in

Stereoscopic Image Sequences. In ICPR96, Vienna, Austria, September 1996.

[137] T. Poggio, H. Vorhees, and A. Yuille. Regularizing Edge Detection. Technical Report A.I.

Memo 776, MIT, A.I. Lab, Cambridge, MA, 1984.

[138] W.H. Press, S.A. Teukolsky, A.W.T. Vetterling, and B.P. Flannery. Numerical Recipes in

C. Cambridge University Press., New York, 1992.

[139] S. Reddi and G. Loizou. Analysis of Camera Behavior During Tracking. IEEE PAMI,

17(8):765--778, August 1995.

171



72

[140] D. Reisfeld, H. Wolfson, and Y. Yeshurun. Context-Free Attentional Operators: The

Generalized Symmetry Transform. International Journal of Computer Vision, 14:119--

130, 1995.

[141] R. Rimey and C. Brown. Task Oriented Vision. In A. Yuille A. Blake, editor, Active

Vision, Artificial Intelligence, chapter 14, pages 221--233. MIT Press, Cambridge, Mass.,

1993.

[142] D.L. Ringach and Y. Baram. A Diffusion Mechanism for Obstacle Detection from

Size-change Information. IEEE Transactions on PAMI, PAMI-15(12), December 1993.

[143] P.J. Rousseeuw. Least Median of Squares Regression. Journal of American Statistics

Assocciation, 79:871--880, 1984.

[144] P.J. Rousseeuw and A.M. Leroy. Robust Regression and Outlier Detection. John Wiley

and Sons Inc., New York, 1987.

[145] S. Sarkar and K. Boyer. Perceptual Organization in Computer Vision: A Review and

a Proposal for a Classificatory Structure. IEEE Transactions on Systems, Man and

Cybernetics, 23(2):383--399, 1993.

[146] I. Schmidt, T.S. Collet, F.X. Dillier, and R. Wehner. How Desert Ants Cope with Enforced

Detours on Their Way Home. Journal of Comparative Physiology, 171:285--288, 1992.

[147] E.L. Schwartz. -. Presentation given at the NSF Active Vision Workshop, August 1991.

[148] R. Sedgewick. Algorithms. Addison-Wesley, Reading, MA, 1988.

[149] R. Sharma. Robust Detection of Independent Motion: An Active and Purposive Solution.

Technical report, Center for Automation Research, University of Maryland, CAR TR-534,

College Park, MD, 1991.

[150] R. Sharma and Y. Aloimonos. Early Detection of Independent Motion from Active Control

of Normal Image Flow Patterns. IEEE Transactions on SMC, SMC-26(1):42--53, February

1996.

172



BIBLIOGRAPHY

[151] A. Shashua. Projective Structure from two Uncalibrated Images: Structure from Motion

and Recognition. Technical Report A.I. Memo 1363, MIT, A.I. Lab, September 1992.

[152] Y.Q. Shi, C.Q. Shu, and J.N. Pan. Unified Optical Flow Approach to Motion Analysis from

a Sequence of Stereo Images. Pattern Recognition, 27(12):1577--1590, 1994.

[153] T. Shipley and H. Shore. The Human Texture Visual Field: Fovea-To-Periphery Pattern

Recognition. Pattern Recognition, 23(11):1215--1221, 1990.

[154] D. Sinclair, A. Blake, and D. Murray. Robust Estimation of Egomotion from Normal Flow.

International Journal of Computer Vision, 13(1):57--69, 1994.

[155] A. Singh. Optical Flow Computation: A Unified Perspective. PhD Dissertation, Depart-

ment of Computer Science, Columbia University, New York, NY, 1990.

[156] S.S. Sinha and B.G. Schunk. A Two Stage Algorithm for Discontinuity-Preserving Surface

Reconstruction. IEEE Transactions on PAMI, PAMI-14:36--55, 1992.

[157] K. Skifstad and R. Jain. Illumination Independent Change Detection for Real World Image

Sequences. Computer Vision, Graphics and Image Processing, 46:387--399, 1989.

[158] M.E. Spetsakis and Y. Aloimonos. Optimal Motion Estimation. In IEEE Workshop on

Visual Motion, pages 229--237, 1989.

[159] M.E. Spetsakis and Y. Aloimonos. Structure from Motion Using Line Correspondences.

International Journal of Computer Vision, 4:171--183, 1990.

[160] A. Stein and M. Werman. Robust Statistics in Shape Fitting. Computer Vision, Graphics

and Image Processing, pages 540--546, 1992.

[161] C.V. Stewart. MINPRAN: A New Robust Estimator for Computer Vision. IEEE Transac-

tions on PAMI, 17(10):925--938, 1995.

[162] Q.F. Stout. Mapping Vision Algorithms to Parallel Architectures. Proceedings of the

IEEE, 76(8):982--995, August 1988.

173



74

[163] M. Subbarao. Interpretation of Visual Motion. PhD Dissertation, Center for Automation

Research, Univ. of Maryland, College Park, MD, 1988.

[164] Swain and D. Ballard. Object Identification Using Color Cues. Technical report, University

of Rochester, 1990.

[165] J. Swain and M.A. Stricker. Promising Directions in Active Vision. International Journal

of Computer Vision, 11(2):109--126, 1993. Written by the attendees of the NSF Active

Vision Works., Univ. of Chicago, August 5-7.

[166] R. Szeliski and S.B. Kang. Recovering 3D Shape and Motion from Image Streams using

Non-Linear Least Squares. Technical Report CRL 93/3, Cambridge Research Laboratory,

March 1993.

[167] S.L. Tanimoto. Architectural Issues for Intermediate Level Vision, chapter 1, pages 3--17.

Academic Press, Inc, 1985.

[168] W.B. Thompson, P. Lechleider, and E.R. Stuck. Detecting Moving Objects Using the

Rigidity Constraint. IEEE Transactions on PAMI, 15(2):162--166, February 1994.

[169] W.B. Thompson and T.C. Pong. Detecting Moving Objects. International Journal of

Computer Vision, 4:39--57, 1990.

[170] M. Tistarelli and G. Sandini. Dynamic Aspects in Active Vision. Computer Vision,

Graphics and Image Processing, 56(1):108--129, July 1992.

[171] J.T. Todd and F.D. Reichel. Ordinal Structure in the Visual Perception and Cognition of

Smoothly Curved Surfaces. Psychology Review, 96:643--657, 1989.

[172] C. Tomasi and T. Kanade. Shape and Motion from Image Streams under Orthography: a

Factorization Method. International Journal of Computer Vision, 9(2):137--154, 1992.

[173] P. H. S. Torr and D. W. Murray. Stochastic Motion Clustering. In J.-O. Eklundh, editor,

Proceedings of ECCV'94, LNCS, vol. 80, pages 328--337, 1994.

174



BIBLIOGRAPHY

[174] P.H.S. Torr and D.W. Murray. Statistical Detection of Independent Movement from a

Moving Camera. Image and Vision Computing, 11:180--187, May 1993.

[175] H.L. Van Trees. Detection, Estimation, and Modulation Theory. Wiley, New York,

1968-71.

[176] A Treisman. Preattentive Processing in Vision. Computer Vision, Graphics and Image

Processing, 31:156--177, 1985.

[177] R.Y. Tsai and T.S. Huang. Uniqueness and Estimation of Three-Dimensional Motion

Parameters of Rigid Objects with Curved Surfaces. IEEE Transactions on PAMI,

PAMI-6(1):13--26, January 1984.

[178] G. Tziritas. Recursive and/or Iterative Estimation of Two-Dimensional Velocity Field and

Reconstruction of Three-Dimensional Motion. Signal Processing, 16:53--72, January 1989.

[179] G. Tziritas and C. Labit. Motion Analysis for Image Sequence Coding. Elsevier, New

York, 1994.

[180] S. Ullman. The Interpretation of Structure from Motion. In Royal Society, London, B,

volume 203, pages 405--426, 1979.

[181] S. Ullman. The Interpretation of Visual Motion. MIT Press, Cambridge, MA, 1979.

[182] S. Uras, F. Girosi, and V. Torre. A Computational Approach to Motion Perception.

Biological Cybernetics, 60:79--87, 1988.

[183] A.V. van den Berg and E. Brenner. Humans Combine the Optic Flow with Static Depth

Cues for Robust Perception of Heading. Vision Research, 34(16):2153--2167, 1994.

[184] A. Verri and T. Poggio. Motion Field and Optical Flow: Qualitative Properties. IEEE

Transactions on PAMI, PAMI-11(5):490--498, May 1989.

[185] R.C. Wallace, P.W. Ong, B.B. Bederson, and L.E. Schwartz. Space Variant Image

Processing. International Journal of Computer Vision, 13(1):71--90, 1994.

175



76

[186] D. Walters. Selection of Image Primitives for General Purpose Visual Processing.

Computer Vision, Graphics and Image Processing, 37:261--298, 1987.

[187] J.Y.A. Wang and E.H. Adelson. Representing Moving Images with Layers. IEEE

Transactions on Image Processing, 3(5):625--638, September 1994.

[188] W. Wang and J. H. Duncan. Recovering the three-dimensional motion and structure

of multiple moving objects from binocular image flows. Computer Vision and Image

Understanding, 63(3):430--440, May 1996.

[189] E. Warrington and T. Shallice. Category Specific Semantic Impairments. Brain, 107:829--

854, 1984.

[190] A.B. Watson and A.J. Ahumada. Model of Human Visual Motion Sensing. Journal of the

Optical Society of America A, 2:322--342, 1985.

[191] A.M. Waxman and J.H. Duncan. Binocular Image Flows: Steps Toward Stereo-Motion

Fusion. IEEE Transactions on PAMI, PAMI-8(6):715--729, November 1986.

[192] A.M. Waxman, B. Kamgar-Parsi, and M. Subbarao. Closed-form Solutions to Image

Flow Equations for 3D Structure and Motion. International Journal of Computer Vision,

1:239--258, 1987.

[193] A.M. Waxman and K. Wohn. Contour Evolution, Neighborhood Deformation and Global

Image Flow. International Journal of Robotics Research, 4:95--108, 1985.

[194] C.C. Weems. Architectural Requirements of Image Understanding with Respect to Parallel

Processing. Proceedings of the IEEE, 79(4):537--547, April 1991.

[195] C. Weiman. Tracking Algorithms Using Log-Polar Mapped Image Coordinates. In

Intelligent Robots and Computer Vision III: Algoorithms and Techniques, pages 843--

853, Philadelphia, Pensylvania, November 1989. SPIE.

176



BIBLIOGRAPHY

[196] C.F.R. Weiman. Polar Exponential Sensor Arrays Unify Iconic and Hough Space Rep-

resentation. In SPIE, Intel. Robots and Computer Vision VIII: algorithms and Tech.,

volume 1192, pages 832--842, 1989.

[197] J. Weng, N. Ahuja, and T.S. Huang. Optimal Motion and Structure Estimation. IEEE

Transactions on PAMI, 15(9):864--884, September 1993.

[198] J. Weng, T.S. Huang, and N. Ahuja. Motion and Structure from Two Perspective

Views:Algorithms, Error Analysis, and Error Estimation. IEEE Transactions on PAMI,

11(5):451--476, May 1989.

[199] S.D. Whitehead and D.H. Ballard. Learning to Perceive and Act by Trial and Error. Machine

Learning, 7:45--83, 1991.

[200] R. Whitman. Visual Space Perception. In Carterette EC and Friedman MP, editors,

Handbook of Perception, volume 5, pages 351--386. Academic Press, 1975.

[201] L.E. Wixson. Exploiting World Structure to Efficiently Search for Objects. Technical

Report TR 434, University of Rochester, Dept. of Computer Science, 1992.

[202] K.Y. Wohn, J. Wu, and R.W. Brockett. A Contour-Based Recovery of Image Flow: Iterative

Transformation Method. IEEE Transactions on PAMI, 13(8):746--760, 1991.

[203] R.Y. Wong and E.L. Hall. Sequential Hierarchical Scene Matching. IEEE Transactions

on Computers, 27:359--366, 1978.

[204] Y. Yeshurun and E. L. Schwartz. Cepstral Filtering on a Columnar Image Architecture:

A Fast Algorithm for Binocular Stereo Segmentation. IEEE Trans. on Pattern Analysis

and Machine Intelligence, 11(7):759--767, July 1989.

[205] A. Zeki. The Visual Image in Mind and Brain. Scientific American, 267(3):69--76,

September 1992.

[206] Z. Zhang. Parameter Estimation Techniques: A Tutorial with Application to Conic Fitting.

Technical Report 2676, INRIA, October 1995.

177



78

[207] X. Zhuang, T. Wang, and P. Zhang. A Highly Robust Estimator through Partially Likelihood

Function Modelling and its Application in Computer Vision. IEEE Transactions on PAMI,

14:19--35, 1992.

178


